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Abstract: This case study covers the application of the fuzzy optimization in simultaneously satis-
fying various constraints that include the compliance of ammonia and nitrate concentrations with
stringent environmental standards. Essential components in the multi-criteria decision-making
analysis is in the utilization of the Box-Behnken design (BBD) response equations, cost equations
and the cumulative uncertainty of response towards the sodium chloride dosage, current density
and electrolysis time parameters. The energy consumption in the electrochemical oxidation of am-
monia plays an essential role in influencing the total operating cost analysis. The determination of
boundary limits based on the global optimum resulted in the complete ammonia removal and USD
64.0 operating cost as its maximum boundary limits and the 40.6% ammonia removal and USD 17.1
as its minimum boundary limits. Based on the fuzzy optimal results, the overall satisfaction level
incurred a decrease in adhering with a lower ammonia standard concentration (10 mg/L at 80.3% vs.
1.9 mg/L at 76.1%) due to a higher energy consumption requirement. Global optimal fuzzy results
showed to be highly cost efficient (232.5% lower) as compared to using BBD alone. This demonstrates
the practicality of fuzzy optimization applications in the electrochemical reactions.

Keywords: ammonia; electrochemical oxidation; fuzzy optimization; energy consumption; opera-
tional cost

1. Introduction

Excessive discharge of nutrients into water bodies, mainly due to anthropogenic ac-
tivities [1], has profound global environmental and health effects. High levels of nitrogen
contributes to algal bloom in receiving surface waters resulting in depletion of dissolved
oxygen and production of toxins that are harmful to aquatic organisms [2]. Meanwhile,
ammonia (NH3 and/or NH4

+) and nitrates (NO3
-) in drinking water sources may cause

blue baby syndrome, childhood diabetes, acute respiratory tract infections, and cancer
when ingested in excess [3]. As a consequence, the European Water Framework Direc-
tive (2000/60/EC) set a wastewater discharge limit of 10–15 mg N L−1 in ecologically
sensitive areas [4]. In 2013, the US Environmental Protection Agency (USEPA) adjusted
the freshwater quality criteria for ammonia based on the toxicity to mussels and the non-
pulmonate snails, such that, at pH 7.0 and 20 ◦C, the criterion magnitudes are 17 and
1.9 mg total ammonia nitrogen (TAN) L−1 for a 1-h (acute) and 30-day (chronic) average
duration, respectively [5]. Moreover, a maximum permissible limit of 10 and 11.3 mg
NO3-N L−1 in public drinking water supplies were established by USEPA and the World
Health Organization (WHO), respectively [3].

Biological process, ion exchange, chemical precipitation, and air stripping are among
the ammonia removal technologies that have been extensively applied in municipal and in-
dustrial wastewaters [6]. Recently, particular interest has been given to the electrochemical
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oxidation of ammonia due to its promising potential in alleviating energy and environ-
mental problems (i.e., sensors [7], fuel cells [8], and wastewater treatment applications [9]).
This method boasts several advantages over other water remediation techniques, which
include enhanced efficacy, minimal sludge generation, and small footprint [10]. As a result,
it has been employed in different types of wastewater namely landfill leachate [11], tannery
wastewater [12], and lead smelting wastewater [13].

Electro-oxidation of ammonia occurs via direct and/or indirect oxidation. During
direct oxidation, chemisorbed ammonia is decomposed into harmless nitrogen gas by direct
anodic electron transfer. In the indirect oxidation, chloride ion (Cl−) is added for in situ
generation of active chlorine species that mediate the conversion of ammonia and other
reductive by-products into nitrogen [14]. Previous studies have demonstrated that chloride
ion concentration, electrolysis time, and current density are among the critical parameters
that influence the efficiency and rate of ammonia electro-oxidation. High chloride ion
concentration and prolonged electrolysis time can generate more active chlorine species
to mediate the ammonia oxidation, while an increase in current density improves the
electron transfer rate on the electrode surface thereby accelerating the ammonia oxidation
process [13]. However, possible side reactions (i.e., oxygen evolution and toxic nitrate
formation) and the reduction of current efficiency may occur at elevated current density
and extended electrolysis time [15]. In addition, carcinogenic chloramines may also be
produced depending on the chloride ion concentration [16]. Therefore, the optimization
and control of these process parameters are imperative to minimize such occurrences.

Li et al. [10] studied the application of response surface methodology (RSM), a multi-
variate statistical and mathematical tool, on the electrochemical oxidation of ammonia in
an undivided cell using Ti/IrO2 anode and Cu-Zn cathode. Box-Behnken design (BBD)
was utilized to determine the optimum conditions that would simultaneously yield the
highest ammonia removal and lowest nitrate production. The optimum values obtained
were 0.31 g L−1, 42.75 mA cm−2, and 100.64 min for NaCl dosage, current density, and
electrolysis time, respectively, resulting in a complete removal of ammonia and final nitrate
concentration of 1.1 mg L−1. Using RSM, Li et al. [10] has also successfully identified
the effects of experimental parameters and their potential interactions on the removal
of ammonia and nitrate via electrochemical oxidation. However, it failed to incorporate
the cumulative error of uncertainty and the operating cost of the process. In practical
methods, the measurement of the uncertainty is essential due to the incorporation of in-
evitable errors associated with each of the equipment used in the experimental runs [17,18].
Specifically, the cumulative uncertainty of the results in the system that contributes to the
electro-oxidation of ammonia by the variables of NaCl dosage, current density, and elec-
trolysis time needs to be further assessed. In addition, a cost analysis should be considered
since the process of ammonia and nitrate removal via electrochemical oxidation consumes
electricity and chemicals. This is essential in order to evaluate the feasibility of the process
for practical and environmental applications.

Fuzzy optimization is an artificial intelligence-based modeling technique widely used
for process optimization and control [19]. It simulates human reasoning and decision-
making using truth degrees as a mathematical basis to produce a reliable and definite
output from an incomplete, vague or imprecise input [20]. This gives fuzzy logic an edge
over the traditional computer logic that cannot manipulate data representing subjective
opinions. Meanwhile, both stochastic and fuzzy programming approaches can be em-
ployed for optimization techniques under uncertainty [21]. However, stochastic modeling
requires an enormous data processing, i.e., vague data are condensed into average data, to
create a model that adequately maps the real problem [22]. In fuzzy optimization modeling,
no extensive information processing is needed since the vague data are precisely modeled
by fuzzy numbers and fuzzy intervals using only the available information. Subsequently,
the decision maker will decide based on the fuzzy optimal solution which objective ori-
ented additional information has to be considered [22]. This stepwise improvement of
data representation and solution makes fuzzy optimization more practical than stochastic
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optimization. Hence, fuzzy optimization has been utilized in various water treatment
applications such as biological treatment [23], anaerobic co-digestion [24], electrocoagu-
lation [25], oxidative desulfurization [26], and superabsorbent synthesis [27]. However,
based on extensive literature review, no study has been reported yet on the application of
fuzzy optimization in the electrochemical oxidation of ammonia.

Fuzzy optimization can be used to derive a global optimal solution from a multi-
objective decision-making problem unlike RSM that considers only local optimization and
only has a uni-model objective function [28,29]. There are multiple local optimal points that
can be generated in RSM but the fuzzy optimization through the Lingo 18.0 software has a
global solver that determines the global optimum. Therefore, multi-objective optimization
utilizing the concept of fuzzy logic is an attractive tool to determine the most favorable
compromise solution (best ammonia removal at the least possible operating cost). Hence,
this study modeled the ammonia electro-oxidation by the incorporation of the optimization
and cost analysis using RSM as part of the objective function. The cumulative uncertainty of
the results was added for the optimization process to make certain that the errors associated
to the variables are accounted for. Moreover, the material usage and energy consumption
of the factors affecting the electrochemical oxidation process were determined as the basis
for the resulting total operating cost.

2. Materials and Methods
2.1. Experimental Method

Based on the study of Li et al. [10], ammonia electrochemical oxidation was conducted
using a cylindrical undivided electrolytic cell (400 mL working volume) with Ti/IrO2
plate and Cu-Zn as the anode and cathode, respectively. The dimensions of the electrodes
were the same (15 × 5 cm) with immersed areas of 40 cm2. Approximately 300 mL of
a synthetic ammonia solution that comprised of ammonia-N ((NH4)2SO4, 100 mg L−1),
sodium sulfate (Na2SO4, 0.50 g L−1), and sodium chloride (NaCl, 0–1.0 g L−1) was poured
into the electrochemical cell. The electrodes were placed inside the cell at a maintained
electrode gap of 8 mm. They were then connected to a DC power supply that has a voltage
range of 0–240 V and a current range of 0–25 A. The specified current density was applied
and the electrolysis proceeded under room temperature (25 ± 2 ◦C). Lastly, 1.5 mL samples
were taken from the electrochemical cell at pre-determined time intervals for the analysis
of ammonia and nitrate concentrations. A schematic diagram of the experimental setup is
illustrated in Figure 1.
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Figure 1. Schematic diagram of the electrochemical oxidation system.

2.2. Fuzzy Multi-Objective Optimization Method

A flowchart for the algorithm of the fuzzy optimization process used in this study
is presented in Figure 2. The resulting BBD was derived from the study of Li et al. [10]
as the basis for the case study in this research paper. The determination of boundary
limits followed by the multi-objective fuzzy optimization were applied to identify the best
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possible parametric conditions that ascertain maximum ammonia oxidation at the lowest
total operating cost. The viability of the results was based on the convergence of the equation
towards satisfying the maximum contamination limits of ammonia and nitrate. A viable
result would lead to an optimal fuzzy solution (highest ammonia oxidation at the least
cost) generated from the fuzzy optimization algorithm. The process parameters (including
the scale of the experiment) involved in the electro-oxidation of ammonia, including the
corresponding cost factors, are listed in Table 1. Table 2 summarizes the data derived from
the study of Li et al. [10] with the inclusion of the cumulative uncertainty of results. A
linguistic value representing the degrees from completely false (0) to completely true (1)
was utilized to interpret the reasoning approach in the fuzzy optimization analysis [30].
Past studies claimed that the fuzzy constraints of non-linear models might be difficult to
run in the mathematical software such as CPLEX and Lingo [31,32]. However, for the Lingo
software, this is dependent on the type of license subscription. In this study, the optimization
was performed using Lingo 18.0 (Lindo Systems, Chicago, IL, USA), an advanced modeling
software that uses a global optimizer for non-linear programming. The educational license
for the utilized Lingo program includes global and non-linear solvers with no limitation
in its number of variable usages. This made Lingo 18.0 a powerful solver to obtain global
optimal solutions for a non-linear program model class. The typical elapsed runtime to
achieve the global optimal solution in a non-linear model is around 0.50 s.

Table 1. (a) Process and (b) cost factors of the electrochemical oxidation of ammonia.

(a) Process factors and Scale

Variables
Scale of the Experiment

Unit Range

Sodium chloride (X1) g 1–5
Current density (X2) mA/cm2 10–50
Electrolysis time (X3) min 30–120

(b) Cost factors Unit Price Source

Material cost (sodium
chloride) USD/g 2.28 Sigma-Aldrich

Energy consumption
cost USD/kWh 0.18 Meralco (December

2020)

Table 2. Ammonia removal by the electro-oxidation process: Box-Behnken design matrix.

Run
Sodium Chloride

(X1: g)
Current Density

(X2: mA/cm2)
Electrolysis Time

(X3: min)

Unit: %

Ammonia
Removal

Cumulative
Uncertainty *

1 1 10 75 52.86 ±2.36
2 1 30 30 59.99 ±2.15
3 1 30 120 100.27 ±0.76
4 1 50 75 101.69 ±0.55
5 3 10 30 51.55 ±2.40
6 3 10 120 98.58 ±1.01
7 3 30 75 100.00 ±0.80
8 3 30 75 100.00 ±0.80
9 3 30 75 100.00 ±0.80

10 3 30 75 100.00 ±0.80
11 3 30 75 100.00 ±0.80
12 3 50 30 101.42 ±0.59
13 3 50 120 98.06 ±0.80
14 5 50 75 98.84 ±0.76
15 5 30 30 99.74 ±0.84
16 5 30 120 103.12 ±0.55
17 5 10 75 98.31 ±1.05

* Cumulative uncertainty of the results (computed).
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2.2.1. Determination of Boundary Limits

In this study, the boundary limits were determined using model equations of ammonia
removal and its operating cost based on material usage and energy consumption. The
identified boundary limits were then utilized in the multi-objective fuzzy optimization.

The first objective function to identify the boundary limits is designated by the maxi-
mization of the ammonia removal (Y, %) together with its cumulative uncertainty

(
WYA

)
in Equation (1). This enabled the determination of the upper boundary limit of ammo-
nia removal and operating cost. On the other hand, another objective function for the
boundary limit identification is to minimize the operating cost (CT: USD) that accounts
for the material usage and energy consumption in the electrochemical removal process of
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ammonia, as shown in Equation (2). This in turn designated the lower boundary limits for
the removal of ammonia and its associated total cost.

Y + WYA (1)

minCT (2)

Equations (3)–(8) are constraints that must be subjected to the objective functions
for an appropriate identification of boundary limits. The percentage removal of ammo-
nia (Y: %) is given in Equation (3), while the response equations of the production of
ammonia (YA: mg/L) and nitrate (YN: mg/L) are formulated in Equations (4) and (5),
respectively. Meanwhile, Equations (6) and (7) account for the cumulative uncertainty
analysis of ammonia removal

(
WYA : mg/L

)
and nitrate production

(
WYN : mg/L

)
, re-

spectively. Equation (8) is the constraint for the objective function that considers the total
operating cost in terms of the material usage and electric cost. On the other hand, Equa-
tion (9) shows the calculation for the energy consumption (EC: kWh/kg-NH3) which is
essential for computing the electrical cost towards the electrochemical oxidation system
in ammonia removal. The energy consumption is based on the voltage (V: V), current (I,
A), reaction time (∆t: h), working volume (v: m3), and ammonia removal (∆NH3: mg/L).
Lastly, Equation (10) appropriately allocates the feasible regions of parameters towards the
response.

Y =
100 − YA

100
(3)

YA = α0 +
3

∑
i=1

αiXi +
3

∑
i=1

3

∑
j=i+1

αijXiXj +
3

∑
i=1

αiiX2
i (4)

YN = β0 +
3

∑
i=1

βiXi +
3

∑
i=1

3

∑
j=i+1

βijXiXj +
3

∑
i=1

βiiX2
i (5)

WYA =

(
3

∑
i=1

∂YA
∂Xi

WXi

) 1
2

(6)

WYN =

(
3

∑
i=1

∂YN
∂Xi

WXi

) 1
2

(7)

CT = ∑ C (8)

EC =
V·I·∆t

1000·v·∆NH3
(9)

3

∑
i=1

XL
i ≤

3

∑
i=1

Xi ≤
3

∑
i=1

XU
i (10)

2.2.2. Multi-Objective Decision-Making through Fuzzy Optimization

A multi-criteria decision analysis is essential to evaluate the optimal solutions and
come up with the best feasible solution [33]. To solve a multi-objective decision-making
problem, a fuzzy mathematical programming approach was applied [28,29]. The objective
function is to maximize the overall level of satisfaction (λO: %) given in Equation (11)
using the concept of max-min aggregation, while simultaneously optimizing the degree of
satisfaction. That is, the degree of satisfaction for the ammonia removal and total operating
cost must satisfy the overall satisfaction.

λO ≤ λk (11)
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Equations (12)–(15) refer to the fuzzy constraints utilized to obtain the best compromise
solution in the multi-objective criteria. Specifically, Equations (12) and (13) are designated
as the linear membership function for maximizing the removal of ammonia (λ1: %) and
minimizing the total operating cost (λ2: %), respectively. Equation (14) specifies the limiting
constraint in relation to the standard regulatory limits of ammonia and nitrate contaminants.
Finally, Equation (15) indicates the feasible region of the degree of satisfaction for the fuzzy
optimization analysis. The designated fuzzy parameters include the upper and lower
bounds of the ammonia removal as

(
Y + WYA

)U and
(
Y + WYA

)L, respectively, and the
upper and lower bounds of the operating cost as CU

T and CL
T , respectively. Additionally,

the fuzzy optimization process is also subjected to the constraints in Equations (3)–(10).

λ1 =

(
Y + WYA

)
− (Y + WY)

L(
Y + WYA

)U −
(
Y + WYA

)L (12)

λ2 =
CU

T − CT

CU
T − CL

T
(13)

Y + WYA and YN + WYN ≤ γ (14)

λL ≤ λO ≤ λU (15)

3. Results and Discussion
3.1. Analysis of NaCl Dosage towards Ammonia Removal and Its Operating Cost

The parametric factor of NaCl dosage is essential in investigating ammonia removal
via the electrochemical process as this directly relates to the concentration of active chlorine
species. During the indirect oxidation of ammonia, chlorine gas (Cl2) is generated at
the anode in the presence of chloride ions [34]. This chlorine gas easily hydrolyzes in
the solution to form HClO which in turn is converted to ClO– [10]. Both HClO and
ClO– are active chlorine species capable of oxidizing ammonia to nitrogen gas or nitrate.
Consequently, the nitrate ions are reduced at the cathode yielding nitrite, nitrogen or
ammonia [10]. Due to the presence of the active chlorine species in the solution, the
nitrite and ammonia are quickly oxidized back until all the ammonia and by-products are
converted to nitrogen [34].

Figure 3a illustrates the interdependency of ammonia removal and the energy con-
sumption at different NaCl dosage and constant parametric settings of 10 mA/cm2 and
75 min for current density and electrolysis time, respectively. A low NaCl dosage of 1 g
results in a 52.9% ammonia removal. This is due to the lack of chloride concentration that
can generate ClO–. However, it is observed that an increasing trend of the NaCl dosage
from 1 to 5 g is able to effectively remove ammonia in the electrochemical oxidation process
from 52.9% to 98.3%. This is associated with higher concentrations of ClO– that contain a
high oxidative capability which influences the oxidation of ammonia [10]. In the aspect of
energy consumption, the NaCl dosage of 1 to 5 g shows a declining trend in the energy
consumption from 141.9 to 76.3 kWh/kg-NH3. This gives the implication that ammonia
removal is more efficient at a higher NaCl dosage due to a simultaneous attainment of a
higher removal rate at a lower consumed amount of energy.
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Figure 3. Process variable analyses of NaCl dosage towards: (a) Ammonia removal, energy consumption, and (b) total
operating cost in an electrochemical system.

The analysis of the total operating cost that considers the material cost and electric
cost associated with the NaCl dosage and the energy consumption, respectively, is depicted
in Figure 3b. Based on the results, an incremental trend of NaCl dosage from 1 to 5 g
increases the material cost from USD 2.3 to 11.4. This is due to the utilization of a higher
amount of NaCl in the electrochemical oxidation of ammonia. In contrast, the electric
cost declined from USD 25.5 to 13.7 for the NaCl dosage of 1 to 5 g, respectively. This
can be attributed to the decrease in energy consumption as the NaCl dosage increased, as
consistently presented in Figure 3a. In the summative analysis of the total operating cost,
a decremental trend (USD 27.8 to 23.7) is observed from 1 to 3 g of the NaCl dosage in
accounting both the material and electric costs. This is attributed to a substantial decrease in
the energy consumption needed for ammonia removal at a higher NaCl dosage. However,
increasing the dosage further from 3 to 5 g yields an increasing trend in the total operating
cost from USD 23.7 to 25.1. This is due to the influence of a high material cost from the use
of NaCl in this range.

3.2. Analysis of Current Density towards Ammonia Removal and Its Operating Cost

The current density is another vital parameter in the electrochemical oxidation of
ammonia. This variable controls the electron losing rate in the chloride ions which conse-
quently affects the ammonia oxidation rate [34]. Figure 4a shows the dependent variable of
current density and the independent variables of ammonia removal, as well as the total
operating cost at a constant NaCl dosage of 1 g and electrolysis time of 75 min.
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Figure 4. Process variable analyses of current density towards: (a) Ammonia removal, energy consumption, and (b) total
operating cost in an electrochemical system.

Results indicate that ammonia removal is limited to 52.9% in a current density set-
ting of 10 Ma/cm2. This is due to the slow oxidation reaction rate at a low-level current
density [16]. Conversely, increasing the current density to 50 Ma/cm2 shows an upward
trend leading to the complete removal of ammonia. This is attributed to a higher tendency
of the hydroxyl ions to be attracted towards the anode at a more intensive current den-
sity [10]. The current density in higher levels also increases the evolution of oxygen and
formation of ClO– that enhances the ammonia removal in the electrochemical reaction sys-
tem [16]. Furthermore, the required energy consumption is observed to increase from 141.9
to 368.8 kWh/kg-NH3 along with the range of the current density from 10 to 50 Ma/cm2,
respectively. The attained energy consumption is attributed to the minimum energy re-
quirement for each of the current density levels needed to overcome the resistance over the
Nernst potential and concentration polarization in the electrochemical reactions [35].

Figure 4b represents the total operating cost for the electrochemical oxidation of
ammonia at varying current densities. For the material cost, this is constant at USD 2.3
at different levels of the current density due to setting the NaCl dosage at a constant
value of 1 g. On the other hand, the electric cost increased from USD 25.5 to 66.4 at
the current density levels from 10 to 50 Ma/cm2, respectively. This is due to the higher
energy consumption needed to effectively remove ammonia at a higher current density, as
consistently illustrated in Figure 4a. In a cumulative evaluation of the material and electric
costs, the total operating cost leads to an upward trend from USD 27.8 to 68.7. Based on
the results, the total operating cost is highly dependent on the current density due to the
strong influence of the energy consumption requirement for ammonia removal.

3.3. Analysis of Electrolysis Time towards Ammonia Removal and Its Operating Cost

An important parameter variable to consider in the electrochemical oxidation of
ammonia is the time of electrolysis. Specifically, the electrolysis time in the electrochemical
system is directly associated with the charge loading that stimulates oxidation reactions [36].
Figure 5a shows the distinct effect of electrolysis time at constant parameters of 1 g NaCl
dosage and 10 Ma/cm2 current density against ammonia removal and energy consumption.
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Figure 5. Process variable analyses of electrolysis time towards: (a) Ammonia removal, energy consumption, and (b) total
operating cost in an electrochemical system.

A limited electrolysis time corresponds to a low removal rate due to the inadequate
reaction time for the complete oxidation of ammonia in the system. It is observed that
prolonging the electrolysis time from 0 to 120 min resulted in an increasing trend of
ammonia removal from 0% to 80.7%, respectively. This is attributed to the enhanced
generation of ClO– that aids in the removal of ammonia at a longer electrolysis time [37].
Based on the energy consumption, a marked increase of 196.7 kWh/kg-NH3 is observed
at 30 min (electrolysis time) but only achieved a 15.3% ammonia removal. In relation
to Equation (9), the principle of a high consumed energy refers to the low removal rate
of the ammonia contaminant that proves to be inefficient at a short electrolysis time. At
the electrolysis time of 60 to 120 min, the energy consumption is in the range of 142.3 to
148.6 kWh/kg-NH3. The small difference in energy consumption implies that it achieved
its equilibrium in this interval. Thus, the best condition in the given set of range for
the electrolysis time is at 120 min due to having the highest ammonia removal rate at a
relatively low energy requirement.

The results for the electrolysis time against the total operating cost (material and
electric cost) is depicted in Figure 5b. The material cost for the given set of parameters is
fixed at USD 2.3. This is in relation to setting the NaCl dosage constant at 1 g throughout
the testing range of the time of electrolysis. In line of the electricity cost, an electrolysis
time of 30 min attained its highest cost of USD 35.4. This is due to a large amount of energy
consumption needed at 30 min, as consistently shown in Figure 5a. At the electrolysis times
of 60, 90, and 120 min, the obtained electric costs are USD 26.1, 25.6, and 26.8, respectively.
The close values of these costs are associated to a small change in the energy consumption
from 60 to 120 min. Additionally, the total operating cost is observed to have a strong influ-
ence towards the energy requirement due to its consideration of the simultaneous effects of
electrolysis time and the removal rate of ammonia in the electrochemical oxidation process.

3.4. Boundary Limits Identification of Ammonia Removal and Operating Cost

The identification of bounds is essentially needed to determine the appropriate upper
and lower boundary limits in the removal of the contaminant (including its cumulative
uncertainty) and the total operating cost under the electrochemical oxidation of ammonia.
The subsequent results in the process system are based on the simultaneous utilization
of the generated BBD equation in the RSM and the cost equation. This would later be
able to aid in the decision-making analysis in order to enable a quantifiable basis for its
preference criterion selection. In the optimization analysis of this case study, non-linear
model equations are employed that yield to numerous local optimum solutions. Thus, a
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global optimum solver using the Lingo software is vital in reaching the global optimum
results based on its objective function subjected to various constraints [38].

A boundary limit analysis for the electrochemical oxidation of ammonia utilizes Equa-
tions (16)–(33). The model equations in Equations (16) and (17) are based on the validated
models of Li et al. [10] that describe the production of ammonia and nitrates, respectively [10].
A cumulative uncertainty of response variables determined through its partial derivatives
with respect to its each parametric factor has been added for ammonia in Equations (18)–(21)
and for nitrates in Equations (22)–(25). Furthermore, the total operating cost in Equation (26),
which is the sum of the material cost in Equation (27) and electric cost in Equation (28),
plays an essential role in the boundary limit analysis. Energy consumption (directly re-
lated to the electric cost) is calculated in Equation (29). Finally, Equations (30)–(32) indicate
the feasible regions for the variables of the NaCl dosage, current density, and electrolysis
time, respectively.

YA = 175.1 − 28.59X1 − 3.731X2 − 1.331X3 + 0.3019X1X2 + 0.1025X1X3 + 1.40 × 10−2X2X3 + 1.088X2
1+

1.931 × 10−2X2
2 + 2.407 × 10−3X2

3
(16)

YN = −27.39 + 0.7946X1 + 1.212X2 + 0.4180X3 + 7.938 × 10−2X1X2 + 3.056 × 10−2X1X3 − 2.778 × 10−3X2X3
−0.2331X2

1 − 1.721 × 10−2X2
2 − 2.498 × 10−3X2

3
(17)

WYA =

√(
∂YA
∂X1

WX1

)2
+

(
∂YA
∂X2

WX2

)2
+

(
∂YA
∂X3

WX3

)2
(18)

∂YA
∂X1

= −28.59 + 0.3019X2 + 0.1025X3 + 2.175X1 (19)

∂YA
∂X2

= −3.731 + 0.3019X1 + 1.40 × 10−2X3 + 3.863 × 10−2X2 (20)

∂YA
∂X3

= −1.331 + 0.1025X1 + 1.40 × 10−2X2 + 4.814 × 10−3X3 (21)

WYN =

√(
∂YN
∂X1

WX1

)2
+

(
∂YN
∂X2

WX2

)2
+

(
∂YN
∂X3

WX3

)2
(22)

∂YN
∂X1

= 0.7946 + 7.938 × 10−2X2 − 3.056 × 10−2X3 − 0.4663X1 (23)

∂YN
∂X2

= 1.212 + 7.938 × 10−2X1 − 2.778 × 10−3X3 − 3.441 × 10−2X2 (24)

∂YN
∂X3

= 0.4180 + 3.056 × 10−2X1 − 2.778 × 10−3X2 − 4.996 × 10−3X3 (25)

CT = CM + CE (26)

CM = 2.28X1 (27)

CE = 0.18EC (28)

EC =
10X2X3

100 − YA
(29)

1 ≤ X1 ≤ 5 (30)

10 ≤ X2 ≤ 50 (31)

30 ≤ X3 ≤ 120 (32)

Global optimal solutions for the upper boundary limits of the electrochemical reaction
system are determined in the subsequent maximization of the objective function related to
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ammonia removal in Equations (16) and (18) subjected to the constraints in Equations (17)
and (19)–(32). This led to a complete removal of the contaminant and attained a total oper-
ating cost of USD 64.0 in the conditions of 5.0 NaCl dosage, 14.0 mA/cm2 current density,
and 120.0 min electrolysis time. Conversely, the global optimum by the minimization
of the cost parameter objective function in Equation (26) subjected to the constraints in
Equations (16)–(25) and (27)–(32) draws out the lower boundary limits for the removal of
ammonia and its total operating cost. Results indicate a total operating cost equivalent
to USD 17.1 that reached only 40.6% ammonia removal. The conditions of the tested
factors are as follows: 3.8 g NaCl dosage, 10.0 mA/cm2 current density, and 33.4 min
electrolysis time.

It is observed that ammonia removal and the energy consumption increase with the
total operating cost. This implies that a more intensive parametric condition is required
in order to efficiently remove the ammonia contaminant in the system. This is also in
agreement with the findings of Hansen et al. [35], wherein the energy needed rises along
with the amount of contaminant removal in an electrochemical reaction. Furthermore, the
increase in the total operating cost translates to the necessity of higher operating conditions.
This directly contributes to additional costs with regards to its material usage and energy
requirement that essentially improves the removal of ammonia.

3.5. Multi-Objective Decision Analysis: Fuzzy Optimization

In this case study, a strategic decision-making analysis is performed by integrating the
concept of fuzzy optimization for the electrochemical oxidation of ammonia. Specifically,
a global optimization in maximizing the degree of satisfaction in Equation (33) as its
objective function is subjected to the fuzzy constraints in Equations (34)–(36). In the fuzzy
optimization process, the approximation and favorability of the non-linear equations used
in this case study employ the frame of the linear membership function in order to bridge
the gap between subjective and objective uncertainty in the decision-making process [39].
This brings about the illustrative explanation of the application of the linear membership
function in the maximization of ammonia removal (Equation (34)) and the minimization of
the total operating cost (Equation (35)) in Figure 6. The satisfaction levels for the results
in ammonia removal and the total operating cost must comply with the overall degree of
satisfaction in the selected criterion for the electrochemical process system. Furthermore,
the calculated boundary limits (ammonia removal: 0% to 108.0%; total operating cost: USD
17.1 to 64.0) is the underlying basis for the multi-objective fuzzy optimization analysis in
this case study. The unacceptable and acceptable ratings are quantified as “0” and “1”,
respectively, and specifically equated in Equation (36).

λO ≤ λ1 & λ2 (33)

λ1 =
Y − 40.65

67.40
(34)

λ2 =
64.02 − CT

46.93
(35)

0 ≤ λO ≤ 1 (36)
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For this case study, the adherence on compliance with the stringent contaminant
level standards is based on the USEPA. Thus, additional criterion for the multi-objective
fuzzy optimization are added as follows: (1) Ammonia content ≤ 17 or 1.9 mg/L [5] and
(2) nitrate content ≤ 10 mg/L [3]. This would aid in the selection of a proper basis for
the fuzzy optimal solution. The fuzzy optimal solution is obtained in the simultaneous
maximization of ammonia removal and minimization of the total operating cost.

Table 3 lists the simulated results of the fuzzy optimal solution for the electrochemical
oxidation of ammonia. Upon the determination of the global maximization of the overall
satisfaction (λO), results showed a high satisfaction rating of 80.3% and 76.1% for adhering
to the ammonia concentration standards of 10 and 1.9 mg/L, respectively. A slightly
lower overall satisfaction rating is observed in compliance with a lower ammonia standard
concentration due to the additional incurring costs that compromise the results. In setting
the concentration limit of ammonia and nitrate to adhere at 10 mg/L, this ensued the
individual satisfaction ratings of ammonia removal and total operating cost at 80.3% and
85.9%, respectively. In these criteria, the parametric conditions of 5.0 g NaCl, 10.0 mA/cm2

current density, and 64.7 electricity time yielded an ammonia removal and nitrate produc-
tion with a certainty of 94.8% and 9.8 mg/L, respectively, at a total operating cost of USD
23.7. It is noted that the optimized results obtained an uncertainty range from 93.6% to
96.0% and from 9.6 to 10.0 mg/L for ammonia removal and nitrate production, respectively.
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On the other hand, setting the concentration of ammonia and nitrate to adhere at 1.9 and
10 mg/L, respectively, has led to the individual degrees of satisfaction of 86.7% (ammonia
removal) and 76.1% (total operating cost). A higher satisfaction rating for the ammonia
removal has been achieved as opposed to the previous criteria due to the attainment of
higher ammonia removal with a certainty of 99.1% and an uncertainty range of 98.2%
to 100.0%. Conversely, a lower satisfaction for the total operating cost as opposed to the
previous criteria was attributed to a higher incurring cost in association with the added
energy consumption requirement.

Table 3. Fuzzy optimal results in the electro-oxidation process based on maximum contaminant
levels (MCL) in United States Environmental Protection Agency.

Parameters Unit MCL: 10 mg/L
NH3-N

MCL: 1.9 mg/L
NH3-N

λO % 80.3 76.1
λAmmonia % 80.3 86.7
λCost % 85.9 76.1
Ammonia removal (YA) % 94.8 99.1
Cumulative uncertainty

(
WYA

)
% 1.2 0.9

Energy consumption kWh/kg-NH3 68.3 114.7
Material cost USD 11.4 7.7
Electric cost USD 12.3 20.6
Total operating cost USD 23.7 28.3
Nitrate production (YN) mg/L 9.8 9.5
Cumulative uncertainty (WYN ) mg/L 0.2 0.5
Sodium chloride g 5.0 3.36
Current density mA/cm2 10.0 10.0
Electrolysis time min 64.7 113.7

3.6. Summary of Results

The individual parametric trend resulted in the highest ammonia removal at 5.0 g
NaCl dosage, 50 mA/cm2 current density, and 120 min electrolysis time. On the other hand,
the highest total operating cost was obtained at 1.0 g NaCl dosage, 50 mA/cm2 current
density, and 30 min electrolysis time for the separately tested variables. This implies that
the highest tested level for each parameter is the best for the electrochemical oxidation of
ammonia, while its operating cost is dependent on the combination of the material usage
and energy consumption. Based on the boundary limit identification, the upper and lower
bounds for the ammonia removal were at 108.0% and 0%, respectively, while the upper
and lower bounds for the total operating cost were at USD 64.0 and 17.1, respectively.
After utilizing the results in the boundary limits, the fuzzy optimization resulted in the
degree of satisfaction of 80.3% and 76.1% for adhering with the 10 and 1.9 mg/L ammonia
level at its lowest cost, respectively. The fuzzy optimal solution for a 10 mg/L ammonia
reached a removal rate of 94.8% ± 1.2% and USD 23.7 operating cost at the conditions of
5.0 g NaCl, 10.0 mA/cm2, and 64.7 min. For the 1.9 mg/L ammonia limit, 99.1% ± 0.9%
ammonia removal and USD 28.3 total operating cost were achieved at 3.36 NaCl dosage,
10.0 mA/cm2, and 64.7 min.

In comparison with the optimal solutions based on the study of Li et al. [10], its total
operating cost was computed to be approximately USD 78.8. This is 2.8 to 3.3 times higher
than the results obtained in the current case study. Henceforth, this proves to show that the
incorporation of the fuzzy optimization mathematical programming is essential towards its
application in the RSM technique. This also supports the viability and practicality of fuzzy
optimization in the decision-making process, upon determining the best ammonia removal
at the lowest possible total operating cost in the process system of electrochemical reactions.
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4. Conclusions

The case study of this research work incorporates the utilization of fuzzy optimization
in order to appropriately determine the best compromise result in the electrochemical
oxidation of ammonia, which satisfies various constraints in the process system. The
decision-making analysis was based on the systematic approach of the simultaneous max-
imization of the removal of ammonia at the lowest possible cost in accordance of the
parameters of the NaCl dosage, current density, and electrolysis time. This is in adher-
ence with stringent environmental regulations set by USEPA for ammonia and nitrate
concentrations. The boundary limits of ammonia removal with the inclusion of its cumu-
lative uncertainty criteria (40.6% ± 2.2% to a complete removal) and total operating cost
(USD 17.1 to 39.4) was realized in the boundary limit analysis. The application of fuzzy
optimization resulted in an overall satisfaction rating of greater than 76% that implies
a proper allocation towards a good compromise result between ammonia removal and
cost. A decrease in the satisfaction rating showed a higher cost in the consumed energy
needed to remove ammonia effectively. In comparison with using RSM alone in the electro-
chemical oxidation of ammonia, the integration of the fuzzy mathematical programming
optimization showed a lower costing to about 178.4% to 232.5%. Thus, this case study has
successfully drawn-out promising results that can be further extended or applied in future
environmental applications in the process system of the electrochemical reaction.

The limitations of this research study are in the utilized process parameters. Specif-
ically, the model equations used are limited to only one electrolyte (i.e., NaCl) at levels
from 1 to 5 g. Therefore, a comparative assessment of various electrolytes at a wider
range (e.g., 0.1 to 10 g) is recommended to further improve the analysis of the electrolyte
influence on the electrochemical oxidation of ammonia. Other important parameters such
as solution pH, ammonia concentration, and temperature can also be explored in future
fuzzy optimization studies in order to assess their effects on electrolysis efficiency, en-
ergy consumption, and operating cost. Lastly, a comparative study of the application of
Pareto solutions utilizing a weighting method and the ε-constraint method can be used
for an intricate analysis in the future research outlook of the modeling technique in the
electrochemical oxidation of ammonia.

Author Contributions: Conceptualization, A.E.S.C., B.M.B.E., and J.-J.Y.; methodology, A.E.S.C. and
B.M.B.E.; investigation, A.E.S.C. and B.M.B.E.; validation, A.E.S.C. and B.M.B.E.; formal analysis,
A.E.S.C.; resources, A.E.S.C., B.M.B.E., and J.-J.Y.; data curation, A.E.S.C. and B.M.B.E.; writing origi-
nal draft, A.E.S.C. and B.M.B.E.; writing—review and editing, A.E.S.C. and B.M.B.E.; visualization,
A.E.S.C.; supervision, A.E.S.C. and J.-J.Y.; project administration, J.-J.Y.; funding, J.-J.Y. All authors
have read and agreed to the published version of the manuscript.

Funding: This research was supported by the Basic Science Research Program through the National Re-
search Foundation of Korea (NRF) funded by the Ministry of Education (no. 2016R1A6A1A03012812).

Institutional Review Board Statement: Not applicable.

Informed Consent Statement: Not applicable.

Acknowledgments: The authors would like to thank the National Research Foundation through the
Korea Ministry of Education (no. 2016R1A6A1A03012812) for providing financial support for this
research undertaking.

Conflicts of Interest: The authors declare no conflict of interest.

References
1. Du, Y.; Ma, T.; Deng, Y.; Shen, S.; Lu, Z. Sources and fate of high levels of ammonium in surface water and shallow groundwater

of the Jianghan Plain, Central China. Environ. Sci. Process. Impacts 2017, 19, 161–172. [CrossRef]
2. Abu-Elala, N.M.; Abd-Elsalam, R.M.; Marouf, S.; Abdelaziz, M.; Moustafa, M. Eutrophication, Ammonia Intoxication, and

Infectious Diseases: Interdisciplinary Factors of Mass Mortalities in Cultured Nile Tilapia. J. Aquat. Anim. Health 2016, 28, 187–198.
[CrossRef]

http://doi.org/10.1039/C6EM00531D
http://doi.org/10.1080/08997659.2016.1185050


Int. J. Environ. Res. Public Health 2021, 18, 2986 16 of 17

3. Ward, M.H.; Jones, R.R.; Brender, J.D.; De Kok, T.M.; Weyer, P.J.; Nolan, B.T.; Villanueva, C.M.; Van Breda, S.G. Drinking Water
Nitrate and Human Health: An Updated Review. Int. J. Environ. Res. Public Health 2018, 15, 1557. [CrossRef]

4. Hauck, M.; Maalcke-Luesken, F.A.; Jetten, M.S.M.; Huijbregts, M.A.J. Removing nitrogen from wastewater with side stream
anammox: What are the trade-offs between environmental impacts? Resour. Conserv. Recycl. 2016, 107, 212–219. [CrossRef]

5. Huff, L.; Delos, C.; Gallagher, K.; Beaman, J. Aquatic Life Ambient Water Quality Criteria for Ammonia—Freshwater; US Environmental
Protection Agency: Washington, DC, USA, 2013.

6. Karri, R.R.; Sahu, J.N.; Chimmiri, V. Critical review of abatement of ammonia from wastewater. J. Mol. Liq. 2018, 261, 21–31.
[CrossRef]

7. López De Mishima, B.A.; Lescano, D.; Molina Holgado, T.; Mishima, H.T. Electrochemical oxidation of ammonia in alkaline
solutions: Its application to an amperometric sensor. Electrochim. Acta 1998, 43, 395–404. [CrossRef]

8. Lan, R.; Tao, S. Ammonia as a Suitable Fuel for Fuel Cells. Front. Energy Res. 2014, 2, 35. [CrossRef]
9. Yao, J.; Mei, Y.; Xia, G.; Lu, Y.; Xu, D.; Sun, N.; Wang, J.; Chen, J. Process Optimization of Electrochemical Oxidation of Ammonia

to Nitrogen for Actual Dyeing Wastewater Treatment. Int. J. Environ. Res. Public Health 2019, 16, 2931. [CrossRef]
10. Li, M.; Feng, C.; Zhang, Z.; Liu, X.; Ma, W.; Xue, Q.; Sugiura, N. Optimization of electrochemical ammonia removal using

Box-Behnken design. J. Electroanal. Chem. 2011, 657, 66–73. [CrossRef]
11. Deng, Y.; Englehardt, J.D. Electrochemical oxidation for landfill leachate treatment. Waste Manag. 2007, 27, 380–388. [CrossRef]
12. Szpyrkowicz, L.; Kaul, S.N.; Neti, R.N.; Satyanarayan, S. Influence of anode material on electrochemical oxidation for the

treatment of tannery wastewater. Water Res. 2005, 39, 1601–1613. [CrossRef]
13. Meng, X.; Khoso, S.A.; Jiang, F.; Zhang, Y.; Yue, T.; Gao, J.; Lin, S.; Liu, R.; Gao, Z.; Chen, P.; et al. Removal of chemical oxygen

demand and ammonia nitrogen from lead smelting wastewater with high salts content using electrochemical oxidation combined
with coagulation–flocculation treatment. Sep. Purif. Technol. 2020, 235, 116233. [CrossRef]

14. Zhang, C.; He, D.; Ma, J.; Waite, T.D. Active chlorine mediated ammonia oxidation revisited: Reaction mechanism, kinetic
modelling and implications. Water Res. 2018, 145, 220–230. [CrossRef]

15. Kim, K.W.; Kim, Y.J.; Kim, I.T.; Park, G.I.; Lee, E.H. The electrolytic decomposition mechanism of ammonia to nitrogen at an IrO2
anode. Electrochim. Acta 2005, 50, 4356–4364. [CrossRef]

16. Vanlangendonck, Y.; Corbisier, D.; Van Lierde, A. Influence of operating conditions on the ammonia electro-oxidation rate in
wastewaters from power plants (ELONITATM technique). Water Res. 2005, 39, 3028–3034. [CrossRef]

17. Charab, A.A.; Movahedirad, S.; Norouzbeigi, R. Thermal conductivity of Al2O3 + TiO2/water nanofluid: Model development
and experimental validation. Appl. Therm. Eng. 2017, 119, 42–51. [CrossRef]

18. Moffat, R.J. Describing the uncertainties in experimental results. Exp. Therm. Fluid Sci. 1988, 1, 3–17. [CrossRef]
19. Xie, H.; Lee, Y.C.; Mahajan, R.L.; Su, R. Process Optimization Using a Fuzzy Logic Response Surface Method. IEEE Trans.

Components Packag. Manuf. Technol. Part A 1994, 17, 202–211. [CrossRef]
20. Zadeh, L.A. Fuzzy sets. Inf. Control 1965, 8, 338–353. [CrossRef]
21. Inuiguchi, M.; Ramík, J. Possibilistic linear programming: A brief review of fuzzy mathematical programming and a comparison

with stochastic programming in portfolio selection problem. Fuzzy Sets Syst. 2000, 111, 3–28. [CrossRef]
22. Rommelfanger, H.J. The Advantages of Fuzzy Optimization Models in Practical Use. Fuzzy Optim. Decis. Mak. 2004, 3, 295–309.

[CrossRef]
23. Bernardelli, A.; Marsili-Libelli, S.; Manzini, A.; Stancari, S.; Tardini, G.; Montanari, D.; Anceschi, G.; Gelli, P.; Venier, S. Real-time

model predictive control of a wastewater treatment plant based on machine learning. Water Sci. Technol. 2020, 81, 2391–2400.
[CrossRef] [PubMed]

24. Choi, A.E.S.; Park, H.S. Fuzzy multi-objective optimization case study based on an anaerobic co-digestion process of food waste
leachate and piggery wastewater. J. Environ. Manag. 2018, 223, 314–323. [CrossRef] [PubMed]

25. Choi, A.E.S.; Futalan, C.C.M.; Yee, J.J. Fuzzy optimization for the removal of uranium from mine water using batch electrocoagu-
lation: A case study. Nucl. Eng. Technol. 2020, 52, 1471–1480. [CrossRef]

26. Choi, A.E.S.; Roces, S.; Dugos, N.; Wan, M.W. Operating cost study through a Pareto-optimal fuzzy analysis using commercial
ferrate (VI) in an ultrasound-assisted oxidative desulfurization of model sulfur compounds. Clean Technol. Environ. Policy 2016,
18, 1433–1441. [CrossRef]

27. Choi, A.E.S.; Futalan, C.M.; Yee, J.-J. Fuzzy Optimization on the Synthesis of Chitosan-Graft-Polyacrylic Acid with Montmoril-
lonite as Filler Material: A Case Study. Polymers 2019, 11, 738. [CrossRef]

28. Zimmermann, H.J. Fuzzy mathematical programming. Comput. Oper. Res. 1983, 10, 291–298. [CrossRef]
29. Zimmermann, H.J. Fuzzy programming and linear programming with several objective functions. Fuzzy Sets Syst. 1978, 1, 45–55.

[CrossRef]
30. Zhang, F.; Cheng, J. Verification of fuzzy UML models with fuzzy Description Logic. Appl. Soft Comput. J. 2018, 73, 134–152.

[CrossRef]
31. Sun, Y. Fuzzy Approaches and Simulation-Based Reliability Modeling to Solve a Road–Rail Intermodal Routing Problem with

Soft Delivery Time Windows When Demand and Capacity are Uncertain. Int. J. Fuzzy Syst. 2020, 22, 2119–2148. [CrossRef]
32. Xie, Y.; Lu, W.; Wang, W.; Quadrifoglio, L. A multimodal location and routing model for hazardous materials transportation. J.

Hazard. Mater. 2012, 227–228, 135–141. [CrossRef]

http://doi.org/10.3390/ijerph15071557
http://doi.org/10.1016/j.resconrec.2015.11.019
http://doi.org/10.1016/j.molliq.2018.03.120
http://doi.org/10.1016/S0013-4686(97)00061-3
http://doi.org/10.3389/fenrg.2014.00035
http://doi.org/10.3390/ijerph16162931
http://doi.org/10.1016/j.jelechem.2011.03.012
http://doi.org/10.1016/j.wasman.2006.02.004
http://doi.org/10.1016/j.watres.2005.01.016
http://doi.org/10.1016/j.seppur.2019.116233
http://doi.org/10.1016/j.watres.2018.08.025
http://doi.org/10.1016/j.electacta.2005.01.046
http://doi.org/10.1016/j.watres.2005.05.013
http://doi.org/10.1016/j.applthermaleng.2017.03.059
http://doi.org/10.1016/0894-1777(88)90043-X
http://doi.org/10.1109/95.296401
http://doi.org/10.1016/S0019-9958(65)90241-X
http://doi.org/10.1016/S0165-0114(98)00449-7
http://doi.org/10.1007/s10700-004-4200-6
http://doi.org/10.2166/wst.2020.298
http://www.ncbi.nlm.nih.gov/pubmed/32784282
http://doi.org/10.1016/j.jenvman.2018.06.009
http://www.ncbi.nlm.nih.gov/pubmed/29935446
http://doi.org/10.1016/j.net.2019.12.016
http://doi.org/10.1007/s10098-015-1079-6
http://doi.org/10.3390/polym11040738
http://doi.org/10.1016/0305-0548(83)90004-7
http://doi.org/10.1016/0165-0114(78)90031-3
http://doi.org/10.1016/j.asoc.2018.08.025
http://doi.org/10.1007/s40815-020-00905-x
http://doi.org/10.1016/j.jhazmat.2012.05.028


Int. J. Environ. Res. Public Health 2021, 18, 2986 17 of 17

33. Aviso, K.B.; Tan, R.R.; Culaba, A.B.; Cruz, J.B. Bi-level fuzzy optimization approach for water exchange in eco-industrial parks.
Process Saf. Environ. Prot. 2010, 88, 31–40. [CrossRef]

34. Li, L.; Liu, Y. Ammonia removal in electrochemical oxidation: Mechanism and pseudo-kinetics. J. Hazard. Mater. 2009, 161,
1010–1016. [CrossRef]

35. Hansen, H.K.; Peña, S.F.; Gutiérrez, C.; Lazo, A.; Lazo, P.; Ottosen, L.M. Selenium removal from petroleum refinery wastewater
using an electrocoagulation technique. J. Hazard. Mater. 2019, 364, 78–81. [CrossRef]

36. Verma, A.K. Treatment of textile wastewaters by electrocoagulation employing Fe-Al composite electrode. J. Water Process Eng.
2017, 20, 168–172. [CrossRef]

37. Kim, K.W.; Kim, Y.J.; Kim, I.T.; Park, G.I.; Lee, E.H. Electrochemical conversion characteristics of ammonia to nitrogen. Water Res.
2006, 40, 1431–1441. [CrossRef] [PubMed]

38. Lim, S.; Zhu, J. Integrated data envelopment analysis: Global vs. local optimum. Eur. J. Oper. Res. 2013, 229, 276–278. [CrossRef]
39. Wen, B.; Li, H. An approach to formulation of FNLP with complex piecewise linear membership functions. Chin. J. Chem. Eng.

2014, 22, 411–417. [CrossRef]

http://doi.org/10.1016/j.psep.2009.11.003
http://doi.org/10.1016/j.jhazmat.2008.04.047
http://doi.org/10.1016/j.jhazmat.2018.09.090
http://doi.org/10.1016/j.jwpe.2017.11.001
http://doi.org/10.1016/j.watres.2006.01.042
http://www.ncbi.nlm.nih.gov/pubmed/16545859
http://doi.org/10.1016/j.ejor.2013.02.023
http://doi.org/10.1016/S1004-9541(14)60039-2

	Introduction 
	Materials and Methods 
	Experimental Method 
	Fuzzy Multi-Objective Optimization Method 
	Determination of Boundary Limits 
	Multi-Objective Decision-Making through Fuzzy Optimization 


	Results and Discussion 
	Analysis of NaCl Dosage towards Ammonia Removal and Its Operating Cost 
	Analysis of Current Density towards Ammonia Removal and Its Operating Cost 
	Analysis of Electrolysis Time towards Ammonia Removal and Its Operating Cost 
	Boundary Limits Identification of Ammonia Removal and Operating Cost 
	Multi-Objective Decision Analysis: Fuzzy Optimization 
	Summary of Results 

	Conclusions 
	References

