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Abstract

Due to the ubiquitous nature of disruptive extreme events, functionality of the critical infra-
structure systems (CIS) is constantly at risk. In case of a disruption, in order to minimize the
negative impact to the society, service networks operating on the CIS should be restored as
quickly as possible. In this paper, we introduce a novel network science inspired measure to
quantify the criticality of components within a disrupted service network and develop a resto-
ration heuristic (Cent-Restore) that prioritizes restoration efforts based on this measure. As
an illustrative case study, we consider a road network blocked by debris in the aftermath of a
natural disaster. The debris obstructs the flow of relief aid and search-and-rescue teams
between critical facilities and disaster sites, debilitating the emergency service network. In
this context, the problem is defined as finding a schedule to clear the roads with the limited
resources. First, we develop a mixed-integer programming model for the problem. Then we
validate the efficiency and accuracy of the Cent-Restore heuristic on randomly generated
instances by comparing it to the model. Furthermore, we use Cent-Restore to recommend
real-time restoration plans for disrupted road networks of Boston and Manhattan and ana-
lyze the performance of the plans over time through resilience curves. We compare Cent-
Restore to the current restoration guidelines proposed by FEMA and other strategies that
prioritize the restoration efforts based on different measures. As a result we confirm the
importance of including specific post-disruption attributes of the networks to create effective
restoration strategies. Moreover, we explore the relationship between a service network’s
resilience and its topological and operational characteristics under different disruption sce-
narios. The methods and insights provided in this work can be extended to other disrupted
large-scale critical infrastructure systems in which the ultimate goal is to enable the func-
tions of the overlaying service networks.

Introduction

Critical infrastructure systems (CIS) underpin almost every aspect of the modern society by
providing the essential functions through overlaying service networks. These service networks
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are commonly referred to as lifelines and considered vital such that their destruction would
have a debilitating effect on economic productivity and daily living [1, 2]. Thus, after an
extreme event disrupts them, it is important to restore the critical services provided by CIS as
soon as possible, in order to minimize the negative impact to society. In this paper, we develop
a generalizable measure and a framework to help stakeholders and managers of CIS to effi-
ciently plan restoration operations so that the services provided within the system recover
from unexpected major disruptions in a timely manner.

In this work, we focus on the disruptions created by natural hazards. For instance, after a
natural hazard such as an earthquake, the transportation CIS is one of the many interdicted
systems, mostly due to the accumulated debris that blocks the road network [3]. Blocked roads
hamper the effectiveness of search-and-rescue operations, hinder the flow of relief aid to
affected disaster sites, impede the evacuation of the disaster survivors, and constrain reachabil-
ity to critical facilities. In short, the accessibility of the road network is degraded or destroyed
[4]. In order to minimize the human losses, the initial response should reach the affected popu-
lation within several days, rendering road restoration as one of the initial steps in disaster
response and recovery [3, 5]. In the response phase following a disaster, road restoration con-
sists of unblocking (clearing) roads by pushing the debris to the side.

In this context, we define an emergency service network overlaying on the physical road
network that enables the flow of relief supplies and casualties between critical facilities (such as
hospitals and distribution centers) and disaster sites. Due to the budget, resource, and time
restrictions, complete recovery of the road network is often delayed [6]. As a result, in this
study, the focus is to select a subset of disrupted roads and schedule them for recovery such
that the functionality of the emergency service network would return to a stable level, where all
the service demanding locations (disaster sites) are served, in the shortest possible time. As
timeliness is the most significant concern, a recovery plan should aim to provide most of the
service as early in the planning horizon as possible. We refer to this problem as the road net-
work recovery problem (RNRP).

Network science is an emerging interdisciplinary field that includes practical and theoreti-
cal studies to enhance the understanding of complex networks [7]. It offers insightful informa-
tion about a network’s behavior, such as its vulnerability (susceptibility to disruptions),
robustness (ability to withstand disruptions), and fragility (inability to withstand disruptions).
However, the integration of the understanding of networks through network science tools and
the methods for optimizing network operations (mainly developed by operations researchers)
is often overlooked and there exists a set of areas in which operations research community
may be able to contribute to the network science field [8, 9], and vice versa. In this study, we
use tools and insights developed by these two groups, namely the interaction of supply and
demand over a service network and the topological properties of network components, to
develop an effective restoration plan. In the rest of the paper, distribution of supply and
demand points and their interaction with each other on a network will be referred to as the
operational characteristics of a network.

We grouped the related literature into two streams: (i) papers that tackle problems broadly
classified as network recovery problems; and (ii) papers that explore the effectiveness of net-
work science measures in explaining the structure and post-disruption behavior of networks.

As the name suggests, the problem of network recovery focuses on operations that would
repair the interdicted network components to bring the network back to its functional state.
Due to the myriad amount of decisions involved, in general these problems are very complex
[10]. Hence, in many papers, the problem is decomposed into two main decisions; network
design and scheduling [11]. Network design decisions involve the selection of disrupted net-
work components for recovery and scheduling decisions involve the ordering of these
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activities. In the literature, these decisions may be tackled either simultaneously, sequentially,
or independently. In this paper, we consider these two decisions simultaneously.

There are several papers that only address the scheduling decision. Aksu et al. [12] present a
path-based MIP model in order to maximize the dynamic (over-time) network accessibility by
re-establishing links in a realistic road network. Given a pre-defined set of paths that should be
accessible, their goal is to find an ordered sequence of the roads to recover. In addition, Chen
et al. explore the problem of finding a schedule for the road recovery tasks [13]. They propose
a two-level mathematical model, but due to the complexity of the model, they apply a meta-
hueristic method (genetic algorithm) to solve the problem. Matisziw et al. develop a multi-
objective MIP for the network recovery problem in which the goal is to reestablish the connec-
tivity between origin-destination (o-d) pairs by repairing the disrupted arcs and nodes given a
set of pre-defined o-d paths [6]. In this work, the amount of flow to send on an o-d path is set
to be a parameter rather than a decision variable. In contrast, in this paper the network flows
are incorporated as decisions. Other works that include the scheduling of recovery operations
differentiate with respect to the assumptions and solution methodology employed [14-19].

The network recovery problem literature that considers the network design problem inves-
tigates the edges to be installed at each period over a planning horizon to optimize a certain
objective and it is proven to be computationally hard to solve [20, 21]. A set of papers integrate
network design and scheduling decisions to achieve an effective restoration planning [11, 22].
Cavdaroglu et al. develop a MIP model with the objective of minimizing costs and unmet
demand [22]. Nurre et al. propose an integer programming formulation for the integrated net-
work design and scheduling problem (INDS) [11]. The objective of this problem is to maxi-
mize the cumulative weighted flow arriving at the demand nodes. Similar to our work, in both
of these papers, the objective is directly concerned with providing the service required in the
demand nodes by reestablishing their connectivity with the supply locations. However, in the
INDS problem [11], there is no explicit constraint limiting the recovery operations to the
reachable arcs from the resources. Whereas, we restrict the recovery operations to reachable
roads, which is aligned with real-time decision making.

The literature that fall into the second stream focus on network science methods to analyze
the potential scope of the disruptive events on the networks. For instance, network vulnerabil-
ity analysis measures the decrease in network functionality by removing vertices or edges by a
variety of attack scenarios [23, 24], which is referred to as attack vulnerability in the literature.
Attack scenarios include but are not limited to removing nodes or links based on random or
network science measures such as degree, betweenness, and closeness centrality [23-28]. In
order to assess the functionality of a network after an attack, the existence of paths between
node pairs is checked through the emergence of the largest or the second largest component
[23, 26, 29-31]. Hence, proper functioning of systems is assumed to entail connectivity of the
network. However, we strongly emphasize that when there are other dynamics involved in the
network, a highly fragmented network may also be fully functional [32]. For instance, in the
problem of enabling the distribution of relief aid from supply locations to demand locations,
connectivity of demand to any supply with enough capacity is sufficient for full functionality,
which may result in several small components. As opposed to most of the network science lit-
erature, we assess the functionality of a network based on demand satisfaction over the plan-
ning horizon and demonstrate it through a graphical curve which we refer as the resilience
curve. We refer the reader to Bruneau et al. for a detailed discussion on resilience and how it
can be evaluated [33].

The literature is limited when it comes to utilizing network science methods in restoration.
Bhatia et al. propose recovery strategies for large-scale CIS through network centrality mea-
sures [34]. However, they do not include the service component into the problem. When the
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goal is set as re-establishing the functionality of the service network rather than the complete
recovery of CIS, generic network science measures fall short in explaining the dynamics of the
networks. In our work we discuss these shortcomings and introduce a new network science
measure.

In summary, the contribution of this paper is threefold: (i) proposing a new network sci-
ence measure for assessing the criticality of disrupted service network components; (ii) devel-
oping a network science based restoration heuristic for service networks; (iii) exploring the
relationship between service networks’ different characteristics and their resilience under vari-
ous disruption scenarios to derive insights on resilience.

Materials and methods
Road network recovery problem

We model RNRP as a multi-period MIP model on an undirected network G(N, E). There are
two subsets in the node set N is divided into three subsets: N indicates the set of supply nodes,
critical facilities such as hospitals, distribution centers, shelters, N, indicates the set of demand
nodes, disaster sites composed of the people in need for relief commodities and services, and
the remaining nodes that are neither a supply nor a demand node. The edge set E refers to the
roads in the network, composed of debris-blocked roads, E, and unblocked roads, E \ E. The
resources required for road recovery are clearance resources and their amount is limited at
each time period, denoted by R,. As a result, the planning horizon, T, is divided into discrete
time periods, t € T, and the model parameters and variables are defined for each time period.
The clearance resources are assumed to be located at the supply nodes in the beginning of the
planning horizon. Note that, the resource allocation decision is outside the scope of this work,
hence at each time period the resources are defined as an aggregate value reachable from all
supply locations. Similar works focusing on the scheduling of the restoration activities also
define an aggregate value for resources and omit the resource allocation decision [11, 12, 28].
Furthermore, the clearance resources can-not traverse debris blocked roads, hence a blocked
road has to be reachable through an unblocked path from a clearance resource in order to be
cleared. Time to traverse an unblocked road and time to reestablish the service between supply
and demand nodes is very short compared to the time to clear the debris and recover the
roads. Thus traversal times are assumed to be negligible and not included in the model, and as
soon as the connectivity is established with a demand point, supply is allocated immediately
within the same time period. In addition, we assume that the amount of debris accumulated
on the roads is known, and for simplicity we assume that a unit of debris requires a single
clearance resource to be cleared. We refer the reader to S1 Table for the detailed explanation of
the notation used in the formulation of the problem.

Each supply node i € Ny has an initial supply capacity of rs?, and each demand node j € N,
has an initial demand of ud;’. At the end of period t, rs; and ud; indicate remaining supply
capacity at node i € N and remaining unsatisfied demand at node j € N, respectively. Without
loss of generality, we assume that rs; is equal to 0 for i € N\ Ny and ud; is equal to 0 for
j € N\ Np. Once a demand node gets connected to a supply node through an unblocked path,
flow between supply and demand nodes begin. If there is enough supply, the amount of flow is
equal to the amount of demand, otherwise it is equal to available supply. Without loss of gener-
ality, we assume the flow is in the direction from supply nodes to the demand nodes. Conse-
quently, the amount of unsatisfied demand decreases by the amount of the incoming flow, and
the available supply of the supply node allocating the flow is decreased by the outgoing flow.
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Furthermore, we assume that an external factor can not add to or diminish the unsatisfied
demand or the available supply in the middle of the planning horizon.
The mixed-integer programming formulation for the RNRP is given as follows:

T
max > by d! (RNRP — MIP)
t=1

ieNp
subject to
ud™' —udl =d!, Vie NVteT, (1)
rsil—rst =5, VieN,VteT, (2)

eri_Zi;:d;_szv Vie NVt e T, )

GEE  (ij)eE

5 <M, V(i,j) € E,Vt € T, (4)
ANty = AL, Y(ij) €ENVEET, (5)
W, — AL < (1—9)W,, VY(j)€EVteT, (6)
W, — A, > (1-7.), V(ij)eEVieT, (7)
nyJ <R, VteT, (8)

(ij)eE
yip AL >0, V(ij)€EteT, (9)
7, €40,1}, V(i,j)€EteT, (10)
ud,rsi,di,ss >0, VieNVteT (11)
>0, V(ij) €EVteT. (12)

The objective function of RNRP-MIP is to maximize the total benefit accrued by satisfying
demand over time. At each period t, a unit of satisfied demand will contribute a weight of b’ to
the objective function. These weights are an output of the benefit function which decreases
non-linearly throughout the planning horizon and is interpreted as a measure of the disaster
survivors’ well-being. The decreasing nature of the function creates an incentive for demand
satisfaction in the earlier periods, which is necessary since the first several days after a disaster
are crucial and referred as the golden period [5, 10, 12]. In addition, such a function is expected
to be monotonic and convex over time [35]. For the RNRP, we define this function as expo-
nentially decreasing over time (see S1 Fig),

b' = Ce ™.

As the value of the parameter A increases, the slope of the decline in the benefit function
increases, leading to more aggressive decreases in the early periods. For RNRP-MIP, we set the
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value of A as 0.2 and C to 120. In our initial experiments, these numerical values provide plausi-
ble results, however, depending on the decision maker’s preferences and interpretation of the
urgency of restoration efforts, different values may be picked.

Constraints (1) and (2) specify the dynamics of demand satisfaction and supply allocation,
respectively, throughout the planning horizon. Constraint (3) establishes the flow between
supply and demand nodes through a set of nodes and edges. If an edge is not completely recov-
ered, then there shouldn’t be any flow on it, which is ensured with constraint (4). The progress
of the clearance activities is demonstrated with constraint (5). At the end of each period, the
amount of total clearance activity completed for an edge {i, j}, A} , is calculated by simply add-
ing clearance activity done at the current period, y; ; to the total clearance completed until the
end of previous period, A;;l. Constraints (6) and (7) specify the period when an edge will be

labeled as fully cleared. When the amount of clearance activity completed until the end of time
t, A;; is equal to the required amount of clearance that should be performed for full recovery,

Wi,j’
period . Without loss of generality, we assume y;; is equal to 1 for t > O if edge {7, j} € E \ E.

variable yf/] 1t > tisset to 1, rendering edge {i, j} available for sending flow starting from

Finally, constraint (8) restricts the amount of clearance resources that are available for recovery
at a particular time period. Constraints (9)-(12) are the integrality and non-negativity con-
straints for the decision variables.

As mentioned before, in order for the clearance teams to reach a blocked edge, there should
be an unblocked path from the clearance teams’ location to that particular blocked edge. We
next prove that such a solution can always be found in the optimal solution set of RNRP-MIP
without explicit constraints.

Theorem 1. For any optimal solution to RNRP-MIP, consisting of a set of restoration activ-
ities to be performed in each discrete time period t during the planning horizon T, there exists
an equivalent optimal solution where only the roads that are reachable from a clearance
resource are cleared.

Proof. Proof of Theorem 1 is included in S1 Appendix.

Heuristic-Based solution approach

State-of-the-art optimization solvers can solve small-sized instances of RNRP-MIP to optimal-
ity, but in order to solve moderate to large-sized instances we develop a heuristic to find a set
of restoration activities performed (which consists of the cleared roads and the amount of
clearance) at each discrete time period. We propose a new centrality measure that assesses the
benefit of recovering the disrupted network components in a service-oriented environment to
use it in a restoration heuristic. While developing the new centrality measure, we build upon
the widely used network science measure, betweenness centrality measure.

Generic betweenness centrality. Betweenness centrality was first proposed by Freeman
[36] to evaluate the importance of the network nodes based on the frequency of times they lie
on the shortest paths between other nodes [37]. For example, consider a transportation CIS in
which vehicles are moving from one intersection point (node) to another and always prefer-
ring the shortest distanced (geodesic) paths. Hence, the number of times that a vehicle passes
by a node is proportional to the number of geodesic paths that this node lies on.

Let g;; denote the number of geodesic paths between nodes i and j, and let gf}‘. indicate the
number of geodesic paths between i and j that go through node k. Then the betweenness cen-
trality of node k, Cy, is the sum of the ratio of the geodesic paths that pass through k to the
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number of all geodesic paths between i and j over all node pairs {3, j}:

_ g
Co=>_ >

iEN  jeN gﬁ

In this formula we adopt the convention that the fraction g /g, equals to zero if both g and
g;j are equal to zero.

Nodes with high betweennness centrality may have considerable influence within a network
since they lie on the largest number of paths used. Thus, any disruption to them will hamper the
flow between most of the nodes [37], leading to fragmentation of the network and a decrease in
its functionality. This statement has also been proven in the attack vulnerability literature. For
instance, Guimera et al. showed that for a world-wide airport network, nodes with high
betweenness centrality are the most important nodes in keeping the network connected [38].

Symmetrically, we claim that the restoration of edges leading to a node having a high
betweenness centrality will result in the greatest improvement in network’s functionality.
However, when the network functionality is not merely evaluated on the network connectivity,
but on the flow of the services, the generic betweenness centrality measure falls short, leading
to the need for a new measure.

A new betweenness centrality measure - SNEBC. We develop a new measure to assess
the importance of the disrupted edges in a service network and call this measure the service
network edge betweenness centrality (SNEBC). We construct SNEBC through five main modi-
fications to the generic node betweenness centrality measure and below we describe these
modifications in the context of RNRP. Nevertheless, the discussion can be adopted to any dis-
rupted service network scenario by considering the debris amounts as the disruption intensity,
supply and demand nodes not only as hospitals and disaster survivors but any location provid-
ing and requiring service, and clearance resources as the restoration capacity in a given time
period.

In RNRP, the time to traverse the roads is negligible compared to the time to clear the
debris off the roads. As a result, the shortest path is calculated based on a road’s debris
amounts rather than its metric distance. Hence, we set the first modification as preferring the
paths that have minimal debris rather than shortest in metric distance when computing the
centrality of the nodes.

The demand of the disaster survivors is served through first re-establishing their connectiv-
ity to hospitals (supply nodes). Therefore, instead of calculating how often a node lies on the
shortest paths between all node pairs, we calculate how often a node lies on the shortest paths
between supply and demand nodes. In other words, the second modification on the measure
entails taking out the possibility of nodes being evaluated based on non-essential paths they lie
on.

As an extension to the first two modifications, the shorter paths should be more important,
since they reach demand nodes faster. Hence, we express the third modification as an empha-
sis on the paths that are shorter by simply scaling the centrality measure with the weight of the
shortest paths. Putting the first three modifications together, the updated betweenness central-
ity measure is expressed as,

- g5
=22 b

e 1o 8iDj
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where g; denotes the number of shortest paths (calculated based on the debris amounts) from
i€ Ngtoj € Np,and gj;. is the number of times node k belongs to these shortest paths. Weight
(total debris amount) of the shortest path between nodes i and j is equal to D;;.

Furthermore, the supply and demand amounts of the nodes vary, so the paths connecting
different supply and demand nodes should be differentiated. For example, the paths originat-
ing from larger supply nodes and paths that lead to larger demand nodes should be more
important in the restoration activities, so that these nodes can be reached earlier in the plan-
ning horizon. A particular complexity associated with such a prioritization scheme occurs
when the amount of available clearance resources in the current period is not enough to clear
all the debris on the path to reach the large demand nodes. In this case, a better action for the
current period may be to prioritize a road that can be cleared in the current period but leads to
a smaller demand node. As a result, an immediate benefit is accrued for satisfying a demand in
the current period. However, this action might adversely affect the later periods, so it is not
straightforward to establish the trade-off between these two actions. We define a path weight
function ¢(ud;, rs;) in Eq (13) that captures this trade-off to some extent:

rs;ud; [1 — (1——1 >}, it D;> R,
(ud!, rs!) = { tortl (13)

rs;ud;, otherwise.

The path weight function is defined to be increasing with increasing ud; and rs; values.

When the remaining resource amount in the current period ¢, R,, is not enough to recover a
path leading to demand node j, the weight of the path is decreased by a time period dependent
amount. This decrease is larger in the early periods, giving more importance to smaller but
reachable demand in the current period. As a result, the paths leading to large demand nodes
are still prioritized, but if the resources required to clear a road are more than the available
resources, a greedier approach leading to larger demand nodes is adopted.

Taking all the modifications into consideration, the new service network betweenness cen-
trality measure (SNBC), for a node k is given by,

- g; dud, rs)
C=> Z%_J—HD m) (SNBC)

icNg jENp 4 ij ij

Since RNRP seeks to find the sequence of roads (edges) to be restored throughout the plan-
ning horizon, SNBC, which is a measure for the nodes, is converted into a service network
edge betweenness centrality (SNEBC) by adding the SNBC of an edge’s end nodes. For an edge
{k, I}, it can be expressed as,

C,=C,+C,. (SNEBC)

SNEBC-based restoration heuristic for RNRP (cent-restore). The heuristic we develop
to determine scheduling of restoration activities on a disrupted service network has the follow-
ing steps.

Input: Disrupted service network: G(N, E)

Debris amount for each disrupted road {k, I} € E: Wy,
Supply and demand amounts on the nodes
Available clearance resources at each time period #: R,
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Initialization: =1

S,:=0, VteT (S,: set of partially or completely cleared roads at time f)

w, =0, VteT, V{klI} €E (w;: Amount of clearance performed
onroad {k,I} € E at time t)

Wy =W, ¥{k I} € E (W, : Remaining debris on road {k, [} € E)

zp=0 (zg: Objective value)

. Calculate SNEBC, C,;, for all the disrupted roads {k, [} € E that are reachable from any

clearance resource at period t

. Sort the roads in descending order of SNEBC (break ties in favor of the roads with less

debris) and select the first road, {k, I}, from the list

. Add{k,} to S,

3.1. If W, <R,

- Road {k, I} is fully cleared (E := E \ {k,[})

- Identify the demand nodes that connect to a supply node after road {k, I} is cleared

- Immediately satisfy the newly connected demand from the accessible supply nodes
and update the remaining demand and supply amounts on the nodes, add the bene-
fit from satisfying the demands at time # to the objective zy

o Note that if the connected supply is not sufficient to satisfy all the demand on the
recently connected nodes, satisfy as much demand as possible and leave the
unfulfilled demand on any demand node. Since all the demand is connected with
unblocked edges, it does not make any difference which demand node is left
unsatisfied.

- If all the demand in the network is satisfied,
o Terminate the process
o Returnzy, S, w, Vt € T, V{k,I} €E
- Else
o« IfR,=0,thent:=t+1

o Go back to step (1) and repeat the process with the updated demand, supply, and
unblocked and blocked roads’ information

3.2. Else

- Road {k, I} is partially cleared with the available resources at time ¢, R;

it o—
w,, =R,

A — t
- W, =W, —w,
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- Go back to step (1) and repeat the process with the updated remaining debris infor-

mation, W,

When a road {k, [} is selected for clearance at time ¢, it is automatically added to the set S,,
and the amount of clearance that can be performed on that road (depending on the available
resources) is stored in wj ;. Consequently, the amount of available resources at ¢ is diminished
by the amount of clearance performed. If the available resources are not completely depleted, a
new road to clear at time ¢ is sought, otherwise, S, results as the set of roads considered for
clearance at time ¢, and the process moves on to the next time period t + 1 to fillup S, ;.

Note that, the first step is performed many times until termination, and computing the
SNEBC values for every road at each step is computationally inefficient since it involves the
computation of all the shortest paths between all supply-demand node pairs and detecting the
occurrence of particular nodes on paths. We employ several strategies to decrease the compu-
tational burden. First, we use the widely adopted vertex collapse technique to reduce the net-
work size drastically [39, 40]. By this technique, the nodes that are connected with unblocked
roads are collapsed into a super-node and the blocked roads are kept as edges connecting the
super-nodes. If parallel edges exist between super-nodes, only the edge with the least debris is
kept so that there is a single edge connecting each node pair. Next, the calculation of shortest
paths is performed using a Fibonacci heap structure in the implementation of Dijkstra algo-
rithm. Finally, we employ the methodology proposed by Newman [37], which traces back the
shortest path tree to calculate node betweenness centrality based on the shortest path
information.

Computational study setup

The goals of the computational study are threefold: (i) analyzing the accuracy and efficiency of
Cent-Restore with respect to optimal solutions obtained by solving RNRP-MIP; (ii) examining
the impact of networks’ operational and topological properties on their resilience; and (iii)
comparing the performance of the developed heuristic with other prioritization schemes for
restoration efforts.

We group the instance set under two main categories: randomly generated instances and
instances based on realistic settings. Under each category, we further classify the networks
based on their topology. Moreover, for some settings we perform additional testing by varying
the quantity and location of supply nodes, disruption intensity, and other structural attributes
of the networks. Fig 1 demonstrates a high-level grouping of the instances used in the compu-
tational experiments. In the subsequent sections we give detailed explanation of the instance
features.

We create instance types by combining features from each column of Fig 1. An example of
an instance type for a randomly generated instance may be an irregular network (R) with
topology (5, 12) having multiple supplies with finite capacity and a disruption on 50% of its
edges.

Randomly generated instances. Let grid network G(m, n) represents a graph with N(=
m * n) equidistant nodes that are positioned in a rectangular area of height m and width n. We
fix the number of nodes to N = 60, and define three rectangular areas (height x width) to posi-
tion the nodes: 3x20, 5x12, 6x10, and will refer to them as the structure of the instance types.
As the width and height of the rectangle gets closer, average topological distance between the
nodes decreases. As a result, the diameter that refers to the maximum shortest path between
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3x20 ] -
97 Edges ]’
(k)=3.23
D=21, Dg=27 e

5x12
103 Edges
(k)=3.43

Di=15, D=19

6x10
104 Edges
(k)=3.47

Di=14, Dg=16

Instances Topology Structure Supply Disruption
Grid (G) (3,20) Single Distant 50 %
Randomly 5.12) Single Close
Generated (5, Multiple Finite
— ar 3 s 07
Irregular (R) (6,10) Multiple Infinite 80%
Based on Boston Complete All
Realistic Settings Manhattan Partial Boundary of the Map HAZUS

Fig 1. Summary of the instances. Instances are divided into two categories based on the way they are generated:
random or based on realistic settings. If they are randomly generated, they are further divided into two based on their
topology: grid or irregular (resembling a random planar network), then divided into three based on their structure
(height x width), and into four, varying based on the supply capacity and locations. The random disruption results in
either 50% or 80% blockage of the roads. For realistic settings, we use Boston and Manhattan and either define the
instances on a partition of the maps (Partial Instances) or on the entire map (Complete Instances). For the complete
instances, two supply settings are defined: either with all the hospitals, or with just the hospitals on the boundary of the
maps being available. For the partial instances, all the hospitals in that partition are selected to be available. The
earthquake scenarios are simulated with HAZUS [41].

https://doi.org/10.1371/journal.pone.0192272.g001

any pair of nodes decreases. Hence, among the 3 different structured networks, 3x20 has the
largest diameter.

On the other hand, R(m, n) represents an irregular graph with N(= m * n) nodes randomly
positioned in a rectangular area of height m and width n. We define the same three structures
as grid networks, 3x20, 5x12, 6x10 to position 60 nodes. In addition, we set the number of
edges equal to the number of edges of grid networks that have the same structure, so that we
can compare the two instance types properly. As a result, the average degree for the two
instance types with the same structure is the same. Fig 2 demonstrates the structure and some
of the topological properties of the grid and irregular networks.

Fig 2. Illustration of the generated irregular (left panel) and grid (right panel) networks with different diameters. The diameter of the networks
decreases from top to bottom. D and Dy, indicates the diameter of the grid and irregular networks, respectively. (k) indicates the average degree.

https://doi.org/10.1371/journal.pone.0192272.9002
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Fig 3. Examples of road network patterns. Boston with an irregular road network (left panel) and Manhattan with a
grid-like road network (right panel).

https://doi.org/10.1371/journal.pone.0192272.9003

The detailed process we used for building the grid and irregular networks (referred to as
Erd6s-Rényi Planar Graph) can be found in the literature [42, 43].

As Fig 1 suggests, we generate four supply scenarios: (i) Single Distant, single supply point
with a large or infinite capacity, positioned on the node with the largest average metric dis-
tance from all the other nodes, (ii) Single Close, single supply point with a large or infinite
capacity, positioned on the node with the smallest average metric distance from all the other
nodes, (iii) Multiple Finite, multiple supply points located randomly, each having the same
finite capacity (total supply capacity is set to be just enough to satisfy the total demand), (iv)
Multiple Infinite, multiple supply points located randomly, all having a large or infinite
capacity.

We refer the reader to S2 Appendix for a detailed explanation on how the parameters such
as debris amounts, clearance resources, and demand nodes are randomly set for different
instance types.

Instances based on realistic settings. Over time, urban cities evolved in two distinct
ways; self-organized and planned [44]. For the analysis of instances based on realistic settings,
we select one city representing each category. Manhattan, widely known by its grid-patterned
road network, is selected for representing a planned city [30, 45]. On the other hand, Boston is
selected for representing a self-organized city (irregular network) due to the lack of city plan-
ning in most of its areas [46].

We extract the road networks for Boston and Manhattan from the Massachusetts GIS [47]
and New York State GIS Clearinghouse [48], respectively. Next, we clean the extracted net-
works based on their road features. For instance, any isolated road which renders the network
disconnected, thoroughfares such as walkways, stairways, driveways, parking areas, docks,
bicycle roads etc. are removed from the data. A localized view of the road patterns for two cit-
ies is shown in Fig 3.

First, we use disaster simulation software HAZUS of Federal Emergency Management
Agency (FEMA) to estimate debris amounts on the roads by generating different disaster sce-
narios [41]. Fig 4 demonstrates three different earthquake scenarios with varying epicenters
but having the same depth (10 km) and magnitude (7.0). The earthquake model HAZUS pro-
vides has a sophisticated debris estimation tool, which has been proven to provide accurate
estimates [49]. As an outcome of the disaster simulation, it provides the debris estimates on
the census tracts. In order to generate the debris amounts on the road segments, we first clas-
sify roads based on their census tracts and distribute the aggregate debris on the corresponding
tracts proportional to the roads’ physical lengths. When the estimated amount of debris on a
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Fig 4. Epicenters of 3 earthquake scenarios on maps of Boston (left panel) and Manhattan (right panel). All three
earthquake scenarios have a magnitude of 7.0 and a depth of 10 km.

https://doi.org/10.1371/journal.pone.0192272.9004

road is small enough, i.e. if it takes less than 10 minutes to be cleared by the available clearance
resources, that debris is omitted, and the road is assumed to be unblocked.

As Feng et al. suggest, we assume the clearing rate of a clearance team (resource) to be
250m°/hr [5], and we assume that the clearance teams work 10hr/day on average. HAZUS pro-
vides the debris estimates in terms of mass (tons), thus we convert the volume-based clearance
rate (m>/hr) to a mass-based rate (tons/hr) using guidelines provided by FEMA [50]. We set
different values for the number of clearance teams for each disaster scenario so that the ratio of
the total clearance ability of the resources to the total debris amount generated by each disaster
scenario would be the same, and as a result the comparison between different scenarios will
not be biased. Having at most 750 clearance teams is a reasonable assumption [49]; in this
work we relaxed this assumption slightly to having at most ~800 clearance teams.

We generate demand amounts on nodes based on the population and debris intensity on
census tracts. We associate a unit of demand with a single person. First, we generate an aggre-
gate demand value at each census tract by scaling the census tract populations (retrieved from
HAZUS’ database) with respect to the debris amount on that tract. For instance, in the areas
where debris amount is low, the number of people with demand will be low. This number
grows exponentially as the debris amount increases. Then, for each tract we randomly select a
set of nodes and associate a demand amount with them in such a way that the demand value
on any particular node would be at least five people.

Hospital locations and their capacities are also retrieved from the HAZUS database. We
assume that the total supply capacity is at least equal to the amount of total demand, thus we
scale the given capacities of hospitals so that the total supply is just enough to cover all the
demand but is not excessive. In order to compare instances properly, we fix the ratio of total
demand to supply. As mentioned in Fig 1, in addition to conducting experiments with all the
hospitals, we generate a new scenario keeping the hospitals close to the boundaries of the
maps. The hospitals in this supply scenario are marked with a dashed ellipse of Fig 5.

Fig 5 demonstrates the road network of Boston and Manhattan along with hospital loca-
tions and a sample earthquake epicenter. Figs 6 and 7 display the estimated debris amounts on
census tracts and the resulting demand nodes from the sample earthquake illustrated in Fig 5.
We determine four levels of debris intensity on census tracts that are differentiated by color as
indicated by the legend. In the given earthquake scenario, the highest amount of debris in
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Fig 5. Road networks of Boston and Manhattan with all the hospitals and a sample earthquake scenario. We simulate a sample
earthquake scenario with the epicenter as indicated, having a depth of 10 km and a magnitude of 7.0. We determine a subset of the
hospitals that are close to the map boundary as indicated by the dashed ellipsoid on the maps. Maps are composed in ESRI ArcGIS
10.2.2.

https://doi.org/10.1371/journal.pone.0192272.9g005

Debris amount (thousands of ton)

o - 2321
[ 23211 - 4619
46191 - 691.1
B 60111 - 14532

Fig 6. Boston after disruption. Debris amounts on the census tracts and resulting demand nodes from the sample earthquake in Fig 5 demonstrated on the
middle and right panel (partial Boston instance), respectively. Maps are composed in ESRI ArcGIS 10.2.2.

https://doi.org/10.1371/journal.pone.0192272.9006
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Fig 7. Manhattan after disruption. Debris amounts on the census tracts and resulting demand nodes from the sample earthquake in
Fig 5 demonstrated on the middle and right panel (partial Manhattan instance), respectively. Maps are composed in ESRI ArcGIS
10.2.2.

https://doi.org/10.1371/journal.pone.0192272.9007

Boston is accumulated in the downtown area, whereas in Manhattan the high debris tracts are
distributed in the midtown and downtown areas.

In our experiments, we either use the entire Boston and Manhattan map (complete
instances), or we extract a sub-section of the maps with similar structural characteristics for
the two cities (partial instances). The right panels of Figs 6 and 7 illustrate the partial instances
with debris distributions for Boston and Manhattan, respectively.

Table 1 summarizes the important topological and structural features and disruption based
properties for Boston and Manhattan instances. The values pertaining to the disruption are the
average for three different earthquake scenarios, indicated in Fig 4.

From Table 1, we observe that when the post-disruption effect is included in the calculation
of demand nodes and blocked roads, as in the case of complete instances, the percentage of
demand nodes and blocked roads is higher in Manhattan compared to Boston. This is mainly
because of the geographical and structural properties (population, building types, occupancy,
etc.) in Manhattan that lead to more debris and consequently to greater demand. However, for
the partial instances, we distribute the debris on the roads and demand on the nodes in such a
way that the percentage of demand nodes and debris-blocked roads are the same for Boston
and Manhattan, which is almost ~~100%. This way, we exclude any difference in the instances
that might result from debris or demand distribution.
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Table 1. Properties of Boston and Manhattan instances.

Complete Instance Partial Instance
Indicator Boston Manhattan Boston Manhattan
Topological and Structural N 12,035 7,701 1,638 1,671
E 16,854 12,131 2,280 2,617
(k) 2.8 3.15 2.78 3.13
|Ns| 21 20 5 5
P 617,059 1,572,562 72,662 287,283
Disruption related Total debris 19,376 48,149 6,608 20,762
|E|-(%) 8,488-(50%) 9,327-(76.8%) 2,280-(100%) 2,617-(100%)
Total demand 13,929 42,117 12,735 23,941
|Np|-(%) 794-(6.6%) 709-(9.2%) 1,638 —(~ 100%) 1,671-(~ 100%)
Total supply 14,217 42,971 12,992 24,422
R 325 785 111 347
Lavg 50.64 195.88 47.64 168.47

First half of the table specifies the topological and structural properties of the networks that do not change with a disruption. The second half indicates the attributes that
emerge as a result of the disruption. Notation: N = Number of nodes, E = Number of edges, (k) = Average degree, [Ns| = Number of supply nodes, P = Population, |E| —
(%) = Number of blocked roads and its percentage over all the roads, |Np| — (%) = Number of demand nodes and its percentage over all the nodes, R = Amount of
available clearance resources per period, L, Average shortest path distance between all node pairs: m > ” Dy, where Dj; is the shortest path distance between node
iand j calculated with debris amounts as weights.

https://doi.org/10.1371/journal.pone.0192272.t001

Results
Validating the heuristic

In order to assess the quality of solutions generated by the Cent-Restore heuristic, we compare
the solutions obtained via Cent-Restore to the RNRP-MIP solutions for the randomly gener-
ated instances. We solve RNRP-MIP with CPLEX 12.6.1 optimization solver. At each iteration
CPLEX finds two values: (i) an upper bound (UB) on the optimal objective function value
obtained by a relaxed solution, and (ii) a lower bound (LB) on the optimal objective function
value obtained by the best feasible solution. The optimality gap of RNRP-MIP (GAP,p) at any
given time is computed as in Eq (14), and the gap decreases as these values converge to each
other.

For a particular solution and its corresponding objective value z; proposed by the Cent-
Restore heuristic, the optimality gap for the heuristic (GAPg) can be calculated as in Eq (15).

UB— LB
GAP,, = ——2 4100 (14)
UB —
GAP, = —— 1 4100 (15)
ZH

Note that, if the optimization solver identifies (or verifies) an optimal solution, the optimal-
ity gap for RNRP-MIP becomes 0%. Then, the UB in GAPp calculation becomes equal to the
optimal objective function value. However, if the optimization solver is not able to identify an
optimal solution in a given amount of time, GAPy becomes an overestimate of the actual opti-
mality gap since it is calculated with the upper bound on the optimal objective function value.

PLOS ONE | https://doi.org/10.1371/journal.pone.0192272  February 14,2018 16/28


https://doi.org/10.1371/journal.pone.0192272.t001
https://doi.org/10.1371/journal.pone.0192272

@° PLOS | ONE

Restoration of services in disrupted infrastructures

Table 2. Computational performance for randomly generated networks when 80% of the roads are blocked with debris.

Grid
Network

G(3,20)

G(5,12)

G(6, 10)

Supply
Scenario

Distant
Close
Multi-Finite
Multi-Infinite
Distant
Close
Multi-Finite
Multi-Infinite
Distant
Close
Multi-Finite
Multi-Infinite

Time
(Opt.)
24
24
24
24
24
24
24
24
24
24
24
24

RNRP-MIP Cent-Restore Irregular Supply RNRP-MIP Cent-Restore
Time | GAP |Time GAP Network Scenario Time Time | GAP Time GAP
(B.) ©pt) | (B)
6.12 19.2% | <1s.|20.13% R(3, 20) Distant 8.5 0.1 0% | <Is.|0.38%
0.15 21.26% | <1s. | 24.6% Close 7.2 0.2 0% | <Is.|0.8%
0.11 13.25% | <1s. | 14.12% Multi-Finite 10.2 0.3 0% | <Is.|1.5%
0.8 7.34% | <ls. | 7.83% Multi-Infinite 9.5 0.1 0% | <Is.|0.9%
1.17 22.51% | <1s. | 25.6% R(5,12) Distant 4.3 0.1 0% | <Is.|0.9%
3.83 16.93% | <1s. | 17.5% Close 4.6 0.08 0% | <Is.|0.57%
1.57 17.82% | <1s. | 19.11% Multi-Finite 8.1 0.34 0% | <ls.|0.71%
2.87 10.08% | <1s. | 11.52% Multi-Infinite 5.6 0.12 0% | <Is.|0.62%
6.15 17.91% | <1s. | 19.22% R(6, 10) Distant 3.4 <lmin. | 0% | <ls. | 0.28%
3.64 21.15% | <1s. | 23.42% Close 5.1 <lmin. | 0% | <1s.|0.4%
3.26 11.83% | <1s. | 13.10% Multi-Finite 6.7 <lmin. | 0% | <ls.|0.2%
1.09 9.10% | <1s. | 10.34% Multi-Infinite 5.5 <lmin. | 0% | <1s.|0.1%

Grid network results are on the left side, irregular network results are on the right side. Unless otherwise indicated, the time units are in hours.

https://doi.org/10.1371/journal.pone.0192272.t1002

Table 2 summarizes the computational performance of Cent-Restore heuristic and
RNRP-MIP in terms of the CPU time for instances with 80% blocked roads. Computational
results for instances with 50% blocked roads are presented by S2 Table. We report two differ-
ent time metrics for RNRP-MIP: time to prove optimality (Time (Opt.)) and time to find the
best feasible solution (Time (B.)). In this way, we can observe whether the solver keeps improv-
ing the feasible solution over time or tries to prove an already found feasible solution as opti-
mal by decreasing the upper bound. The maximum time we allow the solver to run is 24
hours.

The experiments in this section are conducted on a computing cluster node with Intel E5
2650 CPU’s @ 2.00 GHz and 128 GB of RAM. We average the results over 10 replications for
each instance type, which creates a total of 240 realizations.

As the results indicate, for grid networks the optimization solver fails to find a provably
optimal solution within 24 hours. However, the time to find the best feasible solution is signifi-
cantly less than 24 hours. Furthermore, the Cent-Restore is able to provide a good result based
on the gap in less than 1 second. Optimality gaps for the RNRP-MIP and Cent-Restore heuris-
tic are very close, suggesting that the heuristic solution is very close to the best feasible solution
found by RNRP-MIP. Furthermore, the fact that the best found solution is not improved for a
long time by RNRP-MIP may imply the optimal solution could be in the vicinity of the best
feasible solution.

For irregular networks, the time for the solver to find a provably optimal solution is compa-
rably less than grid networks, but larger than the time of Cent-Restore. We observe that the
optimality gap for the heuristic solutions, calculated with the optimal objective function value,
is less than 1%, except for one instance type.

In sum, we claim that for irregular networks, Cent-Restore provides near-optimal results
within a second. For grid networks, within a second Cent-Restore finds solutions very close to
the best feasible solution achieved by the RNRP-MIP in 24 hours. However, for these instance
types optimality is not proven due to the underlying computational difficulty.
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Resilience implications

In order to evaluate the resilience of a CIS, we employ the framework proposed by Bruneau

et al. [33]. We use the notion of resilience curve, a line plot, to demonstrate the evolution of a
system’s functionality over time with respect to a quality metric. In this paper, we denote the
metric by Q(f) and define it as the proportion of satisfied demand reached and served by sup-
ply nodes, varying between 0 and 1. This implies that the emergency service network returns
to its fully functional state when Q(f) = 1. The time dimension for the Q(f) curve starts from a
period where the system is fully functional, denoted by F, then the disruption occurs that
causes Q(t) to drop down steeply. The period when the restoration operations begin is denoted
by time 0. As Bruneau et al. suggests, the area under the resilience curves implies the degree of
resilience. This way, resilience of the system is not characterized by a single value but rather by
a process that involves multiple dimensions [33].

Randomly generated instances. For each randomly generated instance type (see Fig 1,
e.g. Irregular, 3x20, Supply Distant, 80%) we generate 200 random disruption scenarios, and
use Cent-Restore to establish a schedule for the restoration activities. The resulting percentage
of satisfied demand over time is averaged over all scenarios and used as the quality metric in
the resilience curves (Fig 8). Note that, we only include the instance types with 80% disruption,
simply because for these instances the difference between them is clearer.

When we analyze the resilience curves in Fig 8 for each topology (grid or irregular), we
observe that regardless of the network structure, having multiple supplies with a large capacity
is the best supply setting in terms of resilience. Moreover, having a single supply point with a
big or infinite capacity located in the most distant node of the network is the worst supply
setting.

G(3,20) G(5,12) G(6,10)

R(3,20) R(5,12)

Multiple-Finite Multiple-Infinite ~—— Single Distant Single Close |

Fig 8. Resilience curves for grid and irregular networks with different structures. Top panels: Resilience curves for grid networks
G(3,20), G(5,12), G(6,10), from left to right. Bottom panels: Resilience curves for irregular networks R(3,20), R(5,12), R(6, 10), from left to
right. In all of the graphs four different supply settings (single distant, single close, multiple-finite, and multiple-infinite) are represented.

https://doi.org/10.1371/journal.pone.0192272.9008
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Multiple-Finite Multiple-Infinite

Single Distant

R(3,20) ‘

Fig 9. Resilience curves for each supply setting. Six different network instances are illustrated for each supply setting. The
localized view suggests that grid networks are more resilient than the irregular networks that have the same structure.

G(6,10) G(5,12) G(3,20) R(6,10) R(5,12)

https://doi.org/10.1371/journal.pone.0192272.9009

In all of the charts, the difference between single supply scenarios, distant and close, is
remarkably large. This gap becomes even more evident in the irregular networks, and specifi-
cally for the 3x20 structured instances. Hence, as the shape of the network gets more elongated
and the diameter of the network increases, the supply location has a bigger influence on resil-
ience. To sum it all up, we claim that when the disruption is distributed uniformly at random,
positioning of supply is a factor to improve resilience, and the extent of improvement depends
on the structural features, especially the diameter, of the networks.

Furthermore, for the irregular networks, the quantity and location of supply makes a larger
difference in the resilience of instances compared to the grid networks (the gaps between the
resilience curves corresponding to different supply settings for irregular networks is more evi-
dent than for grid networks, see Fig 8). Hence, we can state that irregular networks are more
sensitive to supply quantities and locations compared to grid networks.

Fig 9 demonstrates the resilience curves for each randomly generated instance under each
supply setting. In a closer view, at each supply setting, for the networks with the same structure
(e.g- G(3,20) and R(3,20)), we observe that, on average, the grid instance’s resilience curves are
above the irregular instance’s resilience curves. Overall, we confirm that grid networks are
more resilient than irregular networks. This claim is supported by a set of papers in the litera-
ture that study the network functionality after a random attack. They suggest that grid net-
works are more robust to disruptions than random irregular networks [30, 51].

Instances based on realistic settings. In this section, we illustrate the impact of various
restoration strategies that are built on different prioritization rules the resilience of Boston and
Manhattan. Furthermore, we explore the influence of the operational attributes of the overlaid
emergency service network, the topology of the underlying road network, and the disruption
distribution on the resilience.
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Fig 10. Resilience curves for different restoration strategies for the complete (on the upper panel) and partial (on
the lower panel) Boston and Manhattan instances. Comparison of five different restoration strategies for the
disruption scenarios on Manhattan (on the left side) and Boston (on the right side). Notation: BC = Road prioritization
based on the generic betweenness centrality measure, BC + debris = BC and shortest paths in the BC measure are
calculated with the debris amounts and the measure is scaled based on the shortest path value, BC + debris + limited
node-pairs = BC + debris and BC measure is limited to supply and demand node pairs, Cent-Restore = Our heuristic
for the RNRP problem; BC + debris + limited node-pairs and BC measure is scaled with supply and demand amounts.
Time specified in the horizontal axis by ¢ is in days.

https://doi.org/10.1371/journal.pone.0192272.9010

Fig 10 illustrates the superiority of the Cent-Restore heuristic to four other restoration strat-
egies for Boston and Manhattan instances. One of these strategies is based on FEMA’s recovery
plan. In the most recent post-disaster guidelines FEMA provides [3], road clearance schedules
are established by taking road attributes into account. Roads are prioritized for recovery based
on their class: major arterial routes and primary highways are cleared first, local roads are
cleared last. Based on our data, we group the roads into six main classes, with decreasing prior-
ity: primary highways, primary roads, secondary and connecting roads, local neighborhood
and rural roads, roads with special characteristics, and other roads. We observe in Fig 10 that
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such prioritization of roads for recovery does not perform well with respect to resilience com-
pared to the other restoration strategies.

The second strategy we implement is prioritization of restoration efforts based on the classi-
cal edge betweenness centrality; for an edge it is calculated as the summation of the generic
node betweenness of its end nodes. Bhatia et al. claim that restoring disrupted components
based on betweenness centrality connects the network faster than many other topology-based
prioritization strategies, and has proven to be a very good strategy [34]. However, when the
point of interest is the restoration of services and not merely re-establishing the connectivity
within the network, prioritizing restoration efforts solely based on betweenness centrality (BC)
emerges as one of the worst strategies, as depicted in Fig 10.

We accept BC as the simplest strategy, and create more complex strategies by improving
the measure it uses, eventually leading to the Cent-Restore heuristic. First, we modify the mea-
sure used by BC by calculating the shortest paths using debris amounts rather than metric dis-
tances and scaling them by their shortest path value. We introduce a new restoration strategy
based on this modified measure (BC + debris). As observed in Fig 10 this is a more effective
strategy than BC, hence we claim that including the post-disruption attributes, such as disrup-
tion intensity (debris amounts) on the network components, on the recovery plan has a signifi-
cant impact on resilience.

Next, on top of the first modification, we limit the node pairs accounted for while calculat-
ing the measure of BC to supply-demand node pairs. We display the resilience curves for this
strategy (BC + debris +limited node-pairs) in Fig 10 and observe that creating a recovery plan
based on the essential node pairs improves resilience even more.

Overall, we observe how the modifications on BC gradually improve the efficiency of the
restoration strategies with respect to resilience, and the best strategy appears to be Cent-
Restore, which includes weights for supply and demand amounts in the calculations. Hence,
we conclude that including the operational characteristics of the service networks is crucial to
improving resilience.

Fig 11 illustrates the resilience curves for Cent-Restore for comparison of the Boston and
Manbhattan instances, when the complete and partial instances are used. Recall that, for the
randomly generated instances when the disruption is distributed uniformly at random, we
showed that the grid instances are more resilient than irregular instances. However, when we
compare instances based on realistic settings (Fig 11, left panel), we observe that Boston recov-
ers faster than Manhattan, which contradicts our previous claim. This is due to the fact that, in
realistic settings, the distribution of the debris on the roads and the demand over the affected
area are not distributed uniformly at random. In Table 1, we report the difference between the
percentage of demand nodes and the percentage of blocked roads for the complete instances
of Boston and Manhattan.

In the case of partial instances, we observe that Manhattan recovers faster than Boston (see
Fig 11, right panel), which is aligned with our first statement. Recall that, when we extract a
partition from the instances when there is a disruption, or when there is a demand, the distri-
bution becomes uniform; 100% of the roads are blocked and 100% of the nodes are associated
with a demand value. In addition, for the randomly generated instances that are included in
the analysis, the percentage of demand is 50% and percentage of blocked roads is 80%. Taking
all into account, we conclude that post-disruption characteristics (i.e. disruption distribution)
are crucial to analyzing a network’s resilience. That is, in order to determine a city’s resilience
we can not only work with pre-disruption attributes, but we need to perform a disruption sce-
nario analysis and include the post-disaster impacts.

In order to explain the extent of the impact of the debris distribution on the resilience of
different networks, we illustrate the rough distribution of average debris shortest path distance
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Fig 11. Resilience curves for Boston and Manhattan instances. Comparison of the resilience curves resulting from
the Cent-Restore heuristic for the complete instance (left panel), and the partial instance (right panel).
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(L,,,) of a demand node i to all the other nodes in the network by plotting its histogram in

Fig 12. This gives an effective understanding of the location of a demand node and whether it
is easily reachable or not, due to its place inside a highly disrupted area. In a sense, it indicates
how the debris is accumulated or dispersed. On the upper panel, when the disruption is on the
complete instances, we observe that more nodes in the Boston network are easily reachable
because they have a lower average distance. On the other hand, for the Manhattan network the
distribution is peaked around the medium-distances, suggesting a less reachable demand node
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Fig 12. Distribution of the average distance between node-pairs. The average distance of demand node i to the rest
of the nodes is calculated as: L;,, = 75 3_,; D; and normalized in order to compare different amounts in Boston and
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Manhattan data properly.
https://doi.org/10.1371/journal.pone.0192272.9012
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distribution than Boston. However, we observe that the histogram plots show difference for
the partial instances. On the lower panel, we notice that there are more nodes in Manhattan
that are easily reachable compared to Boston. These results elucidate the resilience curve per-
formance (Fig 11) in which we observe a more resilient network for the partial Manhattan
instance and complete Boston instance.

To solidify this claim, we run additional experiments where the demand distribution and
disruption is created uniformly at random on complete instances, and compare resulting resil-
ience curves (averaging over 10 realizations) for the Cent-Restore. Fig 13 demonstrates that in
such a disruption scheme, Manhattan (grid network) appears more resilient than Boston
(irregular network).

When discussing the randomly generated instances, we prove that the most distant nodes
(metric distance) in the network are the worst locations for supply nodes. We experiment with
a similar setting for Boston and Manhattan instances, and create a hypothetical scenario in
which only the hospitals that are close to the boundaries of the maps are left as supply nodes
(see Figs 7 and 6). The supply amount in these hospitals is scaled up to satisfy all the demand.
Fig 14 displays the resilience curves resulting from Cent-Restore for the two supply scenarios:
with all the hospitals and the other with a subset of hospitals that are close to the boundaries of
the maps.

We observe that the difference between the curves is unnoticeable. This suggests that the
metric distances of the road network are not enough to determine the goodness of supply loca-
tions, which was the case in randomly generated instances. Overall, we claim that the effective-
ness of the supply position depends on the disruption, and the operational attributes of the
disrupted service network.

To sum it all up, we show that analyzing post-disruption related characteristics of infra-
structure systems are essential to develop an efficient recovery plan to restore services. Even
though pre-planning is an important phase in disaster management, pre-known topological
features of the networks are not sufficient to establish a good schedule for recovery efforts.
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Instead, learning the impact of the disruption and utilizing this knowledge in a fast heuristic to
find a better schedule helps to restore functions of the networks faster. For the complete Bos-
ton and Manhattan instances, solving Cent-Restore takes an average of five and seven minutes,
respectively. For the partial instances, this reduces down to one minute, on average, for both of
the maps.

In addition, when the goal is to recommend restoration strategies for service networks, the
results confirm that if the disruption is not distributed uniformly at random which is the case
in realistic settings, the topological properties of the underlying infrastructure networks lose
their significance, and the operational attributes of the overlaying disrupted service network
gain importance. Hence, it is not possible to label a network as more resilient by merely look-
ing at its topological structure, which is the case in most of the existing literature.

Discussion

In this paper, we integrated ideas from the field of network science and operations research to
establish effective recovery plans to improve the resilience of critical infrastructure systems. In
addition, we provide insights on how the information on the impact of a disruption and the
operational and topological attributes of service networks benefit the resilience analysis.

We propose a novel centrality measure, SNEBC, to assess the criticality of the disrupted ser-
vice network components, and use this measure to develop a heuristic, Cent-Restore, for build-
ing a restoration schedule for disrupted CIS.

As an illustrative case study, we explore the road network recovery problem (RNRP) in the
context of post-disaster response and recovery. In this case, the disruption is caused by debris
on the roads that obstructs accessibility in the network. The goal is to re-establish the connec-
tivity of medical care facilities and disaster survivors to enable the flow of services in a timely
manner by clearing the roads.

For this problem, we use two types of instances: (i) randomly generated instances, and (ii)
instances based on realistic settings, Boston and Manhattan. For randomly generated
instances, we prove that Cent-Restore provides near-optimal results in a comparably short
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time. For the realistic instances, we evaluate the performance of Cent-Restore with respect to
resilience by comparing it with other restoration strategies that are based on different prioriti-
zation rules of the disrupted components. We show that Cent-Restore re-establishes the ser-
vices faster than other considered strategies. This is because, Cent-Restore incorporates the
service and post-disruption related characteristics of the networks while generating a restora-
tion schedule.

In addition, we demonstrate that if the disruption is distributed uniformly at random, grid
networks are more resilient than irregular networks. Positioning supply locations far away (in
terms of metric distance) from the rest of the nodes appears to greatly hamper resilience. In
addition, supply capacities and positions are more important for irregular networks.

However, in realistic settings, disruption intensity varies over the network, hence the distri-
bution of the disruption and demand locations vary. When this is the case, we conclude that
using the topological attributes of the underlying infrastructure networks is not sufficient to
derive effective restoration strategies. The distribution of the disruption on the overlaying ser-
vice network and the location and capacity of the service components (such as demand and
supply) within the disrupted network is more important. As we observe in Fig 10, considering
the post-disruption and service related components in the restoration strategies gradually
improves resilience. Also, we observe how topological attributes of the networks lose their sig-
nificance when it comes to determining good locations for the supply points (Fig 14).

In sum, either the post-disruption effects could be forecasted in the pre-planning phase and
an optimal restoration schedule can be sought, which is computationally cumbersome, or the
real impact of the disruption could be learned in the response phase and utilized in a fast heu-
ristics (such as Cent-Restore) to generate a near-optimal restoration schedule.

As a potential future work, we consider disruption scenarios on interdependent networks.
Study of interdependent infrastructures is crucial since many CIS are highly interconnected
and a failure on any of these systems can lead to cascading failures and may have severe results.
The goal is to extend the centrality measure we present in this study by incorporating the char-
acteristics of these interdependent networks and provide an efficient restoration strategy for
the entire interconnected system.
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S1 Fig. The benefit function, b’. The function is calculated with parameters: 4 = 0.2 and

C = 120. The value of the function for each time period ¢ € T is the benefit parameter b' in the
objective function of RNRP-MIP. For illustration, the planning horizon is limited to the first
20 periods.

(TIF)

S1 Appendix. Proof of Theorem 1.
(PDF)

$2 Appendix. Instructions on how to create the randomly generated instances.
(PDF)

S1 Table. Notation for RNRP-MIP. Any time period referred as t belongs to the set T; t € T.
(PDF)

S2 Table. Computational performance for randomly generated networks when 50% of the
roads are blocked with debris. Grid network results are on the left side, irregular network
results are on the right side. Unless otherwise indicated, the time units are in minutes.

(PDF)

PLOS ONE | https://doi.org/10.1371/journal.pone.0192272  February 14,2018 25/28


http://www.plosone.org/article/fetchSingleRepresentation.action?uri=info:doi/10.1371/journal.pone.0192272.s001
http://www.plosone.org/article/fetchSingleRepresentation.action?uri=info:doi/10.1371/journal.pone.0192272.s002
http://www.plosone.org/article/fetchSingleRepresentation.action?uri=info:doi/10.1371/journal.pone.0192272.s003
http://www.plosone.org/article/fetchSingleRepresentation.action?uri=info:doi/10.1371/journal.pone.0192272.s004
http://www.plosone.org/article/fetchSingleRepresentation.action?uri=info:doi/10.1371/journal.pone.0192272.s005
https://doi.org/10.1371/journal.pone.0192272

@° PLOS | ONE

Restoration of services in disrupted infrastructures

Acknowledgments

Authors acknowledge the support of National Science Foundation (NSF) through civil,
mechanical and manufacturing innovation grant #1537824.

Author Contributions

Conceptualization: Aybike Ulusan.

Data curation: Aybike Ulusan.

Funding acquisition: Ozlem Ergun.

Investigation: Aybike Ulusan.

Methodology: Aybike Ulusan, Ozlem Ergun.

Project administration: Aybike Ulusan.

Resources: Aybike Ulusan.

Software: Aybike Ulusan.

Supervision: Ozlem Ergun.

Validation: Aybike Ulusan.

Visualization: Aybike Ulusan.

Writing - original draft: Aybike Ulusan.

Writing - review & editing: Ozlem Ergun.

References

1.

10.

11.

Marsh RT. Critical Foundations: Protecting America’s Infrastructures—The Report of the President’s
Commission on Critical Infrastructure Protection. 1997 Oct. Available from: https://www.nist.gov/sites/
default/files/documents/2017/04/26/keyes_part2_032613.pdf Cited Jan 2016.

Miller HJ, Cutter SL, Richardson DB, Wilbanks T. Transportation and Communication Lifeline Disrup-
tion. Geographic Dimensions of Terrorism. 2003: 145—152.

FEMA, Federal Emergency Management Agency. Public Assistance: Debris Management Guide. 2007
Jul. Available from: https://www.fema.gov/pdf/government/grant/pa/demagde.pdf Cited Jan 2016.

Chen A, Yang C, Kongsomsaksakul S, Lee M. Network-based accessibility measures for vulnerability
analysis of degradable transportation networks. Networks and Spatial Economics. 2007 Sep 1; 7
(3):241-586. https://doi.org/10.1007/s11067-006-9012-5

Feng CM, Wang TC. Highway emergency rehabilitation scheduling in post-earthquake 72 hours. Jour-
nal of the 5th Eastern Asia Society for Transportation Studies. 2003 Oct; 5:3276-3285.

Matisziw TC, Murray AT, Grubesic TH. Strategic network restoration. Networks and Spatial Economics.
2010 Sep 1; 10(3):345-361. https://doi.org/10.1007/s11067-009-9123-x

Boérner K, Sanyal S, Vespignani A. Network science. Annual review of information science and technol-
ogy. 2007 Jan 1; 41(1):537-607. https://doi.org/10.1002/aris.2007.1440410119

Nagurney A. Comment on “Catching the Network Science Bug” by David L. Alderson. Operations
Research (Online Forum Commentary) 2008 Oct; 56(5):5.

Alderson DL. Catching the “Network Science” Bug: Insight and Opportunity for the Operations
Researcher. Operations Research. 2008 Oct; 56(5):1047—-1065. https://doi.org/10.1287/opre.1080.
0606

Celik M, Ergun O, Keskinocak P. The post-disaster debris clearance problem under incomplete informa-
tion. Operations Research. 2015 Feb 17; 63(1):65-85. https://doi.org/10.1287/opre.2014.1342

Nurre SG, Cavdaroglu B, Mitchell JE, Sharkey TC, Wallace WA. Restoring infrastructure systems: An
integrated network design and scheduling (INDS) problem. European Journal of Operational Research.
2012 Dec 16; 223(3):794—806. https://doi.org/10.1016/j.ejor.2012.07.010

PLOS ONE | https://doi.org/10.1371/journal.pone.0192272  February 14,2018

26/28


https://www.nist.gov/sites/default/files/documents/2017/04/26/keyes_part2_032613.pdf
https://www.nist.gov/sites/default/files/documents/2017/04/26/keyes_part2_032613.pdf
https://www.fema.gov/pdf/government/grant/pa/demagde.pdf
https://doi.org/10.1007/s11067-006-9012-5
https://doi.org/10.1007/s11067-009-9123-x
https://doi.org/10.1002/aris.2007.1440410119
https://doi.org/10.1287/opre.1080.0606
https://doi.org/10.1287/opre.1080.0606
https://doi.org/10.1287/opre.2014.1342
https://doi.org/10.1016/j.ejor.2012.07.010
https://doi.org/10.1371/journal.pone.0192272

@° PLOS | ONE

Restoration of services in disrupted infrastructures

12

13.

14.

15.

16.

17.

18.

19.

20.

21.

22,

23.

24,

25.

26.

27.

28.

29.

30.

31.

32.

33.

Aksu DT, Ozdamar L. A mathematical model for post-disaster road restoration: Enabling accessibility
and evacuation. Transportation Research Part E: Logistics and Transportation Review. 2014 Jan 31;
61:56—67. https://doi.org/10.1016/j.tre.2013.10.009

Chen YW, Tzeng GH. Determining the optimal reconstruction priority of a post-quake road network.
Computing in Civil and Building Engineering. 2000 Jul 31:686—693. https://doi.org/10.1061/40513(279)
90

Averbakh |. Emergency path restoration problems. Discrete Optimization. 2012 Feb 29; 9(1):58—-64.
https://doi.org/10.1016/j.disopt.2012.01.001

Liberatore F, Ortuiio MT, Tirado G, Vitoriano B, Scaparra MP. A hierarchical compromise model for the
joint optimization of recovery operations and distribution of emergency goods in Humanitarian Logistics.
Computers & Operations Research. 2014 Feb 28; 42:3—13. hitps://doi.org/10.1016/j.cor.2012.03.019

Gong J, Lee EE, Mitchell JE, Wallace WA. Logic-based multiobjective optimization for restoration plan-
ning. Optimization and Logistics Challenges in the Enterprise. 2009 Jun 17; 30:305-24. https://doi.org/
10.1007/978-0-387-88617-6_11

Averbakh |, Pereira J. The flowtime network construction problem. lie Transactions. 2012 Aug 1; 44
(8):681-94. https://doi.org/10.1080/0740817X.2011.636792

Ang CC. Optimized recovery of damaged electrical power grids. Ph.D. Thesis, Naval Postgraduate
School. 2006. Available from: http://hdl.handle.net/10945/2859

Xu N, Guikema SD, Davidson RA, Nozick LK, Cagnan Z, Vaziri K. Optimizing scheduling of post-earth-
quake electric power restoration tasks. Earthquake Engineering & Structural Dynamics. 2007 Feb 1; 36
(2):265—-284. https://doi.org/10.1002/eqe.623

Kalinowski T, Matsypura D, Savelsbergh MW. Incremental network design with maximum flows. Euro-
pean Journal of Operational Research. 2015 Apr 1; 242(1):51-62. https://doi.org/10.1016/j.ejor.2014.
10.003

Baxter M, Elgindy T, Ernst AT, Kalinowski T, Savelsbergh MW. Incremental network design with short-
est paths. European Journal of Operational Research. 2014 Nov 1; 238(3):675-684. https://doi.org/10.
1016/j.ejor.2014.04.018

Cavdaroglu B, Hammel E, Mitchell JE, Sharkey TC, Wallace WA. Integrating restoration and scheduling
decisions for disrupted interdependent infrastructure systems. Annals of Operations Research. 2013
Mar 1; 203(1):279-294. https://doi.org/10.1007/s10479-011-0959-3

Holme P, Kim BJ, Yoon CN, Han SK. Attack vulnerability of complex networks. Physical Review E.
2002 May 7; 65(5):056109. https://doi.org/10.1103/PhysRevE.65.056109

Albert R, Jeong H, Barabasi AL. Error and attack tolerance of complex networks. Nature. 2000 Jul 27;
406(6794):378-382. https://doi.org/10.1038/35019019 PMID: 10935628

Berche B, Von Ferber C, Holovatch T, Holovatch Y. Resilience of public transport networks against
attacks. The European Physical Journal B. 2009 Sep 1; 71(1):125-137. https://doi.org/10.1140/epjb/
€2009-00291-3

Grubesic TH, Matisziw TC, Murray AT, Snediker D. Comparative approaches for assessing network
vulnerability. International Regional Science Review. 2008 Jan 1; 31(1):88—112. https://doi.org/10.
1177/0160017607308679

Crucitti P, Latora V, Marchiori M, Rapisarda A. Error and attack tolerance of complex networks. Physica
A: Statistical Mechanics and its Applications. 2004 Sep 1; 340(1):388—-394. https://doi.org/10.1016/].
physa.2004.04.031

Matisziw TC, Murray AT, Grubesic TH. Exploring the vulnerability of network infrastructure to disruption.
The Annals of Regional Science. 2009 Jun 1; 43(2):307-21. https://doi.org/10.1007/s00168-008-0235-
X

Latora V, Marchiori M. Vulnerability and protection of infrastructure networks. Physical Review E. 2005
Jan 20; 71(1):0151083. https://doi.org/10.1103/PhysRevE.71.015103

Wang J. Resilience of Self-Organised and Top-Down Planned Cities—A Case Study on London and
Beijing Street Networks. PloS one. 2015 Dec 18; 10(12):e0141736. https://doi.org/10.1371/journal.
pone.0141736 PMID: 26682551

Beygelzimer A, Grinstein G, Linsker R, Rish I. Improving network robustness by edge modification. Phy-
sica A: Statistical Mechanics and its Applications. 2005 Nov 15; 357(3):593-612. https://doi.org/10.
1016/j.physa.2005.03.040

Morris RG, Barthelemy M. Transport on coupled spatial networks. Physical review letters. 2012 Sep 18;
109(12):1287083. https://doi.org/10.1103/PhysRevLett.109.128703 PMID: 23006001

Bruneau M, Chang SE, Eguchi RT, Lee GC, O’'Rourke TD, Reinhorn AM, et al. A framework to quantita-
tively assess and enhance the seismic resilience of communities. Earthquake spectra. 2003 Nov; 19
(4):733-752. https://doi.org/10.1193/1.1623497

PLOS ONE | https://doi.org/10.1371/journal.pone.0192272  February 14,2018 27/28


https://doi.org/10.1016/j.tre.2013.10.009
https://doi.org/10.1061/40513(279)90
https://doi.org/10.1061/40513(279)90
https://doi.org/10.1016/j.disopt.2012.01.001
https://doi.org/10.1016/j.cor.2012.03.019
https://doi.org/10.1007/978-0-387-88617-6_11
https://doi.org/10.1007/978-0-387-88617-6_11
https://doi.org/10.1080/0740817X.2011.636792
http://hdl.handle.net/10945/2859
https://doi.org/10.1002/eqe.623
https://doi.org/10.1016/j.ejor.2014.10.003
https://doi.org/10.1016/j.ejor.2014.10.003
https://doi.org/10.1016/j.ejor.2014.04.018
https://doi.org/10.1016/j.ejor.2014.04.018
https://doi.org/10.1007/s10479-011-0959-3
https://doi.org/10.1103/PhysRevE.65.056109
https://doi.org/10.1038/35019019
http://www.ncbi.nlm.nih.gov/pubmed/10935628
https://doi.org/10.1140/epjb/e2009-00291-3
https://doi.org/10.1140/epjb/e2009-00291-3
https://doi.org/10.1177/0160017607308679
https://doi.org/10.1177/0160017607308679
https://doi.org/10.1016/j.physa.2004.04.031
https://doi.org/10.1016/j.physa.2004.04.031
https://doi.org/10.1007/s00168-008-0235-x
https://doi.org/10.1007/s00168-008-0235-x
https://doi.org/10.1103/PhysRevE.71.015103
https://doi.org/10.1371/journal.pone.0141736
https://doi.org/10.1371/journal.pone.0141736
http://www.ncbi.nlm.nih.gov/pubmed/26682551
https://doi.org/10.1016/j.physa.2005.03.040
https://doi.org/10.1016/j.physa.2005.03.040
https://doi.org/10.1103/PhysRevLett.109.128703
http://www.ncbi.nlm.nih.gov/pubmed/23006001
https://doi.org/10.1193/1.1623497
https://doi.org/10.1371/journal.pone.0192272

@° PLOS | ONE

Restoration of services in disrupted infrastructures

34.

35.

36.

37.

38.

39.

40.

M,

42,

43.

44.

45.

46.

47.

48.

49.

50.

51.

Bhatia U, Kumar D, Kodra E, Ganguly AR. Network science based quantification of resilience demon-
strated on the Indian Railways Network. PloS one. 2015 Nov 4; 10(11):e0141890. https://doi.org/10.
1371/journal.pone.0141890 PMID: 26536227

Holguin-Veras J, Pérez N, Jaller M, Van Wassenhove LN, Aros-Vera F. On the appropriate objective
function for post-disaster humanitarian logistics models. Journal of Operations Management. 2013 Jul
31; 31(5):262—-280. https://doi.org/10.1016/j.jom.2013.06.002

Freeman LC. A set of measures of centrality based on betweenness. Sociometry. 1977 Mar 1:35-41.
https://doi.org/10.2307/3033543

Newman M. Networks: An Introduction. Oxford University Press; 2010 Mar 25.

Guimera R, Mossa S, Turtschi A, Amaral LN. The worldwide air transportation network: Anomalous
centrality, community structure, and cities’ global roles. Proceedings of the National Academy of Sci-
ences. 2005 May 31; 102(22):7794—-7799. https://doi.org/10.1073/pnas.0407994102

Quinn MJ, Deo N. Parallel graph algorithms. ACM Computing Surveys (CSUR). 1984 Sep 2; 16
(3):319-348. https://doi.org/10.1145/2514.2515

Hirschberg DS, Chandra AK, Sarwate DV. Computing connected components on parallel computers.
Communications of the ACM. 1979 Aug 1; 22(8):461—-464. https://doi.org/10.1145/359138.359141

FEMA, Federal Emergency Management Agency. Hazus: Fema’s methodology for estimating potential
losses from disasters. 2012. Available from: http://www.fema.gov/hazus

Masucci AP, Smith D, Crooks A, Batty M. Random planar graphs and the London street network. The
European Physical Journal B. 2009 Sep 1; 71(2):259-271. https://doi.org/10.1140/epjb/e2009-00290-4

Barthélemy M, Flammini A. Modeling urban street patterns. Physical review letters. 2008 Apr 2; 100
(13):138702. https://doi.org/10.1103/PhysRevLett.100.138702 PMID: 18518005

Lin J, Ban Y. Complex network topology of transportation systems. Transport reviews. 2013 Nov 1; 33
(6):658—685. https://doi.org/10.1080/01441647.2013.848955

Rosvall M, Trusina A, Minnhagen P, Sneppen K. Networks and cities: An information perspective. Phys-
ical Review Letters. 2005 Jan 19; 94(2):028701. https://doi.org/10.1103/PhysRevLett.94.028701 PMID:
15698238

Shurtleff AA. The Street Plan of the Metropolitan District of Boston. Landscape Architecture. 1911 Jan;
1:71-883. Available from: http://urbanplanning.library.cornell.edu/DOCS/shurbos.htm

MassGIS (Bureau of Geographic Information). MassDOT Roads; 2014 Jun [cited 2015 Jan]. Database:
MassDocs [Internet]. Available from: http://www.mass.gov/anf/research-and-tech/it-serv-and-support/
application-serv/office-of-geographic-information-massgis/datalayers/eotroads.html

New York State GIS. NYS Streets [cited 2015 Jan]. Database: New York State GIS [Internet]. Available
from: http://gis.ny.gov/gisdata/inventories/details.cfm?DSID=932

Lorca A, Celik M, Ergun O, Keskinocak P. An Optimization-Based Decision-Support Tool for Post-
Disaster Debris Operations. Production and Operations Management. 2017 Jun 1; 26(6):1076—-1091.
https://doi.org/10.1111/poms.12643

FEMA, Federal Emergency Management Agency. Debris estimating field guide. 2010 Sept. Available
from: https://www.fema.gov/pdf/government/grant/pa/fema_329_debris_estimating.pdf Cited Jan
1016.

Masucci AP, Molinero C. Robustness and closeness centrality for self-organized and planned cities.
The European Physical Journal B. 2016 Feb 1; 89(2):1-8.

PLOS ONE | https://doi.org/10.1371/journal.pone.0192272  February 14,2018 28/28


https://doi.org/10.1371/journal.pone.0141890
https://doi.org/10.1371/journal.pone.0141890
http://www.ncbi.nlm.nih.gov/pubmed/26536227
https://doi.org/10.1016/j.jom.2013.06.002
https://doi.org/10.2307/3033543
https://doi.org/10.1073/pnas.0407994102
https://doi.org/10.1145/2514.2515
https://doi.org/10.1145/359138.359141
http://www.fema.gov/hazus
https://doi.org/10.1140/epjb/e2009-00290-4
https://doi.org/10.1103/PhysRevLett.100.138702
http://www.ncbi.nlm.nih.gov/pubmed/18518005
https://doi.org/10.1080/01441647.2013.848955
https://doi.org/10.1103/PhysRevLett.94.028701
http://www.ncbi.nlm.nih.gov/pubmed/15698238
http://urbanplanning.library.cornell.edu/DOCS/shurbos.htm
http://www.mass.gov/anf/research-and-tech/it-serv-and-support/application-serv/office-of-geographic-information-massgis/datalayers/eotroads.html
http://www.mass.gov/anf/research-and-tech/it-serv-and-support/application-serv/office-of-geographic-information-massgis/datalayers/eotroads.html
http://gis.ny.gov/gisdata/inventories/details.cfm?DSID=932
https://doi.org/10.1111/poms.12643
https://www.fema.gov/pdf/government/grant/pa/fema_329_debris_estimating.pdf
https://doi.org/10.1371/journal.pone.0192272

