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A straightforward edge centrality 
concept derived from generalizing 
degree and strength
Timo Bröhl1,2 & Klaus Lehnertz1,2,3*

Vertex degree—the number of edges that are incident to a vertex—is a fundamental concept in 
network theory. It is the historically first and conceptually simplest centrality concept to rate the 
importance of a vertex for a network’s structure and dynamics. Unlike many other centrality concepts, 
for which joint metrics have been proposed for both vertices and edges, by now there is no concept 
for an edge centrality analogous to vertex degree. Here, we propose such a concept—termed nearest-
neighbor edge centrality—and demonstrate its suitability for a non-redundant identification of 
central edges in paradigmatic network models as well as in real-world networks from various scientific 
domains.

Complex network approaches have been repeatedly shown to provide deeper insights into structure and dynamics 
of spatially extended complex systems in diverse areas of  science1–9. In many natural and man-made networked 
systems, access to the underlying coupling structure may be restricted or even impossible. Nevertheless, in such 
cases can the system be described by an interaction network with vertices representing subsystems or elementary 
units and edges representing interactions between them. This ansatz has been successfully applied e.g. in the 
study of (functional) brain  networks10, climate  networks11,12, protein-protein  interactions13, gene  interactions14, 
plant-pollinator  interactions15,16, food-webs17, or communication and social  networks18,19.

In order to further improve understanding and control of interaction networks, the identification of key 
network constituents and a characterization of their importance for a network’s structure and dynamics is highly 
 relevant20–27. There are different concepts and a growing number of metrics—such as centralities—that allow 
one to characterize the role of network vertices for structure and  dynamics28. There are by now, however, only 
a few metrics for edge centrality. Many of them center around the concept of betweenness  centrality29–35, other 
make use of the concept of  bridging36–39 or are based on the spectrum of the network’s  Laplacian40,41. We have 
recently introduced modifications of closeness and eigenvector centrality concepts for vertices to those for edges 
and demonstrated that these edge centralities provide additional information about the network constituents 
for various  topologies42.

The aforementioned joint centrality concepts for vertices and edges can be classified as path-based (between-
ness centrality CB and closeness centrality CC ) or degree/strength-based (eigenvector centrality CE ). Interestingly, 
there is by now no edge centrality concept analogous to the historically first and conceptually simplest vertex 
 centrality43, namely vertex degree centrality, which is defined as the number of edges incident upon a vertex. In 
case of a weighted network, the corresponding vertex strength  centrality44,45 is defined as the sum of weights of 
these edges. Here, we propose such an analogous edge centrality concept, which we termed nearest-neighbor 
edge centrality CN . Using various paradigmatic network models, we illustrate this edge centrality concept and 
investigate possible relationships to the other aforementioned edge centrality concepts. We will then apply the 
novel concept to identify important edges in a commonly used benchmark model in social network analysis, in 
a commuter network as well as in evolving epileptic brain networks.

Results and discussions
Joint centrality concepts for vertices and edges. Let us briefly recall and discuss the most commonly 
used joint centrality concepts (betweenness centrality CB , closeness centrality CC , and eigenvector centrality CE ) 
for vertices and edges. We here consider binary or weighted, undirected and connected networks that consist of 
sets of vertices V and edges E , with V = |V| and E = |E | denoting the number of vertices and edges, respectively. 
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We do not consider self-loops or parallel edges. Centrality concepts that are based on shortest paths require the 
definition of “length” dij of a path between vertices i and j. In a binary network, the length dij of a shortest path 
P between vertices i and j is the number of edges along this path. We define dii := 0 as we do not consider self-
loops. In a weighted network, since an edge weight represents the strength of a connection between two vertices, 
we consider a path to be shorter the stronger the connections along this path are. Consequently, we relate dij of 
path P between vertices i and j to the sum of the inverse weights of edges along this  path43. A shortest path can 
be defined as the path between two vertices for which the sum of the inverse weights of edges along this path is 
 minimal42.

Betweenness centrality. With betweenness centrality CB , a network constituent is the more central the 
more shortest paths pass through this constituent. Vertex/edge betweenness centrality (of vertex/edge k) can be 
defined  as30,46,47

where k ∈ {1, . . . ,V} , resp. k ∈ {1, . . . ,E} , 
{

i, j
}

∈ {1, . . . ,V} , qij(k) is the number of shortest paths between 
vertices i and j running through vertex/edge k, and Gij is the total number of shortest paths between vertices i 
and j. The normalization factor is F = (V − 1)(V − 2) in case of vertices and F = V(V − 1) in case of edges.

With this definition (Eq. 1), CBv  may assign disproportionately large centrality values to vertices with an 
arbitrary and possible very low degree (at least 2) and a neighboring vertex of degree 1, as every shortest path 
between the degree-1 vertex and every other vertex in the network has to traverse the vertex adjacent to the 
degree-1 vertex. In a similar manner will an edge between a degree-1 vertex and the adjacent vertex be assigned 
a disproportionately large centrality value. Apart from the normalization factor F, CBv  and CBe  are equally defined 
and for the latter, one also considers—contrary to intuition—the shortest paths between all vertex pairs and not 
between all possible pairs of edges in the network.

This of course has also the advantage of reducing computation time drastically when calculating edge 
betweenness centrality. Furthermore, CB does not directly depend on the distribution of edge weights in the 
network. It finds wide application and the concept yields distinct and non-redundant information about a net-
work in comparison with the other centrality concepts.

Closeness centrality. With closeness centrality CC , a constituent is the more central the shorter the paths 
that connect this constituent to every other reachable constituent of the same type. Closeness centrality of vertex 
k is defined  as48:

with (k, i) ∈ {1, . . . ,V} . Closeness centrality of edge k between vertices a and b can the be defined  as42:

with k ∈ {1, . . . ,E} and (a, b, i) ∈ {1, . . . ,V}.
Closeness centrality is the only centrality concept that directly depends on the path structure in a network as 

well as on the distribution of edge weights. The concept mostly finds application in network studies that model 
some kind of information flow. Nevertheless, due to its definition, CC lacks applicability regarding networks with 
disconnected  components49,50.

Eigenvector centrality. With eigenvector centrality CE , a network constituent is central if its adjacent con-
stituents of the same type are also central. Eigenvector centrality CE of  vertex51 or  edge42 k is defined as the kth 
entry of the eigenvector v corresponding to the dominant eigenvalue �max of matrix M , which can be derived 
from the eigenvector equation Mv = �v using the power iteration method:

In case of vertices, {k, l} ∈ V and M denotes the adjacency matrix A(v) ∈ {0, 1}V×V of a binary network, with 
A
(v)
kl = 1 if there is an edge between vertices k and l, and 0 otherwise. In case of a weighted network, M denotes 

the weight matrix W(v) ∈ R
V×V
+  , with W (v)

kl  denoting the weight of an edge between vertices k and l. In a binary 
network, the degree κk of vertex k is defined as the number of its neighbors ( κk :=

∑

j A
(v)
kj  ). Its weighted coun-

terpart is the strength sk :=
∑

j W
(v)
kj  . We define A(v)

kk := 0 ∀ k and W (v)
kk := 0 ∀ k with k ∈ {1, . . . ,V}.

In case of edges, {k, l} ∈ E and M denotes the edge adjacency matrix A(e) ∈ {0, 1}E×E of a binary network, 
with A(e)

kl = 1 if edges k and l are connected to a same vertex, and 0 otherwise. In case of a weighted network, M 
denotes the weight matrix W(e) ∈ R

E×E
+  whose entries W (e)

kl  are assigned the average weight of edges k and l if 
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these edges are connected to a same vertex, and 0 otherwise. As above, we define A(e)
kk := 0 ∀ k and W (e)

kk := 0 ∀ k 
with k ∈ {1, . . . ,E}.

Eigenvector centrality also presents with some limitations. Much like for closeness centrality, CE lacks appli-
cability to networks with disconnected components. Depending on the network structure, one might encounter 
weight distributions that decrease exponentially with increasing degree. In this case most of the constituents will 
be assigned centrality values close to zero and, therefore, the importance of the constituents may insufficiently 
be quantified.

However, compared to CB and CC , CE is the only centrality concept based on spectral properties of the 
(weighted) adjacency matrix. While the path-based concepts CB and CC only indirectly consider the network as 
a whole to identify shortest paths, the strength-based concept CE considers the structure of the total network in 
a gradual but direct manner.

Nearest-neighbor edge centrality. With the concept of strength centrality, a vertex is the more central 
the stronger the connections to adjacent vertices are. The strength (or strength centrality) of vertex k reads:

with (k, j) ∈ {1, . . . ,V} and the weight matrix element W (v)
kj  (see above). Analogously the degree CDv (k) of a 

vertex k is defined as sum of adjacent vertices to vertex k. The concept on its own is limited to the total level of 
involvement of a vertex in the network and does not take into account intrinsic properties of a vertex (as there 
exist no such properties). Instead it considers an intrinsic property of edges connected to a vertex, namely the 
edge weights. Moreover, it does not take into account the number of adjacent vertices, which has been described 
as a main feature in Freeman’s centrality  metrics43. Aiming to derive a comparably simple and straightforward 
definition of edge centrality, one naively could use the edge weight itself. This would give, however, no perspective 
of the edges’ role in a network, as an edge weight has no direct relation to the network’s structure. Furthermore, 
such an edge centrality would not represent an analogue to the degree/strength of a vertex. To achieve just that, 
an edge centrality would have to depend on intrinsic properties of the two vertices connected by an edge. As 
there is no intrinsic vertex property, we here resort to the vertices’ degrees/strengths to derive a ‘strength’-related 
centrality concept for edges. We consider an edge to be more central the larger its weight and the more similar 
and the higher the strengths of the vertices which are connected by that edge. For a binary network, we define 
nearest-neighbor edge centrality CNe  of an edge k between vertices a and b as:

where k ∈ {1, . . . ,E} and (a, b) ∈ {1, . . . ,V}.
Analogously, for a weighted network we define:

where k ∈ {1, . . . ,E} and (a, b) ∈ {1, . . . ,V} , and wk denotes the weight of edge k connecting vertices a and b.
The numerator of the fraction of Eq. 7 (Eq. 6) captures the ‘strength’ (‘degree’) of the edge, as it effectively 

describes the sum of weights of adjacent edges (sum of adjacent edges)—edges that share a vertex. The denomi-
nator represents the difference of the strengths of the two vertices connected by the edge. Hence, an edge is the 
more central the larger the weights of its adjacent edges are and the more symmetrical these edge weights are 
distributed between the two vertices. We therefore define an edge to be more central if it is connected to vertices 
that are both strongly connected in the network than an edge that is connected to one very strongly connected 
vertex and one weakly connected vertex (e.g., an edge as one of many edges connected to a hub). Furthermore, 
the weight of the edge itself contributes to its centrality. This compensates for the fact that even overall weakly 
connected vertices, with possibly high degrees but low strength, can also be connected by a highly central edge. 
Overall, nearest-neighbor edge centrality is independent of the network’s topology and size and is solely based 
on local network characteristics. An additional normalization factor ( 1

2(V−2)
) can be considered when aiming at 

a comparison with other edge centrality concepts, since established edge centrality concepts (e.g., CBe  ) are also 
normalized with respect to the total number of vertices.

Comparison with other edge centralities. We begin by addressing the question whether our intro-
duced centrality concept provides non-redundant information about edges in weighted networks when com-
pared to other edge centrality concepts. To this end, we investigate paradigmatic network models with differ-
ent sizes V ∈ {50, 100, 200} , perform correlation analyses of edge ranks obtained with the different centrality 
metrics, and investigate the normalized rank difference δ = (rankN(�)− rank•(�))/E = (1− rank•(�))/E , 
where � denotes the most important edge as identified with CNe  , and • ∈ {B, C, E} . If the nearest-neighbor cen-
trality concept identifies the same edge as most important (rank 1) as the centrality concept we compare it to 
(betweenness, closeness, eigenvector) , δ will vanish.

We consider small-world  networks52 (with rewiring probabilities pr ∈ {0.01, 0.1, 0.2, 0.3} ), scale-free 
 networks53 (parameter of attachment m ∈ {4, 6, 10} ), random  networks54,55 (with edge creation probabilities 
pc ∈ {0.3, 0.5, 0.7} ), and fully connected networks, for each of which we generated 100 realizations. For each reali-
zation of these weighted networks, we draw weights from some distribution, and in the case of equal centrality 
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values (for a given centrality concept), we rank in the order of appearance. All networks are undirected and 
connected, contain no self-loops and no multiple edges.

Figure 1 summarizes our findings for the aforementioned analyses with weights drawn from the uniform 
distribution U(0, 1) . We obtained similar findings for weights drawn from other distributions (Gaussian, Gumbel 
with different locations of the mode). In general, we observe a wide range of correlation values ( ρ ∈ [0.0, 0.8] ) 
and these vary for different network topology as well as for different edge densities. We find overall highest 
correlation values ( 0.7 < ρ ≤ 0.8 ) for a comparison with CEe  which, however, is to be expected since both these 
edge centralities strongly depend on the weight distribution of the edges that are adjacent to the edge under 
investigation. For small-world and scale-free networks, we observe highest correlation values when comparing 
with CBe  , which may be related to path structure properties that are characteristic for these topologies: short-
cuts and bottlenecks. In case of the most important edge as identified with CNe  , we observe CCe  and CEe  to yield 
more similar ranks than CBe  . Based on the definitions of CNe  , CCe  and CEe  , similarities—especially in identifying 
the most important edge—are to be expected. Nevertheless, the most important edge as identified with CNe  does 
not coincide with the most important edge as identified with the other centrality concepts. Furthermore, we 
observe very few concordances between central edges (up to rank 10) as identified with CNe  and those identified 
with one of the other three centralities (data not shown). In case of small-world networks and weights drawn 
from a Gumbel distribution with a location of the mode around 0.2, we observe highest concordance. Here, in 
approx. 37% of realisations, CNe  and CEe  identify the same most important edge. However, over all realizations, the 
concordance rate between any edge from the top 10 ranking based on CNe  with any edge from the top 10 ranking 
based on CBe  , CCe  or CEe  is less or equal 5% . Taken together, central edges identified with CNe  are not assigned the 
same rank when identified with CBe  , CEe  or CCe  , and are also not assigned a rank close to it.

Summarizing these findings, we conclude our novel centrality concept to provide non-redundant information 
about network edges when compared to other edge centrality concepts.

Identifying important edges in real-world networks. We next demonstrate the utility of the pro-
posed edge centrality concept for understanding which edges are important in real-world networks. We here 
focus on Zachary’s karate club  network56, which is a commonly used benchmark model in social network analy-
sis, on a commuter  network57–59, and on evolving epileptic brain  networks60–62. We regard an edge with the high-
est centrality value as most important and the one with the lowest centrality value as least important. In the case 
of equal centrality values, we rank in order of appearance.

Figure 1.  Nearest-neighbor edge centrality provides non-redundant information about edges in paradigmatic 
network models. Correlations (Pearson’s ρ ) of edge ranks (top) and normalized rank differences δ (bottom) 
obtained with the different centrality metrics for the investigated network topologies and edge densities. Means 
and ranges (lengths of error bars) obtained from 100 realizations of the network topologies. Different colors 
encode pairs of edge centralities used for correlation analyses and analysis of normalized rank differences: 
orange triangle—(CNe ,CBe  ), purple circle—(CNe ,CCe  ), and green square—(CNe ,CEe  ). Note that for scale-free networks 
error bars are smaller than symbol size.
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Zachary’s karate club network. The network consists of 34 persons (vertices) whose interactions (78 
weighted edges) have been carefully investigated over a period of three years. Shortly after Zachary finished his 
research, the karate club split into two smaller groups. This was due to a conflict and disagreements between the 
club’s instructor (vertex 1) and administrator (vertex 34) regarding the prices of karate lessons. This ultimately 
resulted in the instructor’s leaving and launching a new club, taking about a half of the original club’s members 
with him. The fission was to 97 % correctly predicted by Zachary based on his observations regarding social 
interactions.

The conflict between the two individuals (instructor and administrator) was carried out on a much larger 
social structure, with each individual trying to win as many students for their cause. As neither the instructor nor 
the administrator necessarily had intensive relationships to each and every student, individual opinion formation 
was based on much more complex social structure modeled by the network. Furthermore, the instructor and the 
administrator had no direct interactions with each other and an exchange of information between them relied 
on close intermediaries. Word of mouth, popular students, or specific relationships (bottlenecks) might be of 
vital importance in this context. Thus it is essential to identify key interactions between individuals that very 
possibly enabled the observed fission within the club. Figure 2 depicts these key interactions that we identified 
with different edge centrality concepts.

With edge closeness centrality CCe  , we obtained a very narrow distribution of centrality values, which does 
not allow a visual identification of key interactions. This can be generally explained by the fact that any vertex 
in this rather small network is comparably close to every other vertex.

With edge eigenvector centrality CEe  , we identify edges with the highest centrality values to connect vertices 
33 and 34 (the administrator and a close student of his) with many other vertices. Other arguably important 
individuals, represented by vertices 1, 3, 9 and 14, are also connected via some few high-centrality edges, however, 
much less than the ones observed around the hubs (i.e., vertices 33 and 34). Eigenvector centrality is closely 
related to strength centrality and becomes almost indistinguishable from the latter in case of small networks. 
Hence, it can be expected to observe key interactions as the high-centrality edges that connect the high-degree/

Figure 2.  Key interactions in Zachary’s karate club network. Interactions identified with different edge 
centrality concepts (edge closeness centrality CCe  ; edge eigenvector centrality CEe  ; edge betweenness centrality 
CBe  ; nearest-neighbor edge centrality CNe  ). Edge importance is encoded as line thickness and numbered vertices 
represent the members of the club. The two factions into which the club split during the course of the study are 
indicated by circles [the club instructor’s group (vertex 1)] and squares [the club administrator’s group (vertex 
34)].
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high-strength vertices (1, 33, and 34) or as those that connect other vertices (namely vertices 3, 9, and 14) to the 
aforementioned vertices.

With edge betweenness centrality CBe  , many edges with comparably high centrality values connect vertex 1 
(the instructor) to other vertices. Edges with highest centrality values, however, connect vertices 1 and 3, 3 and 
33, as well as vertices 34 and 14. This can easily be understood since betweenness centrality is well suited to 
identify bottlenecks in a network. The aforementioned high-centrality edges represent some of the very few key 
interactions between the two parts of the network that resulted from the fission.

With nearest-neighbor edge centrality CNe  , we expect edges to reflect key interactions if they very strongly 
connect vertices that are equally densely integrated in the network and possibly in the two smaller groups of the 
network. These edges can be regarded as ‘local’ bottlenecks, possibly also coinciding with ‘global’ bottlenecks. 
Those local bottlenecks are edges that connect vertices 6 and 7, 5 and 11, as well as vertices 4 and 14. These edges 
are located in the sub-network centered around the instructor. Edges connecting vertices 1, 2, and 33 with vertex 
3 can be associated with a more global bottleneck, which in part could also be identified with CBe  . The edge con-
necting vertices 2 and 3 has not been identified as important with CBe  , but appears to be most important using 
CNe  . This edge is to be associated with a larger bottleneck structure, being the path from vertex 2 to vertex 33, 
traversing vertex 3. Hence, vertices 2, 3, and 33 appear to be the main mediators between the club’s instructor 
and administrator.

The fact that CNe  highlights both, local and global bottlenecks in the karate club network distinguishes it from 
CBe  . We conjecture that CNe  can aid in an improved characterization of the path structure in complex networks.

Commuter network of the German state North Rhine-Westphalia. The most populous state in 
Germany is North Rhine-Westphalia (NRW) with approx. 18 million inhabitants living on an area of more 
than 34,000 square kilometers. In addition to the German city-states, NRW is the most densely populated state, 
and commuter traffic within NRW is  enormous63. Studying the network of commuter traffic can greatly aid to 
improve, e.g. understanding and control of spreading  processes57,59,64–69. As a most recent example, we mention 
the spread of the corona virus SARS-CoV-2, with the urban district Heinsberg being one of the pandemic’s 
origins in Germany.

For our analyses, we take the rural and urban districts in NRW as vertices of the commuter traffic network 
(Fig. 3). We consider an edge to exist between two vertices if commuter traffic between them was recorded, 
and the edge weight equals the average number of commuters traveling between two vertices on a day in 2017.

Figure 4 summarizes our findings that we obtained from applying the edge centrality concepts to identify 
important commuter connections. Similar to Zachary’s karate club network, CCe  does not highlight any specific 
connections since the distribution of edge weights is rather narrow. With CBe  , we observe a path between the 
north-east and south-west of NRW to be most important. It traverses geo-economically centers and population-
dense districts, such as vertices 32 (Muenster), 12 (Essen), 10 (Dusseldorf) and 25 (Cologne). Interestingly 

Figure 3.  Commuter traffic network of North Rhine-Westphalia (NRW). Numbered vertices represent the 
rural and urban districts in NRW. Size of vertices represents their respective strength and thickness of edges 
represents the amount of commuter traffic between them.
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enough and even though spatially close, neither of these urban districts share a common border. The identified 
important edges, however, spatially traverse approximately one other district and therefore would generally not 
be considered as long-range connections.

With CEe  , particularly edges connecting to vertex 25 (Cologne) are highlighted. This is to be expected, as 
Cologne—besides being the most densely populated city in NRW—also records the highest commuter volume 
in NRW.

With CNe  , we observe edges to be important that are far off the expected commuter centers of NRW, namely 
the population-dense districts like vertex 25 (Cologne) as well as vertices in the Ruhr area. Certain peripheral 
edges (near the borders of NRW) are identified as important: for example, the edge connecting vertices 47 
(Steinfurt) and 4 (Borken). These two urban districts do neither have a large population density nor a high 
commuter volume. The commuter traffic between them, however, is comparably large so that these two districts 
could be interpreted as one large district. Similar observations can me made for edges that connect vertices 50 
(Viersen), 31 (Moenchengladbach) and 24 (Krefeld), vertices 40 (Rhein-Erft Kreis), 41 (Rhein-Kreis Neuss) and 
42 (Rhein-Sieg Kreis), as well as for the edge that connects vertices 8 (Duisburg) and 12 (Essen) and the edge 
that connects vertices 19 (Herford) and 27 (Olpe).

Figure 4.  Key connections in the commuter traffic network of North Rhine-Westphalia (NRW). Connections 
identified with different edge centrality concepts (edge closeness centrality CCe  ; edge eigenvector centrality CEe  ; 
edge betweenness centrality CBe  ; nearest-neighbor edge centrality CNe  ). Numbered vertices represent the rural 
and urban districts in NRW and edges indicate commuter traffic between them. Edge importance is encoded as 
line thickness.
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Evolving functional brain networks during an epileptic seizure. Epilepsy is widely accepted as a 
large-scale network disease of the human  brain8,71, and it is of utmost importance to not only identify central 
network vertices and characterize their dynamics but also to identify and characterize central edges in evolving 
functional brain networks. An improved characterization of time-dependent changes of centrality of network 
constituents could advance understanding of seizure generation, spread, and termination as well as could aid in 
the development of novel treatment options.

Here, we re-analyze evolving functional brain  networks42 that were derived from multichannel electroen-
cephalographic (EEG) data recorded from a subject with epilepsy prior to, during, and after a focal-onset seizure 
(see Fig. 5). The subject had signed informed consent that the clinical data might be used and published for 
research purposes. The study protocol had been approved by the ethics committee of the University of Bonn and 
is accordance with the tenets of the Declaration of Helsinki.

Briefly, the EEG data were recorded from sensors placed on the cortex and within relevant brain structures 
during the presurgical evaluation of the subject’s medically uncontrollable epilepsy. Evolving weighted functional 
brain networks were derived by associating vertices with the sampled brain regions (sensors) and edges represent 
the time-varying strength of interactions between pairs of brain regions. For the latter, a sliding-window approach 

Figure 5.  Brain dynamics during an epileptic seizure Top: invasive electroencephalographic recording of a 
seizure from the left (upper half) and right brain hemisphere (lower half). Block B1 indicates the pre-seizure 
phase; blocks B2 and B3 indicate the first and second half of the seizure (electroencephalographic seizure 
onset and ending determined  automatically70); block B4 indicates the post-seizure phase. Bottom: schematics 
of sensors placed over the left and right temporal-lateral and temporal-basal neocortex and of bilateral 
intrahippocampal sensors.
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was pursued (consecutive non-overlapping windows of 2.5 s duration each; corresponding to 500 data points) 
to calculate—in a time-resolved manner—the mean phase coherence R72, which is an established data-driven 
method for studying time-variant changes in phase synchronization in EEG time series. R is confined to the unit 
interval ( R = 1 indicates fully synchronized systems) and is taken as an estimate for the strength of interaction 
between a pair of brain regions. We refer the reader to Ref.42 for further details.

In Fig. 6, we present our findings that we obtained from investigating edge centrality in the temporal sequence 
of the weighted snapshot networks. Since centrality in such networks can vary strongly over  time60,73,74, we parti-
tion the recording into four blocks (B1, . . . , B4) of equal duration. Each block contains the data from 13 consecu-
tive snapshot networks and in the following, we report aggregated centrality values for each block.

For the evolving functional brain networks prior to and after the seizure (blocks B1 and B4), three of the four 
employed edge centrality concepts—namely CCe  , CEe  , and CNe —yield qualitative similar findings. Edges connecting 
vertices related to the right brain hemisphere and particularly those that connect to vertices associated with the 
clinically defined seizure onset zone (located in the right brain hemisphere) excel with noticeably larger centrality 
values than edges connecting vertices related to the left hemisphere as well as than edges connecting vertices in 
both hemispheres. As with the other investigated real-world networks, we observe a rather peaked distribution 
of CCe  values. Hence the differentiation between hemispheres is not as distinct as with CEe  or CNe  . With CBe  , we 
observe only few edges with large centrality values. Prior to the seizure (block B1), these edges are confined to 
the left brain hemisphere and to a large extent connect vertices that face the seizure onset zone. After the seizure 
(block B4), CBe  highlights some edges in the left and right brain hemisphere.

Figure 6.  Key interactions in evolving functional brain networks during an epileptic seizure. Interactions 
identified with different edge centrality concepts (edge closeness centrality CCe  ; edge eigenvector centrality 
CEe  ; edge betweenness centrality CBe  ; nearest-neighbor edge centrality CNe  ). Vertices and edges projected onto a 
schematics of implanted sensors shown in Fig. 5. Edge color encodes normalized mean centrality values for each 
block (B1, . . . , B4). Vertices marked with ‘x’ record from the clinically defined seizure onset zone, and grey-
colored vertices indicate EEG reference sensors (not included in analyses).
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During the first half of the seizure (block B2), all concepts indicate high-centrality edges to connect vertices 
in the left and in the right brain hemisphere and particularly vertices associated with the seizure onset zone as 
well as its homologous regions in the opposite brain hemisphere. CCe  (and to a lesser extent also CEe  ) addition-
ally highlights a larger number of high-centrality interhemispheric edges that dilutes during the second half of 
the seizure (block B3). In contrast, with CBe  the amount of high-centrality interhemispheric edges even slightly 
increases during B3. CNe  indicates high-centrality edges to connect nearby vertices in homologous regions in the 
opposite brain hemisphere during B3.

Although the employed centrality concepts mostly indicate different edges as important (as expected), 
our findings point to widespread, even interhemispheric interactions as highly relevant for seizure dynamics. 
Although these findings need to be validated on a larger database, they indicate that characterizing important 
edges in evolving functional brain networks can help to improve understanding of the complicated spatial-
temporal dynamics of epileptic seizures.

Conclusion
We introduced a novel edge centrality concept—nearest-neighbor edge centrality—that is defined in an analogous 
manner as the well-known and widely used vertex degree/strength centrality. By investigating possible relation-
ships to other edge centralities (such as edge betweenness, edge closeness, and edge eigenvector  centrality30,42,46) 
we could demonstrate the suitability of nearest-neighbor edge centrality for an identification of central edges 
in paradigmatic network models as well as in real-world networks from various scientific domains. Despite the 
expected conceptual similarities to either of the compared edge centralities, nearest-neighbor edge centrality 
provides additional and non-redundant information about the role edges play in a network. Moreover, nearest 
neighbor edge centrality can be computed much faster (up to a factor of 10) than path-based or edge-adjacency-
matrix-based edge centralities, since—by definition—it depends solely on the distribution of vertex strengths.

Generally, we consider our nearest-neighbor edge centrality concept to be advantageous particularly in those 
situations were path-based or more global centrality concepts may have limited significance, e.g., for investiga-
tions of local spreading phenomena. The joint use of vertex degree/strength centrality and nearest-neighbor edge 
centrality could help to improve understanding the role vertices and edges play in the larger networks and thus 
to gain deeper insights into central but local network phenomena.

The definition of the nearest-neighbor edge centrality as proposed here is based on vertex strength and it 
thus allows investigations of undirected and weighted networks. Nevertheless, extensions to directed as well 
as to binary networks, to networks of  networks75,  multigraphs76, or  hypergraphs77 can be achieved taking into 
account the total or in- and out-degree/strength of vertices. Such extensions might even lead to a modification of 
existing or formulation of novel concepts and measures that—in addition to degree-/strength distribution—also 
include the distribution of nearest-neighbor edge centrality values, to achieve a more complete characterization 
of a network.

Eventually, and with an eye on the analysis of real-world data, we expect new insights, by revisiting, extend-
ing and modifying network-based time-series analysis techniques such as visibility  graphs78. We are confident 
that the nearest-neighbor edge centrality concept will help to improve characterization of networks through a 
data-driven identification of important edges.

Data availability
The data for this work was taken from the following sources: The Zachary’s karate club network data was taken 
from The KONECT Project (http:// konect. cc/). The commuter traffic data was taken from data collected by the 
Statistisches Landesamt NRW (https:// www. lande sdate nbank. nrw. de/ link/ stati stikT abell en/ 19321—Statistik: 
19321). The rest of the data may be made available, upon request to the authors.

Code availability
The code for the analysis was programmed using standard libraries in Python. All the calculations can be repro-
duced with the equations provided in the main text. Even so, the code used here is available upon request to 
the authors.

Received: 16 November 2021; Accepted: 3 March 2022

References
 1. Boccaletti, S., Latora, V., Moreno, Y., Chavez, M. & Hwang, D.-U. Complex networks: Structure and dynamics. Phys. Rep. 424, 

175–308 (2006).
 2. Arenas, A., Díaz-Guilera, A., Kurths, J., Moreno, Y. & Zhou, C. Synchronization in complex networks. Phys. Rep. 469, 93–153 

(2008).
 3. Allen, R. J. & Elston, T. C. From physics to pharmacology?. Rep. Prog. Phys. 74, 016601 (2011).
 4. Barthélemy, M. Spatial networks. Phys. Rep. 499, 1–101 (2011).
 5. Barabási, A.-L., Gulbahce, N. & Loscalzo, J. Network medicine: A network-based approach to human disease. Nat. Rev. Genet. 12, 

56–68 (2011).
 6. Newman, M. E. J. Communities, modules and large-scale structure in networks. Nat. Phys. 8, 25–31 (2012).
 7. Baronchelli, A., Ferrer-i-Cancho, R., Pastor-Satorras, R., Chater, N. & Christiansen, M. H. Networks in cognitive science. Trends 

Cogn. Sci. 17, 348–360 (2013).
 8. Lehnertz, K. et al. Evolving networks in the human epileptic brain. Physica D 267, 7–15 (2014).
 9. Heckmann, T., Schwanghart, W. & Phillips, J. D. Graph theory—Recent developments of its application in geomorphology. Geo-

morphology 243, 130–146 (2015).

http://konect.cc/
https://www.landesdatenbank.nrw.de/link/statistikTabellen/19321


11

Vol.:(0123456789)

Scientific Reports |         (2022) 12:4407  | https://doi.org/10.1038/s41598-022-08254-5

www.nature.com/scientificreports/

 10. Bullmore, E. & Sporns, O. Complex brain networks: Graph theoretical analysis of structural and functional systems. Nat. Rev. 
Neurosci. 10, 186–198 (2009).

 11. Donges, J. F., Zou, Y., Marwan, N. & Kurths, J. The backbone of the climate network. Europhys. Lett. 87, 48007 (2009).
 12. Zhou, D., Gozolchiani, A., Ashkenazy, Y. & Havlin, S. Teleconnection paths via climate network direct link detection. Phys. Rev. 

Lett. 115, 268501 (2015).
 13. Uetz, P. et al. A comprehensive analysis of protein–protein interactions in Saccharomyces cerevisiae. Nature 403, 623–627 (2000).
 14. Tyler, A. L., Asselbergs, F. W., Williams, S. M. & Moore, J. H. Shadows of complexity: what biological networks reveal about epistasis 

and pleiotropy. Bioessays 31, 220–227 (2009).
 15. Hegland, S. J., Nielsen, A., Lázaro, A., Bjerknes, A.-L. & Totland, Ø. How does climate warming affect plant-pollinator interactions?. 

Ecol. Lett. 12, 184–195 (2009).
 16. Olesen, J. M. et al. Missing and forbidden links in mutualistic networks. Proc. R. Soc. B Biol. Sci. 278, 725–732 (2011).
 17. Delmas, E. et al. Analysing ecological networks of species interactions. Biol. Rev. 94, 16–36 (2019).
 18. Onnela, J. P. et al. Structure and tie strengths in mobile communication networks. Proc. Natl. Acad. Sci. U.S.A. 104, 7332–7336 

(2007).
 19. Palla, G., Barabási, A.-L. & Vicsek, T. Quantifying social group evolution. Nature 446, 664–667 (2007).
 20. Slotine, J.-J. & Liu, Y.-Y. Complex networks: The missing link. Nat. Phys. 8, 512–513 (2012).
 21. Havlin, S., Kenett, D. Y., Bashan, A., Gao, J. & Stanley, H. E. Vulnerability of network of networks. Eur. Phys. J. ST 223, 2087–2106 

(2014).
 22. Bialonski, S., Ansmann, G. & Kantz, H. Data-driven prediction and prevention of extreme events in a spatially extended excitable 

system. Phys. Rev. E 92, 042910 (2015).
 23. Liu, Y.-Y. & Barabási, A.-L. Control principles of complex systems. Rev. Mod. Phys. 88, 035006 (2016).
 24. Gates, A. J. & Rocha, L. M. Control of complex networks requires both structure and dynamics. Sci. Rep. 6, 24456 (2016).
 25. Lehnertz, K., Dickten, H., Porz, S., Helmstaedter, C. & Elger, C. E. Predictability of uncontrollable multifocal seizures—Towards 

new treatment options. Sci. Rep. 6, 24584 (2016).
 26. Bröhl, T. & Lehnertz, K. Identifying edges that facilitate the generation of extreme events in networked dynamical systems. Chaos 

Interdiscip. J. Nonlinear Sci. 30, 073113 (2020).
 27. Rings, T. et al. Impact of transcutaneous auricular vagus nerve stimulation on large-scale functional brain networks: From local 

to global. Front. Physiol. 12, 700261 (2021).
 28. Lü, L. et al. Vital nodes identification in complex networks. Phys. Rep. 650, 1–63 (2016).
 29. Anthonisse, J. M. The Rush in a Graph (Mathematische Centrum, 1971).
 30. Girvan, M. & Newman, M. E. J. Community structure in social and biological networks. Proc. Natl. Acad. Sci. U.S.A. 99, 7821–7826 

(2002).
 31. Fortunato, S., Latora, V. & Marchiori, M. Method to find community structures based on information centrality. Phys. Rev. E 70, 

056104 (2004).
 32. Onnela, J.-P. et al. Analysis of a large-scale weighted network of one-to-one human communication. New J. Phys. 9, 179 (2007).
 33. De Meo, P., Ferrara, E., Fiumara, G. & Ricciardello, A. A novel measure of edge centrality in social networks. Knowl. Based Syst. 

30, 136–150 (2012).
 34. Qian, Y., Li, Y., Zhang, M., Ma, G. & Lu, F. Quantifying edge significance on maintaining global connectivity. Sci. Rep. 7, 45380 

(2017).
 35. Yu, E.-Y., Chen, D.-B. & Zhao, J.-Y. Identifying critical edges in complex networks. Sci. Rep. 8, 1–8 (2018).
 36. Granovetter, M. S. The strength of weak ties. Am. J. Sociol. 78, 1360–1380 (1973).
 37. Valente, T. W. & Fujimoto, K. Bridging: locating critical connectors in a network. Soc. Netw. 32, 212–220 (2010).
 38. Cheng, X.-Q., Ren, F.-X., Shen, H.-W., Zhang, Z.-K. & Zhou, T. Bridgeness: A local index on edge significance in maintaining 

global connectivity. J. Stat. Mech. Theor. Exp. 2010, P10011 (2010).
 39. Wu, A.-K., Tian, L. & Liu, Y.-Y. Bridges in complex networks. Phys. Rev. E 97, 012307 (2018).
 40. Restrepo, J. G., Ott, E. & Hunt, B. R. Characterizing the dynamical importance of network nodes and links. Phys. Rev. Lett. 97, 

094102 (2006).
 41. Pauls, S. D. & Remondini, D. Measures of centrality based on the spectrum of the Laplacian. Phys. Rev. E 85, 066127 (2012).
 42. Bröhl, T. & Lehnertz, K. Centrality-based identification of important edges in complex networks. Chaos 29, 033115 (2019).
 43. Freeman, L. C. Centrality in social networks: Conceptual clarification. Soc. Netw. 1, 215–239 (1979).
 44. Yook, S. H., Jeong, H., Barabási, A.-L. & Tu, Y. Weighted evolving networks. Phys. Rev. Lett. 86, 5835–5838 (2001).
 45. Barrat, A., Barthélemy, M., Pastor-Satorras, R. & Vespignani, A. The architecture of complex weighted networks. Proc. Natl. Acad. 

Sci. U.S.A. 101, 3747–3752 (2004).
 46. Freeman, L. C. A set of measures of centrality based on betweenness. Sociometry 40, 35–41 (1977).
 47. Brandes, U. A faster algorithm for betweenness centrality. J. Math. Sociol. 25, 163–177 (2001).
 48. Bavelas, A. Communication patterns in task-oriented groups. J. Acoust. Soc. Am. 22, 725–730 (1950).
 49. Opsahl, T., Agneessens, F. & Skvoretz, J. Node centrality in weighted networks: Generalizing degree and shortest paths. Soc. Netw. 

32, 245–251 (2010).
 50. Wasserman, S. & Faust, K. Social Network Analysis: Methods and Applications (Cambridge University Press, 1994).
 51. Bonacich, P. Factoring and weighting approaches to status scores and clique identification. J. Math. Sociol. 2, 113–120 (1972).
 52. Watts, D. J. & Strogatz, S. H. Collective dynamics of ‘small-world’ networks. Nature 393, 440–442 (1998).
 53. Albert, R. & Barabási, A.-L. Statistical mechanics of complex networks. Rev. Mod. Phys. 74, 47–97 (2002).
 54. Erdős, P. & Rényi, A. On random graphs I. Publ. Math. Debrecen 6, 290–297 (1959).
 55. Batagelj, V. & Brandes, U. Efficient generation of large random networks. Phys. Rev. E 71, 036113 (2005).
 56. Zachary, W. W. An information flow model for conflict and fission in small groups. J. Anthropol. Res. 33, 452–473 (1977).
 57. Arenas, A. et al. Modeling the spatiotemporal epidemic spreading of COVID-19 and the impact of mobility and social distancing 

interventions. Phys. Rev. X 10, 041055 (2020).
 58. Della Rossa, F. et al. A network model of Italy shows that intermittent regional strategies can alleviate the COVID-19 epidemic. 

Nat. Commun. 11, 5106 (2020).
 59. Gösgens, M. et al. Trade-offs between mobility restrictions and transmission of SARS-CoV-2. J. Roy. Soc. Interface 18, 20200936 

(2021).
 60. Geier, C., Bialonski, S., Elger, C. E. & Lehnertz, K. How important is the seizure onset zone for seizure dynamics?. Seizure 25, 

160–166 (2015).
 61. Rings, T., von Wrede, R. & Lehnertz, K. Precursors of seizures due to specific spatial-temporal modifications of evolving large-scale 

epileptic brain networks. Sci. Rep. 9, 10623 (2019).
 62. Fruengel, R., Bröhl, T., Rings, T. & Lehnertz, K. Reconfiguration of human evolving large-scale epileptic brain networks prior to 

seizures: an evaluation with node centralities. Sci. Rep. 10, 21921 (2020).
 63. Selten, R. et al. Experimental investigation of day-to-day route-choice behaviour and network simulations of autobahn traffic in 

North Rhine-Westphalia. In Human Behaviour and Traffic Networks (eds Schreckenberg, M. & Selten, R.) 1–21 (Springer, 2004).
 64. Balcan, D. et al. Multiscale mobility networks and the spatial spreading of infectious diseases. Proc. Natl. Acad. Sci. U.S.A. 106, 

21484–21489 (2009).



12

Vol:.(1234567890)

Scientific Reports |         (2022) 12:4407  | https://doi.org/10.1038/s41598-022-08254-5

www.nature.com/scientificreports/

 65. Tanaka, G., Urabe, C. & Aihara, K. Random and targeted interventions for epidemic control in metapopulation models. Sci. Rep. 
4, 5522 (2014).

 66. Zanin, M. & Papo, D. Assessing functional propagation patterns in COVID-19. Chaos Solitons Fractals 138, 109993 (2020).
 67. Zanin, M. & Papo, D. Travel restrictions during pandemics: A useful strategy?. Chaos Interdiscip. J. Nonlinear Sci. 30, 111103 (2020).
 68. Hazarie, S., Soriano-Paños, D., Arenas, A., Gómez-Gardeñes, J. & Ghoshal, G. Interplay between population density and mobility 

in determining the spread of epidemics in cities. Commun. Phys. 4, 191 (2021).
 69. Lipshtat, A., Alimi, R. & Ben-Horin, Y. Commuting in metapopulation epidemic modeling. Sci. Rep. 11, 15198 (2021).
 70. Schindler, K., Leung, H., Elger, C. E. & Lehnertz, K. Assessing seizure dynamics by analysing the correlation structure of multi-

channel intracranial EEG. Brain 130, 65–77 (2007).
 71. Zaveri, H. P. et al. Controversies on the network theory of epilepsy: Debates held during the ICTALS 2019 conference. Seizure 78, 

78–85 (2020).
 72. Mormann, F., Lehnertz, K., David, P. & Elger, C. E. Mean phase coherence as a measure for phase synchronization and its applica-

tion to the EEG of epilepsy patients. Physica D 144, 358–369 (2000).
 73. Geier, C. & Lehnertz, K. Which brain regions are mportant for seizure dynamics in epileptic networks? Influence of link identifica-

tion and EEG recording montage on node centralities. Int. J. Neural Syst. 27, 1650033 (2017).
 74. Geier, C. & Lehnertz, K. Long-term variability of importance of brain regions in evolving epileptic brain networks. Chaos 27, 

043112 (2017).
 75. Solá, L. et al. Eigenvector centrality of nodes in multiplex networks. Chaos Interdiscip. J. Nonlinear Sci. 23, 033131 (2013).
 76. Newman, M. E. J. Analysis of weighted networks. Phys. Rev. E 70, 056131 (2004).
 77. Tudisco, F. & Higham, D. J. Node and edge nonlinear eigenvector centrality for hypergraphs. Commun. Phys. 4, 201 (2021).
 78. Lacasa, L., Luque, B., Ballesteros, F., Luque, J. & Nuno, J. C. From time series to complex networks: The visibility graph. Proc. Natl. 

Acad. Sci. U.S.A. 105, 4972–4975 (2008).

Acknowledgements
The authors would like to thank Thorsten Rings and Tobias Fischer for interesting discussions and for critical 
comments on earlier versions of the manuscript. This work was supported by the Deutsche Forschungsgemein-
schaft (Grant No. LE660/7-1).

Author contributions
All authors listed have made a substantial, direct, and intellectual contribution to the work and approved it for 
publication.

Funding
Open Access funding enabled and organized by Projekt DEAL.

Competing interests 
The authors declare no competing interests.

Additional information
Correspondence and requests for materials should be addressed to K.L.

Reprints and permissions information is available at www.nature.com/reprints.

Publisher’s note Springer Nature remains neutral with regard to jurisdictional claims in published maps and 
institutional affiliations.

Open Access This article is licensed under a Creative Commons Attribution 4.0 International 
License, which permits use, sharing, adaptation, distribution and reproduction in any medium or 

format, as long as you give appropriate credit to the original author(s) and the source, provide a link to the 
Creative Commons licence, and indicate if changes were made. The images or other third party material in this 
article are included in the article’s Creative Commons licence, unless indicated otherwise in a credit line to the 
material. If material is not included in the article’s Creative Commons licence and your intended use is not 
permitted by statutory regulation or exceeds the permitted use, you will need to obtain permission directly from 
the copyright holder. To view a copy of this licence, visit http:// creat iveco mmons. org/ licen ses/ by/4. 0/.

© The Author(s) 2022

www.nature.com/reprints
http://creativecommons.org/licenses/by/4.0/

	A straightforward edge centrality concept derived from generalizing degree and strength
	Results and discussions
	Joint centrality concepts for vertices and edges. 
	Betweenness centrality. 
	Closeness centrality. 
	Eigenvector centrality. 
	Nearest-neighbor edge centrality. 
	Comparison with other edge centralities. 
	Identifying important edges in real-world networks. 
	Zachary’s karate club network. 
	Commuter network of the German state North Rhine-Westphalia. 
	Evolving functional brain networks during an epileptic seizure. 

	Conclusion
	References
	Acknowledgements


