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Abstract: The need for diverse materials has emerged as industry becomes more developed, and
there is a need for materials with pores in various industries, including the energy storage field.
However, there is difficulty in product design and development using the finite element method
because the mechanical properties of a porous material are different from those of a base material
due to the pores. Therefore, in this study, a Python program that can estimate the equivalent property
of a material with pores was developed and its matching was verified through comparison with
the measurement results. For high-efficiency calculation, the pores were assumed to be circular
or elliptical, and they were also assumed to be equally distributed in each direction. The material
with pores was assumed to be an orthotropic material, and its equivalent mechanical properties
were calculated using the equivalent strain and equivalent stress by using the appropriate material
property matrix. The material properties of a specimen with the simulated pores were measured
using UTM, and the results were compared with the simulation results to confirm that the degree of
matching achieved 6.4%. It is expected that this study will contribute to the design and development
of a product in the industrial field.

Keywords: equivalent mechanical properties; porosity; finite element method; orthotropic elasticity

1. Introduction

When developing a new product, the materials constituting the product must have
target mechanical and electrical properties under its operating conditions. In the past, a
product suitable for a specific situation was manufactured by using a single material, but it
was difficult to satisfy complex design conditions. Recently, various materials including
composite materials have been used to satisfy complex design conditions, contributing to
the development of products and technologies.

In addition, the demand for porous materials is steadily increasing; specifically, the
need for porous materials is rising in fields of chemical engineering such as pharmaceuticals
and catalysts, as well as in the field of energy storage. Related research has also been
ongoing [1–4].

Moreover, many materials such as bones, teeth, and other biomaterials in medicine and
dentistry industries are porous materials [5], and porous tantalum for dental implantology
has porosities [6].

Concept design–basic design–detail design–mockup production and verification pro-
cedures are essential to develop products and technologies. To minimize trial and error,
it is advantageous to verify design feasibility through the finite element method at the
design stage, and this is an approach widely used in academia as well as in industry. The
finite element method has the advantage of being able to verify design feasibility at a much
lower cost compared with experiments or deriving the optimal design through case studies
under various conditions [7,8].
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However, when the finite element method is used for a material with pores, the pores
show properties that differ from the mechanical properties of an existing base material.
This may distort the results of the finite element method, and is a limitation when using the
finite element method for the materials. To solve this problem, a method is used to estimate
and utilize equivalent mechanical properties while simplifying modeling by applying the
homogenization method for composite materials [9–12].

However, there has been little research on the application of the homogenization
method to materials with pores. Therefore, this study addressed how to calculate equivalent
mechanical properties that reflect the pores, for a material that has pores. In prior studies,
a simulation technique that can derive isotropic material properties under the plane stress
condition, which is a material property that can be used in a 2D shell, was developed
and was verified under the two-dimensional orthotropic elasticity in plane stress that
is symmetrical in the in-plane direction [13,14]. In this study, the elastic modulus and
Poisson’s ratio, which are the main equivalent properties of porous materials, were derived
under the condition of three-dimensional orthotropic elasticity. Assuming that the shape of
pores is symmetrical in the in-plane direction, and that the pores are uniformly distributed
in the in-plane direction, a unit cell was defined and equivalent properties were calculated.
Thus, the elastic modulus and Poisson’s ratio were measured through a universal test
machine (UTM) by preparing a material specimen with the same simulation conditions.
As a result, the similarity between the value obtained through the simulation and the
value measured through the experiment was observed, so the validity of this simulation
was verified.

2. Prior Research and Background Theory
2.1. Study on Equivalent Properties Derivation

The homogenization method was mainly used to derive the equivalent physical prop-
erties. Homogenization methods include the representative unit cell method [15] and the
representative equivalent continuum method [16], but the most dominant homogenization
method is the representative volume element (RVE) method [9–12]. The representative
volume element method is applied to estimate the stiffness of fiber composites [9] or to esti-
mate the equivalent properties of reinforced plastics mixed with multidirectional fibers [10].
It has also been used in studies to estimate the equivalent properties of an anisotropic
material [11,12].

The representative volume element assumes that the strain energy before and after
homogenization should be the same. When various materials or pores are distributed
within a unit volume, it is assumed that all material properties within a unit volume are
the same (Figure 1).

Figure 1. (a) Shape of unit cell before homogenization. (b) Shape of unit cell after homogenization.

The related governing equations are shown as Equations (1)–(5) below [9–12]. Equa-
tion (1) means that the strain energy before and after homogenization is the same. Equa-
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tion (2) means that the strain energy before homogenization has a relationship with the sum
of the strain energies for each element in the entire unit volume. Equation (3) indicates that
the energy after homogenization is related to the average strain energy, which is obtained
by multiplying the average value of the stress for each element and the average value of
the strain for each element, multiplied by the volume. Equation (4) is a method to calculate
the average stress, and Equation (5) is a method to calculate the average strain.

U∗ = U (1)

U∗ =
1
2

∫
VRVE

σijεijdV (2)

U =
1
2

σijεijVRVE (3)

σij =
1

VRVE

∫
V∗

σij(x, y, z)dV (4)

εij =
1

VRVE

∫
V∗

εij(x, y, z)dV (5)

U*: strain energy before homogenization; U: strain energy after homogenization; V*: total
volume before homogenization; VRVE: volume after homogenization; σij(x, y, z): stress per
element; εij(x, y, z): strain per element; σij: stress weighted average for each element; εij:
strain weighted average for each element.

2.2. Orthotropic Elasticity

In this study, it was assumed that the pores are asymmetric in the in-plane direction,
and that the distribution of the pores is uniform in each direction (Figure 2). The size of
pores is also irregular, and the distribution is not uniform, so it is correct to think that a
material with pores has anisotropic properties. In this case, all materials should be verified
through experiments and measurements. If a material is too thin or is toxic, it is difficult to
measure it using UTM, etc., and it is not suitable for the purpose of performing simulation
using FEM. Therefore, in this study, a material with pores was assumed to be an orthotropic
material, which is thought to be a more suitable property for use in the industrial field.

Figure 2. Shape of orthotropic elasticity.

The elastic modulus determinant of a perfectly anisotropic material is shown in
Equation (6) [17]. In addition, the elastic modulus determinant of an orthotropic material is
shown in Equation (7) [17]. Because the shape of pores is difficult to standardize and their
distribution is not uniform, it is more realistic to assume that the material is a perfectly
anisotropic material. As this study estimates the equivalent properties of a material by
approximating the shape and distribution of pores, the material was assumed to be an
orthotropic material, and the elastic modulus determinant was applied accordingly.
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For reference, the elastic modulus determinant of an isotropic material under a plane
stress condition is shown in Equation (8) [16], and the elastic modulus determinant of an
orthotropic material under a plane stress condition is shown in Equation (9).
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τxy
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3. Deriving Equivalent Properties Using Simulation
3.1. Computer Software

In this study, Abaqus 2020 by Dassault Systèmes was used as a finite element method
program. Abaqus has been widely used in academia and industry due to its technical
feasibility [18,19]. Using the result file derived from the finite element method program,
the elastic modulus matrix was derived, and Python (Version 3.8.5, Python Software Foun-
dation Beaverton, OR, USA) was applied to derive the equivalent properties of a material
with pores from the elastic modulus matrix. Python has been widely used in research for
data processing and matrix calculation because its validity has been verified [20].

3.2. Equivalence Derivation Process

In this study, it was assumed that the size and spacing of pores were uniform. The
material properties were derived by using pores of two shapes, and they were compared
through experiments. The shape of circular pores is shown in Figure 3, while the shape of
elliptical pores is shown in Figure 4. Modeling was performed for the shape of a specimen
to be used in the measurement, and verification was carried out as in Section 4. Circular
and elliptical shapes were selected for ease of processing of a material specimen.
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Figure 3. The shape of circular pores. (a) Isotropic view. (b) Top view.

Figure 4. The shape of elliptical pores. (a) Isotropic view. (b) Top view.

As shown in Figures 3 and 4, unit cells were modeled and a constant displacement
was applied as a load condition for each direction, and stress values were derived for each
direction when the condition was applied.

To derive the equivalent stress, a weighted average was applied to the stress value of
a mesh according to the volume size. In addition to the tensile stress in the in-plane X and
Y directions and the shear stress in the XY direction, the tensile stress in the Z direction and
the shear stress in the XZ and YZ directions were derived, respectively.

The elastic modulus and Poisson’s ratio of a representative volume element were
calculated using the determinant obtained in Section 2.2 based on the equivalent strain
in each direction, reflected as the load condition and the calculated equivalent stress in
each direction.

3.3. Determination of Unit Cell Model and Its Shape

To verify the process in Section 3.2, a unit cell model that can be actually manufactured
was selected. Through discussion with the specimen manufacturer, a model with a large
number of pores in the smallest size was selected. The diameter of the circular pores was
120 µm, and the spacing between pores was 220 µm. The specimen was manufactured in a
size of 25 mm in the X direction and 200 mm in the Y direction. For the comparison with
the measurement results from UTM, they were manufactured in a size applicable to UTM.
As a result, 113 pores in the X direction and 910 pores in the Y direction were obtained,
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and the shape of the designed specimen and that of the unit cell are shown in Figure 5.
Actually, those tests were performed former studies [13,14], we used the test results from
those studies.

Figure 5. Dimension and distribution of circular pores (Reprinted from Ref. [13]).

Pattern processing was performed by applying an etching technique for pore process-
ing, and a thickness of 30 µm was selected through discussion with the manufacturer for
convenience and quality of production.

In addition to the circular pores, verification of the elliptical pores was also performed.
The size and distribution of elliptical pores were determined through discussion with
the manufacturer. The diameter was set to 120 µm × 240 µm, and the spacing between
pores was determined to be 220 µm in the X direction and 440 µm in the Y direction. The
size of a specimen was determined to be the same as that of a circular pore specimen,
25 mm × 200 mm × 30 µm, and the shape is shown in Figure 6. However the real dimen-
sions were different from the design data; thus, we checked real dimensions such as the
hole diameter. The pattern processing shape of a processed specimen was checked using
an optical scope. Its size and shape were measured by applying the optical microscope
(i-megascope System2 Mega pixels, Sometech, Seoul, Korea). The shape of an optical micro-
scope is shown in Figure 7. Absolutely, we applied the real dimensions for the simulation.
The information is in Table 1. Each unit cell for simulation is defined in Figure 8. The base
material of each specimen was SUS304, and its mechanical properties are shown in Table 2.

Figure 6. Dimension and distribution of elliptical pores (Reprinted from Ref. [14]).
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Figure 7. (a) Shape of optical microscope. (b) Image with optical microscope.

Table 1. Comparison of design proposal and actual results (unit: µm).

Design Real

Circular pore Length of unit cell 220.0 221.25
Hole diameter 120.0 116.25

Elliptical pore
Length of unit cell 440.0 433.13

Hole diameter
Short 120.0 120.00
Long 240.0 233.13

Figure 8. The shape of unit cell. (a) Circular pore. (b) Elliptical pore.

Table 2. Mechanical properties of SUS304 [13,14].

Contents Value Unit

Density 8000 kg/m3

Modulus of elasticity 193.0 GPa
Poisson’s ratio 0.29 -

3.4. Simulation Procedure

The unit model described in Section 3.2 was modeled, and the grid was constructed
using a hexagonal grid (C3D8R). A displacement of 0.1% relative to the length was applied
as a tensile load and a shear load. The equivalent stress was calculated according to the
process in Section 3.2, and the elastic modulus matrix was calculated using the equivalent
strain. The procedure of this method is shown in Figure 9.
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Figure 9. The procedure of calculation of equivalent mechanical properties.

When simulating the circular pores, the length of cubic was 221.25 µm and the diame-
ter of hole was 116.25 mm, which was based on real specimen. The size of mesh was 5 µm,
and the shape of mesh was hexagonal grid with reduced integration (C3D8R), which is
shown in Figure 10. Moreover, the number was mesh is over 76,000.

Figure 10. The shape of unit cell after meshing. (a) Circular pores. (b) Elliptical pores.

In case of elliptical pores, the length of cubic was 433.13 µm and the diameters of holes
were 120.0 µm and 233.13 µm. The mesh style was as same as in the case of circular pores,
but the size was 10µm and the number of mesh was over 77,000. It is shown in Figure 10.

Tensile strain and shear strain were loaded with boundary condition, and 0.1% of
strain was applied. The tensile strain, shear strain by each direction, was applied in each
step. Step 1 was for tensile strain of X direction, step 2 was for tensile strain of Y direction,
step 3 was for tensile strain of Z direction, step 4 was for shear strain of XY direction,
step 5 was for shear strain of XZ direction, and step 6 was for shear strain of YZ direction.
Examples are shown in Figure 11. Each step was independent from other steps, and each
did not affect other steps. The results of FEA are shown in Figure 12.
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Figure 11. The boundary condition for strain. (a) X-direction tensile strain. (b) XY-direction shear strain.

Figure 12. The distribution of stress with 0.1% strain condition. (a) X-direction tensile strain. (b) XY-direction shear scheme
11. S22, S33, S12, S13 and S23 (S11: tensile stress of X-direction, S22: tensile stress of Y-direction, S33: tensile stress of
Z-direction, S12: shear stress of XY-direction, S13: shear stress of XZ-direction, S23: shear stress of YZ-direction) of each
element were calculated and printed out. The calculation of weighted average concluded the equivalent stress of each
direction at each step.

The elastic modulus determinant of an orthotropic material (Equation (7)) can be
solved with those stress data at each step. At this stage, the calculation for matrix such as
inverse matrix and matrix product should be performed, Python with numpy library can
solve this problem. With python, not only elastic modulus matrix but also the equivalent
Young’s modulus and Poission’s ration were calculated

3.5. Simulation Results

Based on the calculation according to Section 3.2, the circular pores are shown in
Table 3 and the elliptical pores are shown in Table 4.
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Table 3. Equivalent properties with simulation for circular pores.

Contents Value Unit

Elastic modulus (Ex) 112.3 GPa
Elastic modulus (Ey) 112.3 GPa
Elastic modulus (Ez) 147.9 GPa
Poisson’s ratio (νyx) 0.230 m/m
Poisson’s ratio (νxy) 0.230 m/m
Poisson’s ratio (νzx) 0.290 m/m
Poisson’s ratio (νzy) 0.290 m/m

Table 4. Equivalent properties with simulation for elliptical pores.

Contents Value Unit

Elastic modulus (Ex) 106.2 GPa
Elastic modulus (Ey) 127.6 GPa
Elastic modulus (Ez) 150.5 GPa
Poisson’s ratio (νyx) 0.235 m/m
Poisson’s ratio (νxy) 0.196 m/m
Poisson’s ratio (νzx) 0.290 m/m
Poisson’s ratio (νzy) 0.290 m/m

4. Verification and Results through Experiments
4.1. Experimental Equipment and Methods

For the verification of this study, a test specimen was prepared and the elastic modulus
and Poisson’s ratio were measured using a universal testing machine (UTM) (Instron,
Norwood, MA, USA). As a universal testing machine, the Instron 5969 was used, and
a two-axis strain gauge was used to measure the elastic modulus and Poisson’s ratio
(Figure 13). Experiments and measurements were performed in compliance with KS M ISO
527-4, and the static material properties were measured at a tensile speed of 1 mm/min. For
higher reliability, the experiment was performed six times and the average value was used.

Figure 13. (a) UTM. (b) Two-axis strain gauge.

4.2. Shape of Test Specimen

The test specimen was produced in a size of 25 mm × 200 mm × 0.03 mm, and an
etching technique was used to prepare the specimen. STS304 was used as a material, and
the experiment was performed with three types of specimens. Type I is a test specimen that
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simulates a circular pore, and Type II and Type III are test specimens that simulate elliptical
pores. In each case, a specimen was prepared separately to measure the equivalent elastic
modulus and the equivalent Poisson’s ratio. When measuring a tensile stress using UTM, it
was measured in the Y direction. The shape of a specimen is summarized in Figure 14 [14].

Figure 14. Types of test specimens. (a) Specimen with circular pores. (b) Specimen with elliptical pores—long axis in the
tensile direction. (c) Specimen with elliptical pores—short axis in the tensile direction (Reprinted from Ref. [14]).

4.3. Measurement Results

The results of six experiments with three types of specimens are shown in Tables 5–7.
It was found that the range and standard deviation of the results of six experiments were
not significant.

Table 5. Equivalent properties of Specimen Type I [13].

Test No. Modulus of Elasticity (GPa) Poisson’s Ratio (mm/mm)

1 116.0 0.226
2 117.0 0.228
3 117.0 0.243
4 118.0 0.248
5 118.0 0.242
6 117.0 0.231

Average 117.17 0.2363
Standard Deviation 0.687 0.0083

Table 6. Equivalent properties of Specimen Type II [14].

Test No. Modulus of Elasticity (GPa) Poisson’s Ratio (mm/mm)

1 124.0 0.211
2 124.0 0.233
3 124.0 0.212
4 127.0 0.223
5 123.0 0.219
6 122.0 0.226

Average 124.0 0.221
Standard Deviation 1.53 0.0077
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Table 7. Equivalent properties of Specimen Type III [14].

Test No. Modulus of Elasticity (GPa) Poisson’s Ratio (mm/mm)

1 110.0 0.196
2 109.0 0.196
3 111.0 0.188
4 110.0 0.206
5 109.0 0.194
6 109.0 0.199

Average 109.7 0.197
Standard Deviation 0.75 0.0054

4.4. Comparison and Verification

Tables 8–10 compare the equivalent properties estimated from this study with those
obtained through actual measurements.

Table 8. Difference between simulation and measurement for Type I.

Modulus of Elasticity (GPa) Poisson’s Ratio (mm/mm)

Simulation 112.3 0.232
Measurement 117.2 0.236
Difference (%) 4.18 (%) 1.69 (%)

Table 9. Difference between simulation and measurement for Type II.

Modulus of Elasticity (Ey, GPa) Poisson’s Ratio (νyx, m/m)

Simulation 127.6 0.236
Measurement 124.0 0.221
Difference (%) 2.82 (%) 6.36 (%)

Table 10. Difference between simulation and measurement for Type III.

Modulus of Elasticity (Ex, GPa) Poisson’s Ratio (νxy, m/m)

Simulation 106.2 0.196
Measurement 109.7 0.197
Difference (%) 3.19 (%) 0.51 (%)

In addition, the stress–strain curves for Type I, Type II, and Type III are shown in
Figures 15 and 16. As the standard deviation of each case is not large, the difference among
tests and average is very small. Moreover, the difference between average and simulation
is not big; the curves are similar.

Figure 15. Stress–strain curve for circular pores (Type I).
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Figure 16. Stress–strain curve for elliptical pores. (a) Type II. (b) Type III.

5. Discussion

The purpose of this study is to estimate the elastic modulus and Poisson’s ratio of a
material with irregular pores. When the size and arrangement of pores are irregular, the
material properties should be analyzed using a completely anisotropic material. Therefore,
more in-depth research is required. In this study, a research method that is feasible in the
industrial field was proposed by estimating material properties more easily through work-
ing from the assumption that pores have the characteristics of 2D orthogonal anisotropy.
To avoid the modeling and analysis of all pores, calculation for equivalent properties was
performed using the representative volume element method. A Python program was
developed to calculate equivalent properties based on the assumption that the pores are or-
thogonal anisotropic materials. To verify the results produced by the program, a specimen
was produced by simulating circular pores and elliptical pores with horizontal/vertical
asymmetry, and the simulation and measurement results were compared after measuring
the specimen using UTM. We checked and verified three cases with our method. As differ-
ences between simulation and measurement are under 6.4%, our method is reliable and
accurate. This research can be applied to many industries such as medicine and dentistry.

In the case of a specimen simulating pores in an elliptical shape, it was found that its
production was difficult due to the shape. Thus, the fabrication was not perfect; as shown
in Figure 17, the dimensions of top side and bottom side of ellipse were not same. As the
shape of upper and lower sides was different, it might affect the results.

Figure 17. The shape of imperfect fabrication.
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Because the shape and arrangement of pores are not uniform, the assumption of
an orthotropic material has limitations when it comes to simulating the actual behavior.
However, in the case of anisotropic elasticity, it is only possible to estimate the elastic
modulus matrix through measurement, and it is difficult to say that the estimated elastic
modulus matrix perfectly simulates a porous material. Although it does rely on some
assumptions, the results of this study will be of great help in industrial design if they
are applied to the finite element method using porous materials in the industrial field.
Especially, this method can be useful for analysis of materials in medicine and dentistry,
such as bacterial biofilm [21], bones, and porous tantalum. Research considering porosity
is very important, as porosity of certain materials can influence the retention and formation
of bacterial biofilm

6. Conclusions

In this study, the equivalent properties were calculated and verified by assuming that
the material with pores was an orthotropic material while applying the representative
volume element method.

1. In the case of a finite element method using porous or composite material, it is
inefficient to perform the analysis using material modeling. The equivalent properties
of a material were estimated by applying the representative volume element method.

2. Working from the assumption that the pores are horizontally/vertically asymmetrical,
an elastic modulus matrix of an orthogonal anisotropic material was constructed.
The equivalent elastic modulus and equivalent Poisson’s ratio of a representative
volumetric element were calculated using the equivalent strain and equivalent stress.

3. Based on the element volume and element stress values derived from the finite
element method program, the representative stress value and elastic modulus matrix
were calculated using Python. In addition, the equivalent material properties were
derived using the calculated elastic modulus matrix.

4. A thin-plate specimen made of STS304 was etched in a specific pattern to simulate
pores. The elastic modulus and Poisson’s ratio were measured using UTM and
verified through comparison with simulation results.

5. This research can be applied to many industries such as medicine and dentistry, which
treat porous materials such as bacterial biofilm, bones, teeth, and porous tantalum.
As porosity of certain materials can influence the retention and formation of bacterial
biofilm, this research is very powerful for analysis for materials with porosity.
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