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Abstract: This article demonstrates how a combination of well-known tools—a standard 2D detector
(CCD (charge-coupled device) camera) and a crystal analyzer—can improve the multimodality of
X-ray imaging and tomographic sensing. The use of a crystal analyzer allowed two characteristic
lines of the molybdenum anode—Kα and Kβ—to be separated from the polychromatic radiation of the
conventional X-ray tube. Thus, as a result of one measurement, three radiographic projections (images)
were simultaneously recorded. The projection images at different wavelengths were separated in space
and registered independently for further processing, which is of interest for the spectral tomography
method. A projective transformation to compensate for the geometric distortions that occur during
asymmetric diffraction was used. The first experimental results presented here appear promising.

Keywords: X-ray imaging; multimodality sensing; tomography; X-ray diffraction;
multichannel visualization

1. Introduction

Various types of sensors and detectors exist. In the X-ray range, examples include ionization
chambers (gas discharge counters) [1,2], scintillation counters (chambers) [3] in which X-ray radiation is
converted into visible light, or solid-state detectors [4–7], in which X-ray photons generate electron–hole
pairs and the corresponding current is recorded. Improvement of existing detector types or the creation
of new detectors (using new physical principles) equates to progress in sensing. However, sensing can
also be interpreted as the ability to obtain more information. In this case, this means expanding the
functionality or multimodality of detectors, which is the topic of discussion in this article.

X-ray tomography is a logical continuation of the X-ray imaging technique. It allows a set of
X-ray projections to be acquired from different angles of an object to visualize its spatial structure.
Obtaining additional information from X-ray images increases the multimodality of a method.
Recently [8], it was demonstrated that using a crystal analyzer allows two predetermined spectral lines
to be separated from the incident polychromatic beam (in this case, Kα and Kβ are the characteristic
lines of the molybdenum anode). As a result of this experiment, three tomographic projections existed,
with some exceptions: a polychromatic straight beam without two characteristic lines that takes into
account the absorption of the crystal and attenuator to avoid saturation of the detector, and two
quasi-monochromatic beams. In contrast to traditional multi-energy tomography, all images obtained
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by this method [8] correspond to the orientation of one object, which considerably simplifies combining
the reconstructed tomograms. The amount of information obtained in such a scheme is considerably
greater than that in a traditional tomography scheme; however, it is not as simple because there is
a question about interpreting the obtained results.

The apparent advantage of the proposed scheme [8] is that the solution of the problem was
carried out not only for the orientation of the crystal analyzer relative to the straight incident beam,
but also for the rotation angles of the crystal in the laboratory coordinate system. In other words,
the rotation angles for goniometer motors, which drive the crystal to the required position, are calculated.
Nevertheless, cutting the crystal (correspondence of crystallographic planes to the real surface) can be
performed with an error of 1–2 degrees, and fine alignment of the scheme takes only a few minutes.
This saves time for alignment in time-limited experiments (e.g., on synchrotrons) and to allows
collection of more tomographic projections.

Another obvious advantage is that if there are elements in the composition of the investigated
object with an edge of absorption lying inside the Kα and Kβ line range of the used anode, then in
these projections, a map of the element distribution can be obtained. It should be noted that this is
the first significant advantage of such a detection scheme related to the expansion of multimodality.
For example, an absorption edge of Ni exists between the Kα and Kβ lines of a copper anode; Zr and
Nb of a molybdenum anode; Rh, Pd tungsten, Tm, Yb, Lu, Hf, and Ta of a silver anode; W, Re, Os,
and Ir of a gold anode, etc.

However, this is only a qualitative advantage of the proposed scheme. To analyze this quantitatively,
it is necessary to use the dynamic theory of X-ray diffraction in crystals. First, it is necessary to
compensate for the projection distortions that result from the asymmetric diffraction of the selected
reflecting planes. These are not only projection angles, but also scale distortion along different axes.
Moreover, it is necessary to consider that when using a crystal analyzer in the Laue diffraction scheme,
its thickness is determined to minimize the absorption. This leads to deformations of the crystal
lattice (curvature of the reflecting planes), which results in nonlinear distortions of projections when
the crystal is attached to the goniometer head. Such issues cannot be taken into account in advance,
which is the aim of the mathematical correction of the resulting projections (Section 4.2).

However, the use of a crystal analyzer is not limited to projection distortions. It also allows
switching of the detection modes: absorption or phase-contrast imaging. Such an extension of
multimodality requires significant theoretical research on the analysis of tomographic projection image
formation. The first step on this path is presented in this paper; the proposed approach is based on [9–11],
which was used for the first time in [12] to analyze the scheme of a laboratory microtomography
setup with a crystal analyzer in the case of asymmetric Bragg diffraction. The mathematical model
(formation) of tomographic projections is provided in Section 2. Section 3 addresses the use of a crystal
analyzer in X-ray image diagrams, and the experimental results are provided in Section 4.

2. Tomographic Projections from Physical to Mathematical Models (Formation)

Let the investigated object be illuminated by an incoherent polychromatic X-ray source.
Then, the intensity in point (xdet, ydet) is determined by the expression in the following notation [13]:

I(xdet, ydet) =

∫
I(ξ, η; E)

∣∣∣K(ξ, η; xdet, ydet; E)
∣∣∣2dξdηdE, (1)

where I(ξ, η; E) is the intensity of radiation with a photon energy E at a typical source point ξ, η;
K(ξ, η; xdet, ydet; E) is the transmittance function of the optical scheme that describes the radiation
spread from this point to a given point in the detector plane.

Now suppose that the source points emit not only independently of one another, but also
the physical conditions of their radiation are the same, i.e., they emit the same spectrum g(E).
Mathematically, this means that I(ξ, η; E) can be factorized as I(ξ, η; E) = I(ξ, η)·g(E). In the case of the
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in-line scheme source–object–detector (Figure 1a), which is typical for tomography—K(ξ, η; xdet, ydet; E)
is simply a Kirchhoff–Fresnel integral for a point source, and Expression (1) takes on the form:

I(xdet, ydet) =

∫
g(E)I(ξ, η)

∣∣∣∣∣∣
∫

F(xo, yo; E)
eik(E)(rso+rod)

rsorod
Λdxodyo

∣∣∣∣∣∣2dξdηdE, (2)

where xo and yo refer to the coordinates in the object plane; rso and rod refer to the distances
between the source object and the detector object, respectively; Λ is the angular multiplier, equal to
Λ = (i/2λ)

(
cos

(
→
n ,
→
rso

)
− cos

(
→
n ,
→
rdo

))
; F(xo, yo; E) is the transmission function of the object;

→
n is the

external normal vector; k(E) = 2π/λ(E) is the wave vector module; and λ(E) = 12.39842/E(keV) is
the corresponding wavelength of the X-ray radiation in angstroms. In paraxial or Fresnel approximation
for a 1D case:

Λ � i/λ rso � R1 +
(xo − ξ)

2

2R1
; rod � R2 +

(xo − xdet)
2

2R2
, (3)

K(ξ; xdet; E) =
i

λ(E)
eik(E)(R1+R2)

∫
F(xo; E)

ei k(E)
2R1

(xo−ξ)
2+i k(E)

2R2
(xo−xdet)

2

√
R1R2

dxo, (4)

where R1 and R2 refer to the distances between the source object and the object detector along the
optical axis, respectively.
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Figure 1. The formation of tomographic projections from physical to mathematical models: (a) 
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absence of diffraction in free space; (d) 3D object reduced to a 2D absorbing and phase shifting screen. 
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Figure 1. The formation of tomographic projections from physical to mathematical models: (a) standard
scheme of tomography; (b) approximation of a plane wave beam; (c) approximation of the absence of
diffraction in free space; (d) 3D object reduced to a 2D absorbing and phase shifting screen.

Furthermore, in numerical modeling, it is necessary to distinguish the illumination conditions of
the object. First, for a point source of radiation:

I(xdet) =
∣∣∣K(ξ = 0; xdet; E = E0)

∣∣∣2. (5)

Second, for an extended source:

I(xdet) =

∫
I(ξ)

∣∣∣K(ξ; xdet; E = E0)
∣∣∣2dξ. (6)

Finally, for an extended polychromatic source:

I(xdet) =

∫
g(E)I(ξ)

∣∣∣K(ξ; xdet; E)
∣∣∣2dξdE. (7)

In this case, all numerical results should be normalized to I0, which is the radiation intensity in
the detector plane in the absence of the object:

I0 =
Is

R1 + R2
;

∫
I(ξ)dξ

R1 + R2
;

∫
g(E)

∫
I(ξ)dξdE

R1 + R2
. (8)
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It is desirable to specify the spatial and spectral distributions of source intensity using normalized
units. For example, for synchrotron-type sources, they can be approximated using the normalized
Gaussian distribution (or function). For the spatial distribution of the intensity of the size source
ξs(∼ 15 µm):

I(ξ) =
1

ξs
√

2π
e
−
ξ2

2ξ2
s . (9)

For its corresponding spectral (or energy) distribution, Gaussian or bandwidth limited:

g(E) =
1

∆E
√

2π
e
−

(E−E0)
2

2(∆E)2 ;
1

2∆E
, (10)

where E0 (∼ 20 keV) is the average radiation energy and ∆E (∼ 2 keV) is the width of its spectrum.
However, modeling even such a simple scheme to account for diffraction effects

generates considerable practical difficulties associated with the small step of partitioning
the spatial grid on which the integral transformations (Fresnel type) are calculated [14].
Therefore, various approximations/simplifications of the projection signal model are used in tomography.
These are now considered in more detail.

First, the integration by source coordinates is neglected. ξ and η, i.e., in Expression (2),
are I(ξ, η) = I0 and I0(E) = I0·g(E). From a physical point of view, this means that the (extended)
source (radiation) (Figure 1a) is pushed back to infinity, and the incident radiation is replaced by
a plane wavefront beam (Figure 1b) (or point source in a cone tomography scheme).

Second, the integration by coordinates in the object plane is also neglected, i.e., xo and yo

refer to K(ξ, η; xdet, ydet; E) = F(xdet, ydet; E). From a physical point of view, this means that the
object is located on the detector surface (Figure 1c). In this case, all diffraction effects are ignored,
including phase-contrast imaging based on free space propagation (in-line holography). This is
important for tomographic methods of investigation using synchrotron-type sources, and it also limits
(affects) the resolution of tomographic schemes [15].

Third, the scattering of radiation on inhomogeneities inside the object is neglected (Figure 1d).
From a physical perspective, this means that the X-rays inside the object propagate along straight lines,
absorbing and shifting the phase so that:

F(xdet, ydet; E) = eik
∫

(−δ(xdet,ydet,z;E)+iβ(xdet,ydet,z;E))dz (11)

and: ∣∣∣F(xdet, ydet; E)
∣∣∣2 = e−

∫
µ(xdet,ydet,z;E)dz (12)

where n(x, y, z; E) = 1 − δ+ iβ refers to a complex index of refraction of the object and µ = 4πβ/λ
is the absorption coefficient. In optics, such a model is called a transparency screen (Figure 1c).
This approximation also limits the resolution of tomographic schemes [15].

Finally, a widely used expression for tomographic projection in a polychromatic beam can
be obtained:

I(xdet, ydet) =

∫
I0(E) exp

(
−

∫
µ(xdet, ydet, z; E)dz

)
dE. (13)

Many tomographic reconstruction artifacts are due to the above simplifications of the real physical
model. For example, the so-called “blurring” of tomographic projections (images) is mainly due to
source averaging and diffraction effects. It can be seen that these are not considered in the mathematical
model. The correct approach is to develop reconstruction methods that allow working with more
adequate models of tomographic projections.
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3. The Use of a Crystal Analyzer in X-ray Imaging Schemes

From the perspective of numerical modeling, adding a crystal analyzer to the scheme when
obtaining tomographic projections transforms the task into one that relates to multi-component systems.
The method and problems encountered in solving such a problem are described in [12]. Herein, the part
of the problem that relates to the crystal analyzer is presented.

The main idea of the approach [9–11,16] is that because the analytical solution in the case of crystals
is obtained only for a plane incident wave, the propagation/diffraction through a crystal of an arbitrary
wavefront can be calculated by decomposing it into the spectrum of plane waves. This formulation is
called a spatially inhomogeneous dynamic problem in the Laue and Bragg geometries. The wavefront
distortion occurs due to X-ray absorption and refraction in an object placed in the beam in front of
a single crystal, which here plays the role of an analyzer of the angular distribution of the scattered
object of radiation with second angular resolution.

When a plane wave falls, the amplitude distribution of the wave field amplitude A0 on the
crystal surface is constant and can be equal to 1 (unity). The difference in the phase of the plane
wave illuminating the crystal surface at different points is already taken into account in the equations
of the dynamic theory. In all other cases, it is necessary to consider the deviation of the incident
wavefront from a plane wavefront. If, as before, a real radiation source is a set of point sources emitting
independently of one another (incoherently), then the wave field of each of these is described by the
following expression (one spectral component):

E0(r) =
√

I(ξ, η)
eik0(E)r

r
= A0(r) exp(ik0r), (14)

where:

A0(r) =

√
I(ξ, η)

r
exp[i(k0r− k0r)], (15)

which is the required distribution of the wave field amplitude on the crystal surface. The phase factor
in Expression (15) describes the deviation of a spherical wavefront from a plane wavefront.

Next to consider is the formation of the diffraction pattern, which is obtained when the wave falls
E0(r) = E0(x, z) that has passed through the limiting slit to the surface z = 0 plane- parallel crystal with
thickness t, located in Bragg’s geometry. The x-axis is directed along the crystal surface, and, in the case
of Bragg’s geometry, the output surface of the crystal coincides with the input surface. It is necessary
to find the distribution of the field’s Eg(x) diffracted (g = h, z = 0) and passed (g = 0, z = t) beams.

The field’s E0 and Eh on the crystal surface z = 0 can be represented as:

Eg(x) = Ag(x) exp
(
ikgxx

)
, (16)

where (g = 0, h) with:

k0x = k cos(θBr +ψ) − s, khx = k cos(θBr −ψ) − s (17)

where the value s = kγ0∆θ is determined by the angular alignment of the crystal ∆θ = θ− θBr, and
θ is the angle between incidence k and the system of the reflecting planes of the crystal. The other
designations—γ0 = cos(k, n) = sin(θBr +ψ), γh = − cos(k + h, n) = sin(θBr −ψ) > 0, and ψ—refer
to the angle between the reflecting planes and the crystal surface

(∣∣∣ψ∣∣∣ < θBr
)
.

To find the coordinate dependence of the diffracted wave amplitude, Ah(x) can be decomposed
into A0(x) and Ah(x) on the plane waves:

Ag(x) =

∞∫
−∞

Ag(q)exp(iqx)dq (18)
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Ag(x) =
1

2π

∫
∞

−∞

Ag(x)exp(−iqx)dx. (19)

Moreover, from the dynamic theory of X-ray diffraction for the Fourier component (plane waves):

Ah(q) = r(s− q)A0(q), (20)

where r(s− q) is the plane wave amplitude reflection coefficient A0(q) incident at an angle of
∆θ′ = ∆θ − (q/kγ0) in relation to the exact Bragg angle [17,18]. In the case of a thick crystal, it is
equal to the known expression:

r(∆θ) = (bχh/χ−h)
1/2

[
−y±

√
y2 − 1

]
(21)

where y is the normalized angular alignment, expressed in units of the half-width of the diffraction
reflection curve; b = γ0/γh = sinθ0/ sinθh is the reflection asymmetry coefficient; and χh and χ−h are
the Fourier components of the crystal polarizability [10,11].

It is also possible to obtain a form of recording equivalent to Expression (20), which combines not
only the Fourier components q of the fields, but also their spatial distributions. To do this, Expression (20)
is substituted into (18), and (19) is used for A0(q), and the variables x− x′ = ξ, s− q→ q are replaced:

Ah(x) =
1

2π

∞∫
−∞

dq

∞∫
−∞

r(q)A0(x− ξ)ei(s−q)ξdξ. (22)

The change in the integration order leads to the following integral relation for the spatial
distribution of the diffracted wave Ah(x) at the arbitrary distribution of the incident wave A0(x):

Ah(x) =
1

2π

∫
∞

−∞

Gh(ξ)A0(x− ξ)eisξdξ, (23)

Gh(ξ) =
1

2π

∫
∞

−∞

r(q)e−iqξdξ, (24)

where Gh(ξ) is the Green function of the space-uniform Bragg diffraction problem.
The Green function is, by definition, a function of point source influence. In this case, a point

source is located on the crystal surface and determines the degree of blurring of this point in a spot
of finite size. Note that the angular spectrum of the point source is uniform in 4π steradians or 2π
radians in the 2D case and linear source. The part of this spectrum that participates in image formation
is determined by the crystal diffraction reflection coefficient, which is the Fourier image of the Green
function (24). Thus, the Green function describes the blurring of the point as a result of the limited
perception of the input angular spectrum by the crystal analyzer.

Thus, as a result of theoretical consideration, a formalism is obtained that allows the influence
of the crystal analyzer in the optical scheme to be taken into account if the spatial distribution of the
wave field on the crystal surface (23) or the angular spectrum of incident radiation (20) is known.
Similar expressions can be obtained using a crystal analyzer in Laue geometry.

This section, with a simple numerical example, can be completed to present the influence of the
crystal analyzer at a qualitative level. Let a spherical wavefront fall on the crystal with a slit located
at a certain distance in front of it. Figure 2 shows the modulation of the beam cross-section in the
system of the slit analyzer at different normalized angles of adjustment of the crystal analyzer. That is,
angular alignment of the crystal analyzer leads to changes in the spectrum of the spatial frequencies of the
object: rather than homogeneous illumination after the slit (Figure 2b), there is a transverse modulation
of the beam intensity, depending on the value of angular alignment (Figure 2a,c). Calculations are
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made for a synchrotron-type radiation source located at a distance of 40 m. Nevertheless, even in this
case, the crystal analyzer can feel the wavefront curvature.Sensors 2020, 20, x FOR PEER REVIEW 8 of 17 
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Figure 2. Modulation of the beam cross-section in a slit monochromator system at various normalized
angles of alignment of the crystal analyzer (reflection Si (220), Cu Kα, θBr = 23.652◦): (a) y = 1.05;
(b) y = 0; (c) y = −1.05. Other parameters: An extended rectangular source ξs = 100 µm, located
at a distance of 40 m, illuminates a slit size of a = 100 µm; the distance of the slit analyzer is 5 cm;
the asymmetry coefficient of the crystal b = 1.

Figure 3 demonstrates the causes of transverse modulation of the beam. Cases (a) and (c) in
Figure 2 correspond to the choice of the working point (angle alignment) of the analyzer on the front
and back slopes of the rocking curve, respectively. Due the diffraction on a slit, in a falling beam,
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there is a spread in wave vectors, i.e., in the angles of incidence on the crystal surface. In this case,
depending on the choice of the working point (angle alignment) of the crystal, a part of the radiation
falls on the peak of the rocking curve under the exact Bragg conditions, and another part is out Bragg
diffraction conditions, which leads to transverse modulation in the beam section.
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diffraction reflection.

The ability to convert the phase modulation of diffracted radiation (angular spectrum) into visible
intensity distribution through the diffraction reflection from the perfect crystal is the basis of X-ray
phase-contrast methods in monochromatic radiation in a scheme with the crystal analyzer [9,19,20].
In contrast, only the phase contrast can achieve submicron resolution in the hard X-ray radiation.

When using polychromatic laboratory X-ray sources (Figure 4), interpretation of the obtained
projection images becomes even more complicated. At present, no complete description exists of the
algorithm for solving the considered problem. Only the first experimental results have been obtained,
which are presented in the next section.
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4. Tomographic Projection Post Processing

4.1. Experimental Results

Recently [8], we proposed a method of alignment of a crystal analyzer to select two characteristic
lines from the spectrum of a conventional X-ray tube for simultaneous registration of tomographic
projections. When using a crystal analyzer, projection images at different wavelengths are separated in
space and can be registered independently for further processing, which is of interest for the spectral
tomography method. Experiments were carried out on the X-ray diffractometer [8], the scheme of
which is presented in Figure 5.
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A silicon crystal analyzer with a thickness of 540 µm was mounted on a goniometer perpendicular
to the X-ray beam (Figure 5). The source of X-ray radiation was an X-ray tube with a molybdenum
anode with a focus size of 0.4 × 12 mm. Taking into account the size of the focal spot of the source,
which was ~1 mm, the size of the probe crystal of the polychromatic X-ray beam was regulated by two
mutually perpendicular slits and was 2 mm both vertically and horizontally. Initially, the crystal was set
so that its (111) plane was perpendicular to the beam. By rotation around the X, Y, and Z axes (Figure 5),
the analyzer was adjusted to the maximum reflections in Laue geometry for the crystallographic plane(
111

)
in the case of the Kα line and

(
111

)
for the Kβ line. The crystal analyzer alignment is described

in more detail in [8]. The X-ray images of two characteristic lines transmitted through a 5 mm thick
aluminum filter beam were recorded on a 2D charge-coupled device CCD camera (Ximea XiRay11).
The exposure time of one frame was 10 s. The size of the sensitive element (pixel size) of the detector
was 9 µm. The source–crystal distance was 1000 mm and the crystal–detector distance was 22 mm.

The results obtained by the example of a test object (calibration grid) are shown in Figure 6a.
In the image of the test object (Figure 6a), on the left, there is an absorption contrast of Kβ on reflection
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from the peak of the rocking curve; on the right, there is a quasi-phase-contrast in Kα on reflection with
angular adjustment. The image on the right appears in greater relief as a stereo image, which is typical
for the phase-contrast registration mode.Sensors 2020, 20, x FOR PEER REVIEW 11 of 16 
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Figure 6. Image-type reflections: (a) with calibration grid for cases of the transmitted X-ray beam,
the planes

(
111
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and
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)
correspond to the characteristic Kα and Kβ lines of Mo accordingly;

(b) theoretical simulation using LauePt software [21].

4.2. Data Processing Algorithm

To interpret the results of the experiments, the expressions that link the values registered by the
detector pixel to the parameters of the object are written and the crystal analyzer is placed in the optical
path. Let us start with the image registered in the transmission mode and rewrite Expression (10),
taking into account the set position of the crystal analyzer:

IT(xdet, ydet) =
∫

dEI0(xdet, ydet, E)exp
(
−

∫ L(cxdet,ydet)

0 µ(z; E)dz
)

(
1− Fre f l(Ei, dcr,ϕ, ϑ )

) (25)

where (xdet, ydet) is the intensity recorded by the detector cell, the position of which is set in a pair,
i.e., xdet and ydet; L is a line passing through the source (assuming that it is a point) and a point specifying
the position of the detector cell; and ϕ and ϑ are the azimuthal and tangential angles that determine the
orientation of the family of reflecting planes relative to the incident beam, respectively. The difference
between Expressions (25) and (10) is that an operator describing the loss of the transmitted intensity due
to the deviation of the X-ray assembly part from the direction of probing appears. Approximation of the
intensity attenuation due to the deviation of a part of the rays, i.e., the type of function Fre f l(Ei, dcr,ϕ, ϑ ),
remains a challenge that needs to be addressed. The quasi-monochromatic images Ikα and Ikβ formed
by a crystal are projectively distorted. To compensate for the distortions that result from asymmetric
diffraction of the selected families of reflecting planes, we used the projective transformation H :

HIi
kα = Ii

T, i = 1, 4, (26)

where i is the number of projective base points. The transformation is performed over the coordinates
of the projective basis points [22–25]. The lattice used as a calibration object does not limit the class of
test objects because the theory of constructing projective-invariant bases for projective transformed
smooth convex figures is also developed [26].

When working with a test object, three images—transmission and two images in the Kα and Kβ
lines—are used. When recording a transmission image, the attenuator (a 5 mm thick aluminum filter)
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is placed in front of the detector screen in a straight beam area, i.e., the signal conditioning model is
complemented by the filter attenuation:

IT(xdet, ydet) =
∫

dEI0(xdet, ydet, E)exp
(
−

∫ L(xdet,ydet)

0 µ(z; E)dz
)
Fabs(E, dcr)

(
1− Fre f l(Ei, dcr,)

)
exp

(
−µAldAl

)
. (27)

An expression that links the measured intensity without a sample to the crystal and filter
parameters is:

I0
T(xdet, ydet) =

∫
dEI0(xdet, ydet, E)

(
1− Fre f l(Ei, dcr,)

)
exp

(
−µAldAl

)
. (28)

By dividing (28) by (27) and taking the logarithm, we can approximate the data linearization
procedure, i.e., the ratio commonly used as a fast preprocessing step for tomographic data
before reconstruction: ∫ L(xdet,ydet)

0
µ(xdet, ydet, z)dz = ln

 I0
T(xdet, ydet)

IT(xdet, ydet)

 (29)

Note that the sub-integral function µ(xdet, ydet, z) describes the distribution of an averaged source
spectrum attenuation coefficient. The absolute value of the coefficient does not allow the composition
to be estimated. The spectrum is weakened by the object and changed by the crystal analyzer installed
in the path. When performing a division operation, the contribution is not scaled.

Figure 7 shows the normalized measurement results of the calibration grid Pnorm
∗ . To calculate the

normalized value:

Pnorm
∗ (xdet, ydet) =

I0
∗ (xdet, ydet) − Idark(xdet, ydet)

I∗(xdet, ydet) − Idark(xdet, ydet)
. (30)

the dark current Idark(xdet, ydet) is measured. Subscript “*” takes on one of three meanings:
T (transmission) (Figure 7a), Kα (Figure 7b), or Kβ (Figure 7c).
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Figure 7. (a) Image in transmission mode; (b) Kα image Pnorm
Kα

; (c) Kβ image Pnorm
Kβ

; (d) Kα image after

projective correction Pproj
Kα

; (e) Kβ image after projective correction Pproj
Kβ

.

Images in the reflections (Kα and Kβ) differ from transmission signals in the manner they are
formed. These are pseudo-monochromatic images, meaning that the attenuation coefficient or the
integrated function µ after tomographic reconstruction estimates the linear attenuation coefficient of
the object, which can already be associated with the chemical composition of the object.
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Figure 7b,c shows the normalized images formed by the crystal Pnorm
Kα

and Pnorm
Kβ

, respectively.

Figure 7d,e shows the results of the projective correction of the images Pproj
Kα

(Figure 7b) and Pproj
Kβ

(Figure 7c), respectively.
Now it is possible to align images pixel-to-pixel with the same coordinates. To visualize the

results of the alignment, we constructed a three-channel color image, which is shown in Figure 8.
The following algorithm was used for color image calculation. In the first step, we built a mask to
minimize the contribution of the pixels that did not contain the object and pixels of the object with high
noise dispersion. The following steps were performed for the pixels of the mask: narrowing of the
dynamic range of pixel values to increase the contrast to the range of 0.3–0.95; channel auto-calibration
of the images to equalize the brightness range of the monochrome channels; and a three-channel image
was built using the linear method. The red channel contained transmission image values, the green
channel contained pixels of Pproj

Kα
, and the blue channel contained pixels of Pproj

Kβ
. To demonstrate the

capabilities of the method, we present the measurement results of a chip section in a circuit with
a crystal analyzer. We collected 50 images, each with 3 s exposure, in the transmission mode and 50
images, each with 30 s exposure, in the two reflexes. The averaged and correlated images, according to
the procedure described above, are shown in Figure 9.
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After applying the projective transformation to the pixels of each of the Kα and Kβ line images,
we constructed a three-channel image, which is shown in Figure 10.
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From this image, it can be concluded that the proposed procedure to compensate for the geometric
distortions caused by the crystal analyzer installed in the optical path is correct. Images of each of
the channels may serve as fully fledged tomographic projections, being shot at different angles of the
object rotation. The use of this measurement scheme allows the object to be placed on the goniometer,
i.e., to implement the rotation of the sample.

Correction of geometric distortions allows a complete set of polychromatic projections to be
created. The presence of a crystal analyzer in the optical path complicates the model of projection
formation, but the development of methods for solving the problem of tomographic reconstruction,
taking into account the changing phase of the probing radiation, is ongoing [27–29]. The color image
is not used in the reconstruction procedure. Before the optimization problem solution, each type
of collected projection is preprocessed separately. The transmission projections are preprocessed
according to Expression (27), and the spectral projections are preprocessed according to the model
described in Section 3.

5. Conclusions

This article demonstrated how a combination of well-known tools—i.e., a standard 2D detector
(CCD camera) and a crystal analyzer—can improve tomographic sensing multimodality. The use of
a crystal analyzer made it possible to isolate two characteristic lines of the molybdenum anode from the
polychromatic radiation of a standard X-ray tube, namely, Kα and Kβ. Three radiographic projections
(images) were recorded as a result of the experiment. The projection images at different wavelengths
were separated in space and can be registered independently for further processing, which is of interest
for the spectral tomography method. The first experimental results presented here appear promising.

In the current work, an algorithm for the geometric correction of projection distortions was
derived. Furthermore, work began on building a model of tomographic projections based on the
dynamic theory of X-ray diffraction in crystals, which will allow quantitative analysis. The fact that the
incident beam is polychromatic greatly complicates the task, but is nonetheless of significant interest.
The extension of multimodality to the ability to switch between detection modes—i.e., absorbing contrast
or phase-contrast imaging—will clearly reward the expended effort.

It also appears promising to use such a spectral pattern with a crystal analyzer in Bragg’s geometry.
In this case, it is possible not only to achieve a gain in the intensity of diffraction monochromatic
projections, but also to avoid the problem of deformation of the crystal due to its thickness, which is
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present in Laue geometry. In addition, Bragg’s geometry is simpler in terms of crystal alignment and
quantitative analysis of the results, because there are no thick oscillations on the thick crystal rocking
curve. However, its implementation requires a significant upgrade of experimental hardware.

Unfortunately, due to the lack of a suitable test object, it was not possible to demonstrate another
multimodality extension of the proposed detection scheme. Namely, when a test object includes
elements with an absorption edge lying within the range of Kα and Kβ of the used anode, a map
of the distribution of this element should be obtained in (diffraction) monochromatic projections.
Additional expansion in this direction can be achieved by varying the choice of the material of the used
anode. These are tasks to be pursued in the near future. In addition, the use of a crystal analyzer as an
energy separator of the primary beam together with polychromatic synchrotron X-ray radiation opens
new opportunities for research to contrast almost any substance in the sample. In this case, the crystal
can be tuned to obtain reflections before and after the absorption edge of a particular element.

Author Contributions: Conceptualization, M.C. and I.S.; methodology, M.C. and I.S.; experiments, D.Z. and I.D.;
data processing, A.B., M.C., and A.I.; curation, D.N.; writing—original draft preparation, I.D.; writing—review
and editing, A.B., M.C., D.Z., and I.S. All authors have read and agreed to the published version of the manuscript.

Funding: This research was funded by the Russian Foundation for Basic Research (Project No.18-29-26036) as
part of the application of Laue analyzer and Project No.18-29-26033, which is part of the geometric distortion
correction, and the Ministry of Science and Higher Education within the State assignment FSRC “Crystallography
and Photonics” RAS as part of the X-ray measurements.

Conflicts of Interest: The authors declare no conflict of interest.

References

1. Seuntjens, J.; Thierens, H.; Schneider, U. Correction factors for a cylindrical ionization chamber used in
medium-energy x-ray beams. Phys. Med. Biol. 1993, 38, 805. [CrossRef]

2. Ubrich, F.; Wulff, J.; Kranzer, R.; Zink, K. Thimble ionization chambers in medium-energy x-ray beams
and the role of constructive details of the central electrode: Monte Carlo simulations and measurements.
Phys. Med. Biol. 2008, 53, 4893–4906. [CrossRef] [PubMed]

3. Bieberle, A.; Windisch, D.; Iskander, K.; Bieberle, M.; Hampe, U. A Smart Multi-Plane Detector Design for
Ultrafast Electron Beam X-ray Computed Tomography. Sensors 2020, 20, 5174. [CrossRef] [PubMed]

4. Guo, Z.; Tang, Z.; Wang, X.; Deng, M.; Hu, G.; Zhang, H. Performance Evaluation of a Modular Detector
Unit for X-Ray Computed Tomography. Sensors 2013, 13, 5167–5180. [CrossRef]

5. Lewis, C.E.; Das, M. Spectral Signatures of X-ray Scatter Using Energy-Resolving Photon-Counting Detectors.
Sensors 2019, 19, 5022. [CrossRef] [PubMed]

6. Shrestha, S.; Kawahito, S.; Kamehama, H.; Nakanishi, S.; Yasutomi, K.; Kagawa, K.; Teranishi, N.; Takeda, A.;
Tsuru, T.G.; Kurachi, I.; et al. A Silicon-on-Insulator-Based Dual-Gain Charge-Sensitive Pixel Detector for
Low-Noise X-ray Imaging for Future Astronomical Satellite Missions. Sensors 2018, 18, 1789. [CrossRef]
[PubMed]

7. Eldib, M.E.; Hegazy, M.; Mun, Y.J.; Cho, M.H.; Cho, M.H.; Lee, S.Y. A ring artifact correction method:
Validation by micro-CT imaging with flat-panel detectors and a 2D photon-counting detector. Sensors
2017, 17, 269. [CrossRef]

8. Zolotov, D.; Buzmakov, A.; Grigoriev, M.; Schelokov, I. Dual-energy crystal-analyzer scheme for spectral
tomography. J. Appl. Crystallogr. 2020, 53, 781–788. [CrossRef]

9. Bushuev, V.A.; Ingal, V.N.; Belyaevskaya, E.A. Dynamic theory of images generated by noncrystalline objects
in the method of phase-dispersive introscopy. Kristallografiya 1996, 41, 808–816.

10. Bushuev, V.A. Preprint No. 14; Moscow State University (MGU): Moscow, Russia, 1998.
11. Andreeva, M.A.; Bushuev, V.A.; Ovchinnikova, E.N.; Orechko, A.P.; Prudnikov, I.R.; Smekhova, A.G.

Numerical Experiments in Problems X-Ray Optics; Ilyushin, A.S., Ed.; Moscow State University (MGU):
Moscow, Russia, 2005. (In Russian)

12. Schelokov, I.A.; Chukalina, M.V.; Asadchikov, V.E. Contrast Formation by a Laboratory Microtomograph in
the Scheme with Analyzer Crystal in the Asymmetric Bragg Geometry. Cristalogr. Rep. 2015, 60, 611–619.
[CrossRef]

http://dx.doi.org/10.1088/0031-9155/38/6/013
http://dx.doi.org/10.1088/0031-9155/53/18/003
http://www.ncbi.nlm.nih.gov/pubmed/18711244
http://dx.doi.org/10.3390/s20185174
http://www.ncbi.nlm.nih.gov/pubmed/32927846
http://dx.doi.org/10.3390/s130405167
http://dx.doi.org/10.3390/s19225022
http://www.ncbi.nlm.nih.gov/pubmed/31752093
http://dx.doi.org/10.3390/s18061789
http://www.ncbi.nlm.nih.gov/pubmed/29865217
http://dx.doi.org/10.3390/s17020269
http://dx.doi.org/10.1107/S1600576720005439
http://dx.doi.org/10.1134/S1063774515050132


Sensors 2020, 20, 6970 16 of 16

13. Max, B.; Wolf, E. Principles of Optics: Electromagnetic Theory of Propagation, Interference and Diffraction of Light;
Elsevier: Amsterdam, The Netherlands, 2013.

14. Schelokov, I.A.; Grigoriev, M.V.; Chukalina, M.V.; Asadchikov, V.E. X-Ray Simulations Method for the Large
Field of View. Opt. Commun. 2018, 410, 130–141. [CrossRef]

15. Paganin, D.M.; Pelliccia, D. Tutorials on X-ray phase contrast imaging: Some fundamentals and some
conjectures on future developments. arXiv 2019, arXiv:1902.00364.

16. Bushuev, V.A.; Bellaevskaya, E.A.; Ingal, V.N. Wave-optical description of X-ray phase contrast images of
weakly absorbing non-crystalline objects. IL Nuovo Cimento D 1997, 19, 513–520. [CrossRef]

17. Pinsker, Z.G. Dynamical Scattering of X-Rays in Crystals; Springer: Berlin/Heidelberg, Germany;
New York, NY, USA, 1978.

18. Authier, A. Dynamical Theory of X-Ray Diffraction; Oxford University Press: New York, NY, USA, 2001.
19. Pavlov, K.M.; Gureyev, T.E.; Paganin, D.; Nesterets, Y.I.; Kitchen, M.J.; Siu, K.K.W.; Gillam, J.E.;

Uesugi, K.; Yagi, N.; Morgan, M.J.; et al. Unification of analyser-based and propagation-based X-ray
phase-contrast imaging. Nucl. Instrum. Methods Phys. Res. Sect. A Accel. Spectrometers Detect. Assoc. Equip.
2005, 548, 163–168. [CrossRef]

20. Suortti, P.; Keyriläinen, J.; Thomlinson, W. Analyser-based x-ray imaging for biomedical research. J. Phys. D
Appl. Phys. 2013, 46, 494002. [CrossRef]

21. Huang, X.R. LauePt, a graphical-user-interface program for simulating and analyzing white-beam X-ray
diffraction Laue patterns. J. Appl. Crystallogr. 2010, 43, 926–928. [CrossRef]

22. Efimov, A.I.; Novikov, A.I. An algorithm for multistage projective transformation adjustment for
image superimposition. Comput. Opt. 2016, 40, 258–265. [CrossRef]

23. Ju, S. The Usage of Points and Lines for the Calculation of Projective Transformation by Two Images of One
Plane Object. ITiVS 2017, 3, 79–91.

24. Shemiakina, J.; Konovalenko, I.; Tropin, D.; Faradjev, I. Fast projective image rectification for planar objects
with Manhattan structure. In Proceedings of the Twelfth International Conference on Machine Vision
(ICMV 2019), Amsterdam, The Netherlands, 16–18 November 2019. [CrossRef]

25. Skoryukina, N.; Shemiakina, J.; Arlazarov, V.L.; Faradjev, I. Document localization algorithms based on
feature points and straight lines. In Proceedings of the Tenth International Conference on Machine Vision
(ICMV 2017), Vienna, Austria, 13–15 November 2017; Volume 10696, p. 106961. [CrossRef]

26. Nikolayev, P.P. Proektivno invariantnoe opisanie neploskikh gladkikh figur. 1. predvaritelnyi analiz zadachi
[Projectively invariant description of non-planar smooth gures. 1. preliminary analysis of the problem].
Sens. Sist. [Sens. Syst.] 2016, 30, 290–311. (In Russian)

27. Simonov, E.N.; Avramov, D.V. Development of computational algorithm for reconstruction of volumetric
images in X-ray computed tomography using holographic methods. Bull. South Ural Uni. Ser. Comput.
Technol. Autom. Control Radio Electron. 2018, 18, 5–15. [CrossRef]

28. Gureyev, T.E.; Nesterets, Y.I.; Baran, P.M.; Taba, S.T.; Mayo, S.C.; Thompson, D.; Arhatari, B.; Mihocic, A.;
Abbey, B.; Lockie, D.; et al. Propagation-based x-ray phase-contrast tomography of mastectomy samples
using synchrotron radiation. Med. Phys. 2019, 46, 5478–5488. [CrossRef] [PubMed]

29. Chen, Y.; Hagen, C.K.; Olivo, A.; Anastasio, M.A. A partial-dithering strategy for edge-illumination x-ray
phase-contrast tomography enabled by a joint reconstruction method. Phys. Med. Biol. 2020, 65, 105007.
[CrossRef] [PubMed]

Publisher’s Note: MDPI stays neutral with regard to jurisdictional claims in published maps and institutional
affiliations.

© 2020 by the authors. Licensee MDPI, Basel, Switzerland. This article is an open access
article distributed under the terms and conditions of the Creative Commons Attribution
(CC BY) license (http://creativecommons.org/licenses/by/4.0/).

http://dx.doi.org/10.1016/j.optcom.2017.09.070
http://dx.doi.org/10.1007/BF03041011
http://dx.doi.org/10.1016/j.nima.2005.03.084
http://dx.doi.org/10.1088/0022-3727/46/49/494002
http://dx.doi.org/10.1107/S0021889810015013
http://dx.doi.org/10.18287/2412-6179-2016-40-2-258-265
http://dx.doi.org/10.1117/12.2559630
http://dx.doi.org/10.1117/12.2311478
http://dx.doi.org/10.14529/ctcr180401
http://dx.doi.org/10.1002/mp.13842
http://www.ncbi.nlm.nih.gov/pubmed/31574166
http://dx.doi.org/10.1088/1361-6560/ab66e2
http://www.ncbi.nlm.nih.gov/pubmed/31896094
http://creativecommons.org/
http://creativecommons.org/licenses/by/4.0/.

	Introduction 
	Tomographic Projections from Physical to Mathematical Models (Formation) 
	The Use of a Crystal Analyzer in X-ray Imaging Schemes 
	Tomographic Projection Post Processing 
	Experimental Results 
	Data Processing Algorithm 

	Conclusions 
	References

