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The exposome is an ideal in public health research that posits that individuals
experience risk for adverse health outcomes from a wide variety of sources over
their lifecourse. There have been increases in data collection in the various com-
ponents of the exposome, but novel statistical methods are needed that capture
multiple dimensions of risk at once. We introduce a Bayesian index low-rank
kriging (LRK) multiple membership model (MMM) to simultaneously estimate
the health effects of one or more groups of exposures, the relative importance
of exposure components, and cumulative spatial risk over time using residen-
tial histories. The model employs an MMM to consider all residential locations
for subjects weighted by duration and LRK to increase computational efficiency.
We demonstrate the performance of the Bayesian index LRK-MMM through
a simulation study, showing that the model accurately and consistently esti-
mates the health effects of one or several group indices and has high power to
identify a region of elevated spatial risk due to unmeasured environmental expo-
sures. Finally, we apply our model to data from a multicenter case-control study
of non-Hodgkin lymphoma (NHL), finding a significant positive association
between one index of pesticides and risk for NHL in Iowa. Additionally, we find
an area of significantly elevated spatial risk for NHL in Los Angeles. In conclu-
sion, our Bayesian index LRK-MMM represents a step forward toward bringing
the ideals of the exposome into practice for environmental risk analyzes.
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1 INTRODUCTION

An emerging perspective in public health research is that of the exposome,1 which is the idea that individuals are sus-
ceptible to risk for adverse health outcomes from a variety of sources over their lifecourse. Three broad domains of the
exposome are internal factors, specific external factors, and general external factors. Internal factors operate uniquely
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on an individual. Specific external factors include occupational and environmental exposures and lifestyle choices. Gen-
eral external factors are the most socially constructed and include educational attainment and socio-economic class.2
A more comprehensive assessment of exposures offers several advantages over single-exposure analysis. For one, it esti-
mates the effects of a broader set of exposures across domains and/or time, in contrast to estimating the effects of one
exposure in isolation. This more accurately depicts the experience of individuals throughout their lifecourse.3 Models
of risk that are designed to address the exposome must handle multidimensional exposure data. Such multidimensional
data have increased in availability, owing to factors such as the increased measurement of biomarkers4 as well as chem-
ical or socio-demographic exposures. In turn, this has increased the need for the development of models that can more
comprehensively assess risk.

Two general classes of modeling approaches that address separate components of risk are mixture analysis and spatial
analysis. In mixture analysis, multidimensional exposures are measured and analyzed together. Generally, this approach
defines and measures exposure to a mixture of variables of some type, evaluates the health effect of exposure to the
mixture, and ideally identifies the most important variables among the mixture for association with the outcome. Such
an approach is preferable to a single-exposure analysis because it acknowledges that not one but many exposures act
upon individuals concurrently and adjusts for this in the estimation of exposure effects. In mixture analysis, the mixture
components are typically environmental chemicals,5-9 owing to their ubiquity in consumer products10 and presence as
airborne pollutants or in agricultural pesticides, but they could also consist of socio-demographic variables.11-13 Owing to
the similarities in structure of some chemicals, and the use of multiple chemicals in certain products, there may be high
correlations between many chemicals in a mixture, and this lack of independence requires additional care in modeling.
Several approaches have been developed to assess the effects of correlated exposures in a mixture analysis. Bayesian kernel
machine regression models use a smooth kernel function for each exposure-response relationship, and have been used, for
example, to assess the effects of several prenatal metal concentrations on childhood cardio-metabolic risk.14 Additionally,
quantile g-computation utilizes theories from causal inference to provide estimates of exposure mixtures, by adopting
standard assumptions of causal identification (including causal consistency, no interference, and absence of unmeasured
confounding) in order to estimate effects that would be obtained in a hypothetical randomized trial in which the treatment
consisted of modifying the quantiles of all exposures of interest.15 However, the extent to which the assumptions of causal
analysis are satisfied in observational studies is unclear. Finally, the Bayesian group index model estimates the health
effects of multiple groups of exposures and the importance weights of each component of an index within a Bayesian
modeling framework.16 The model was developed to build upon weighted quantile sum (WQS) regression, which sought
to identify “bad actor” chemicals among a mixture but was not designed to handle multiple groups of exposures with
differing effects in magnitude and direction and had inherently lower power due to the data splitting required in the
method’s two-step estimation. Notable advantages to this model include its ability to estimate the health effects for each
exposure group, as well as the full posterior distributions of all quantities of interest via Bayesian inference.

Spatial risk analyzes acknowledge that all relevant exposures may not be explicitly measured, but risk may derive from
unmeasured exposures associated with residing in an area. Spatial risk studies have attempted to reveal patterns associated
with unmeasured exposures retroactively, using case-control data to determine whether a region confers elevated risk
of being a case upon study participants, after controlling for a set of participant covariates known or suspected to be
associated with the outcome.17-21 One limitation of past spatial cluster studies is using only one residential location for
subjects, typically at the time of diagnosis. Recent additions to the literature such as the convolution multiple membership
model22 and low-rank kriging multiple membership model21 have broadened the set of residential locations under study
to include complete residential histories, allowing estimation of cumulative spatial risk over time. These models allow all
of a subject’s residences, aggregated to larger administrative units or using point locations, respectively, to factor in to the
subject’s spatial random effect term in the model, weighted by the proportion of time they lived at each residence. The
latter model uses low-rank kriging to decrease the computational burden of using many point locations by simplifying
the representation of the spatial process into a lower dimension.23,24 A cluster of persisting elevated spatial risk in some
area detected by models that utilize residential histories could spur epidemiologic investigation into potential causes of
the elevated risk and potentially drive subsequent remediation efforts to address it. Consideration of spatial risk that
is cumulative provides a more accurate estimate of environmental risk accumulated over the life course.21,22 Though
collecting and utilizing complete residential histories requires more effort, the feasibility of doing so retroactively has
increased as LexisNexis and other public record databases have reasonable accuracy in replicating residential histories
collected during a study of a geographically diverse set of individuals in the United States.25,26

While mixture analysis and spatial risk analysis each address an important component of the exposome, they have
not yet been considered together in an integrated modeling approach. In this article, we propose integrating these classes
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of environmental risk assessment into a Bayesian index low-rank kriging multiple membership model (Bayesian index
LRK-MMM) that allows for their simultaneous estimation in a case-control study where multiple measured environ-
mental exposures and residential histories are present. As the name suggests, the model combines a Bayesian index
model for mixture analysis with an LRK-MMM that estimates cumulative and inherently latent spatial risk using res-
idential histories. This Bayesian model provides a computationally efficient approach to estimating the effects of one
or more groups of measured exposures while estimating cumulative spatial risk over time in a study area and adjust-
ing for potential confounding variables. To evaluate the proposed model, we perform an extensive simulation study to
assess its ability to simultaneously estimate group index health effects and cumulative spatial risk effects accurately. We
then apply the Bayesian index LRK-MMM to the National Cancer Institute’s Surveillance, epidemiology, and end results
non-Hodgkin lymphoma (NCI-SEER NHL) case-control study to assess the effects of several groups of chemical exposures
and residential histories within four geographically-diverse study centers in the United States.

2 METHODS

2.1 Model specification

Acknowledging that individuals are exposed to both measured and unmeasured environmental risks for disease over
time, we sought to combine both components in a single low-rank kriging multiple membership model (Bayesian index
LRK-MMM). In a case-control setting, we model the probability of being a case using a Bernoulli distribution for any
subject. Specifically, for the ith subject, their case membership is an unchanging binary variable that has the distribution
Yi ∼ Bernoulli (pi), where the logit of the probability is given by

log
(

pi

1 − pi

)
= β0 +

C∑
j=1
βj

Cj∑
k=1
ωjkqijk +

B∑
b=1
θbxib +

∑
j∈A(i)

wij

nK∑
m=1

ψmC
[||sij − km|| ∕ρ] .

We begin by describing the chemical exposure and covariate components of the model. Here, β0 is an intercept term, and[
β1, … , βC

]
are the set of regression coefficients (exposure-related health effects) for the C chemical indices in the model.

For the jth chemical index, the importance weights are
[
ωj1, … ,ωjCj

]
, which are subject to the constraint

∑Cj

k=1ωjk = 1,
and the chemicals in the index are scored into quantiles (eg, quartiles 0, 1, 2, 3) in order to reduce collinearity between
chemicals in the index and accommodate different scales for the chemicals.27,28 Therefore, the quantity qijk denotes the
kth chemical in the jth chemical index for the ith subject. The term

∑B
b=1θBxib incorporates a set of covariates or control

variables [xi1, … , xiB] and their associated coefficients [θ1, … , θB]. For simplicity, we do not include covariates in the
design of the simulation study, but they are included in the data application.

The spatial risk component of the model is designed to estimate the cumulative spatial risk incurred by participants
with respect to risk of case membership over their residential histories. The set

{
κ1, … , κnK

}
gives the nK knot locations

that represent the geographic distribution of case and control locations. The knot locations are chosen by some knot
selection algorithm, which we discuss in detail below. The ith subject’s set of residential histories is denoted by A(i) =
[si1, … , siJ], and the proportion of time that this subject lived in those locations is [wi1, … ,wiJ] ,where

∑J
j=1wij = 1. Thus,

the weight wij represents the proportion of time that the ith individual lived in the jth residential location and indicates the
proportion of the time of cumulative spatial risk this individual derived from this location. The set of spatially-structured
random effects is

[
ψ1, … ,ψnK

]
, where each element of ψ is evaluated at one of the knot locations chosen by the knot

selection algorithm. The function C[⋅] is a Matern covariance function that simplifies to C[t] = (1 + |t|)e−|t| when fixing
parameters of the Matern family of m and ν to 1 and 3

2
, respectively. We choose to use the Matern family of covariance

functions here due to its popularity in geostatistical models in the literature,29,30 as well as its smoothness and flexibility.

2.2 Knot selection

Reducing the dimensionality of the spatial risk component of the Bayesian index LRK-MMM requires the evaluation of
spatial random effects at the knot locations, which are chosen by some knot selection algorithm. One method to simplify
a spatial process through using knots is known as low-rank kriging (LRK). Previously, LRK models have commonly used
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the space-filling algorithm to choose knot locations. This algorithm seeks to minimize a geometric space-filling function
of distances between points taken over the area of interest.31-35 However, when analyzing data from a case-control setting,
more recent research has demonstrated that other knot selection algorithms allow models a greater spatial sensitivity and
power to identify regions of elevated spatial risk for disease.36 One such algorithm is the heuristic of Teitz and Bart,37

which addresses the location-allocation problem in operations research, where the objective function to be minimized is
the total distance between a set of clients and the facility locations that serve them. This algorithm has been described
previously21 and has demonstrated improvements in spatial power and sensitivity to identify regions of elevated risk for
disease for case-control studies.21,38 In all models fit for this article, we chose knot locations using the Teitz and Bart
heuristic, considering the case residential locations to constitute the set of clients and knot locations to constitute the
facilities.

2.3 Simulation study design

2.3.1 Data-generating process

We designed a simulation study to cover a variety of plausible scenarios where risk derives from both exposure to a mixture
of chemicals at one time (eg, measured inside the home after study enrollment) and a spatial process that represents
unmeasured exposures over a long duration of time. We simulated 20-year residential histories over a study region, and
activated a circular zone of elevated spatial risk for disease of radius 50 km in the study region for the first 5 years of the
study period, that is, ending 15 years before study enrollment. Simulated participants living in the zone of elevated risk
when it was active experienced a one-time increase of 1.5 on the log-odds scale in risk for disease relative to those who
did not live in the zone when it was active.

In separate classes of simulation scenarios, we added a measurable chemical risk consisting of one or three groups
of chemicals. In a given class, we simulated concentrations for 27 chemicals in an index from two different correlation
structures: a first-order autoregressive correlation matrix, and the correlation matrix between chemicals measured in the
NCI-SEER NHL study (described in further detail below). The number of chemicals for which we simulated concentra-
tions is based on the number of chemicals measured in the NCI-SEER NHL study, which were measured at one time
inside the homes of study participants. Numbering the chemicals from 1 to 27, then, the correlation between the ith and
jth chemicals in the autoregressive structure was r|i−j|. In separate scenarios, we used values of 0.75 and 0.50 for r to
explore the effect of differing levels of autoregressive correlation between chemicals on model performance. The empiri-
cal correlation matrix, derived from the chemicals measured in the NCI-SEER study, contained some missing data, which
generally occurred when the concentration of a chemical fell below the detection limit of the instrument used to mea-
sure it. Assuming the chemical concentrations followed log-normal distributions, missing values were imputed 10 times
with a “fill-in” approach to create a complete dataset, and we drew one of the imputed datasets at random. Details on the
imputation of these chemicals can be found elsewhere.39-41 Owing to some large correlations between pairs of these chem-
icals that could impact model stability, we also simulated chemical concentrations from a dampened correlation matrix
defined as C1 = 0.65 ∗ (C0 − I) + I, where C0 is the observed original correlation matrix and I is the identity matrix. We
chose the dampening constant 0.65 to retain moderate correlation from the empirical matrix.

We then set the importance weights for chemicals in the indices. For the one-index model, when the autoregres-
sive correlation structure was used, the importance weights were [0.40,0.25,0.15,0.10,0.10] for the first five chemicals,
and zero for the remaining 22 chemicals, and when the empirical correlation structure was used, the importance

weights were 𝜋 =
[

0.02, 0.003, 0.02, 0.03, 0.32, 0.002, 0.06, 0.004, 0.07, 0.003, 0.01, 0.002, 0.035, 0.07,
0.01, 0.003, 0.001, 0.03, 0.001, 0.08, 0.001, 0.003, 0.002, 0.005, 0.035, 0.01, 0.17

]
, based on the esti-

mated importance weights for the one-chemical index in a previous analysis of chemical mixtures on NHL risk.39 For
the three-index model, the three indices had sizes C1 = 5,C2 = 7,C3 = 15. When the autoregressive correlation structure
was used, the importance weights were w1 = [0.40,0.10,0.10,0.20,0.20],w2 = [0.05, 0.10, 0.15, 0.40, 0.15, 0.10, 0.05],w3 =
[0.01, 0.02, 0.03, 0.04, 0.04, 0.04, 0.05, 0.05, 0.06, 0.07, 0.08, 0.09, 0.10, 0.14, 0.18].

When the empirical correlation structure was used, the importance weights in the first index were π1k = πk∕
∑5

k=1πk,
the importance weights in the second index were π2k = πk∕

∑12
k=6πk, and the importance weights in the third index were

π3k = πk∕
∑27

k=13πk.
Finally, we varied the health effects (regression coefficients) of the chemical indices in the following manner. For

the one-index model, we defined β1 = [2,1.25,0.5] in separate scenarios. For the three-index model, we used three sets
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of regression coefficients: β = [(1,−1.5,0), (1, 1, 0), (2,0.5,0)] to explore the effects of varying magnitudes and directions of
health effects on the model’s performance.

2.3.2 Model fitting

We fitted a Bayesian index LRK-MMM to every simulated dataset, using nK = 60 knots in all scenarios, which was
adequate to cover the study region and minimize distance from cases to knot locations to a reasonable extent while con-
sidering computational costs. We fitted models in the Bayesian paradigm using Markov chain Monte Carlo (MCMC)
methods. We complete the specification of the Bayesian index LRK-MMM by specifying the prior distributions of param-
eters in the model. All regression parameters βi received a vague Normal prior βi ∼ N

(
0, τ = 10−3), where τ denotes

the precision, which is the reciprocal of the variance. The random effects ψ received a multivariate normal prior
MVN

(
0, τSΩ−1), using precision matrixΩ =

[
C
[|ka − kb| ∕ρ]] , 1 ≤ a, b ≤ nK , with the same Matern covariance function

C[⋅] as above, and τs = 1
σ2

S
where σs ∼ Unif(0, 10). The spatial correlation parameter ρwas assigned a vague Uniform(0, 30)

prior. The chemical importance weights had a Dirichlet prior with parameters α =
[
α1, … , αCj

]
in order that the chemi-

cal weights in a given chemical index were between 0 and 1 and
∑Cj

j=1ωij = 1. We did not consider adjustment covariates
in the simulation study. We estimated models using just another Gibbs sampler (JAGS)42 in the software R, version
3.6.1.43 In the MCMC simulations, each model used two chains that each burned in 50 000 iterations and sampled 30 000
additional observations from the posterior distribution. We checked for convergence of parameters in the model by the
Gelman-Rubin statistic, considering a parameter to have converged if its Gelman-Rubin statistic was less than 1.1,44 using
the coda R package.45 We used the posterior samples of ψ and the covariance function to predict the spatial odds ratio
for disease on a fine grid covering the study region. In doing so, we generated a posterior distribution of spatial odds at
each grid cell. Each grid cell approximately represented a 6 km2 area in the study region. We concluded that a grid cell
had significantly elevated or lowered spatial risk for disease using exceedance probabilities,46 which use the posterior dis-
tribution to estimate the frequency at which spatial odds at a grid cell depart from the null value of 1. Grid cells having
exceedance probability greater than or equal to 0.95 of being greater or lesser than 1 were considered to be of significantly
elevated or lowered risk, respectively.

2.3.3 Model evaluation

We evaluated model performance with respect to both the chemical and spatial components. For the spatial risk com-
ponent, we used the posterior distribution of spatial odds ratios at grid cells covering the study region. Defining the
grid cells inside of the zone of elevated risk to constitute the set S, we defined the spatial sensitivity of the model
for the dth dataset as send = 1

|S|
∑

si∈S I
(

q̂si > 0.95
)
, where q̂si is the estimate of the exceedance probability at grid cell

si, and I(⋅) represents an indicator function. We also calculated spatial specificity. Defining the grid cells outside the
zone of elevated risk to constitute the set NS, we defined the spatial specificity of the model for the dth dataset as
specd = 1

|NS|
∑

nsi∈NS
(
1 − I

(
q̂nsi > 0.95

))
. We averaged the spatial sensitivity and specificity over D = 50 datasets. Finally,

we calculated spatial power according to a sensitivity threshold of zero, considering the model to have identified the
zone of elevated risk if it identified any grid cells in the zone as having elevated risk, and calculating the spatial power as
P = 1

D

∑D
d=1I (send > 0).

For the chemical risk component, we considered the model’s accuracy in both estimating the health effects and iden-
tifying the important chemicals in the index. In a given simulation scenario, we calculated the mean estimated health
effect aŝβ = 1

D

∑D
d=1

̂βd in order to compare to the true health effect β, and we also calculated the coverage probability of the

health effect as 1
D

∑D
d=1I

(
β ∈

(
̂βd,0.025,

̂βd,0.975

))
, wherêβd,q denotes the qth quantile of the posterior distribution for health

effect β and dataset d. Finally, for the chemical importance weights, we defined importance as having a weight greater
than the reciprocal of the number of chemicals in the index. We considered the model to have identified the kth chemical
in the jth index as important if ω̂jk >

1
Cj

, and as unimportant otherwise. For a given dataset, we calculated the chemi-
cal sensitivity as the proportion of truly important chemicals in an index that were identified as such, and the chemical
specificity as the proportion of truly unimportant chemicals in the index that were identified as such. We also calculated
mean square error (MSE) for chemicals in the jth group of the three-group model as MSEj = 1

D

∑D
d=1

1
Cj

∑Cj

j=1

(
ω̂jd − ωjd

)2.
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2.4 Application to NCI-SEER NHL study

We applied the Bayesian index-LRK-MMM to data from the National Cancer Institute (NCI) surveillance, epidemiology,
and end results (SEER) NHL case-control study to determine whether there existed significant associations between
multiple chemical exposure indices and NHL, and if there existed significantly elevated regions of cumulative spatial
risk for NHL. The NCI-SEER NHL study is a multicenter and population-based case control study of NHL in four varied
areas of the United States (Wayne, Oakland, and Macomb Counties, comprising the Detroit metropolitan region; Los
Angeles County; King and Snohomish Counties, comprising the Seattle metropolitan region; and the state of Iowa). The
study population, which has been described in detail previously,47,48 included 1321 cases of NHL that were diagnosed
between July 1, 1998 and June 30, 2000, aged 20 to 74 years, and diagnosed at one of the above four SEER registries.
Population-based controls (1057) were selected among the residents of each SEER registry using random-digit dialing for
controls less than 65 years old and Medicare eligibility files for controls greater than or equal to 65 years. The controls
were matched on frequency to the cases by age (within 5-year groups), sex, race, and SEER registry. Controls reporting a
history of either NHL or HIV were excluded from the study.

Study participants completed a lifetime residential history calendar, which asked participants to state the complete
address of any home they lived in, beginning from birth and including temporary or vacation homes where they lived for a
total of at least 2 years. Interviewers completed in-person interviews with participants in which they reviewed the calendar
with participants and attempted to resolve any discrepancies or missing data in the calendar. Residential addresses in the
calendar were matched to databases of geographic addresses to obtain geographic coordinates.49 Interviewers took global
positioning system (GPS) readings outside the home to obtain the coordinates for the current home.

We applied the Bayesian index LRK-MMM to spatially model the probability that a study participant had NHL within
each SEER study center area, treating NHL status as a binary response variable Y taking values of 1 and 0 for cases
and controls, respectively. We fitted models at each study center to allow for differences in chemical exposure profiles
and strengths of association with NHL status in different regions of the country. We adjusted for age, gender (male vs.
reference female), race (black or other vs. reference white), and level of education (college degree or high school degree
vs. reference less than high school degree) in all models, as done in previous analyzes of the NCI-SEER NHL study.5,20,48

The NCI-SEER Study measured chemical concentrations from samples of dust taken from vacuum cleaners of con-
senting participants. The details of this process have been described previously.5,40 We included four chemical indices
in the Bayesian index LRK-MMM: polychlorinated biphenyls (PCBs) (congeners 105, 138, 153, 170, 180); polycyclic
aromatic hydrocarbons (PAHs) (Benz(a)anthracene, Benzo(a)pyrene, Benzo(b)fluoranthene, Benzo(k)fluoranthene,
Chrysene, Dibenz(ah)anthracene, Indeno(1,2,3-cd)pyrene); pesticides index I (α-Chlordane, γ-Chlordane, Carbaryl,
Dichlorodiphenyldichloroethylene (DDE), Dichlorodiphenyltrichloroethane (DDT), o-phenylphenol, Pentachlorophe-
nol, Propoxur); and pesticides index II (Chlorpyrifos, cis-permethrin, trans-permethrin, 2,4-D, Diazinon, Dicamba,
Methoxychlor). We chose this grouping of chemicals owing to its use in a previous chemical analysis of NHL risk based
on univariate associations50,51 and scored chemical concentrations into quantiles (q = 0, 1, 2, 3) for each variable. To fur-
ther assess the health effects of these chemical groups for NHL, we combined data from the four study centers into one
model and omitted the spatial risk component for strictly a mixture analysis.

To address the spatial risk component of the model, we placed nk = 60 knots over the study region, choosing knot
locations with the Teitz and Bart heuristic to minimize the objective function of total distance between case locations
and the knots. This number of knots was sufficient to capture most of the population clustering across each study center,
meaning that at least one knot was placed in any notably-sized clustering of participants. Additionally, we conducted a
sensitivity analysis by fitting models with an increasing series of knots (80, 100, and 130) to evaluate the effect of this choice
on model performance in terms of deviance information criterion (DIC).52 The results of this analysis, which we provide
in the Appendix S1, indicate that 60 knots is a good choice when compared with the other numbers of knots because no
other knot number leads to a better fitting model in all four study centers. We began with a random configuration of knot
locations and iteratively changed the knot location set to other points on a fine grid covering the study region if doing
so decreased the objective function. We stopped the algorithm when any possible improvement to the objective function
was of less than three kilometers.

We specified the priors as in the simulation study, with two differences. First, we adjusted for several individual-level
covariates, assigning each a normal prior θi ∼ N (0, τi), where τi = 1

σ2
i

and σi ∼ Unif(0, 10). Additionally, we allowed the

precisions of each chemical group index to vary. Specifically, we assigned Bi ∼ Normal (0, τC) where τc = 1
σ2

c
and σc ∼

Unif(0, 10). We fitted models in JAGS, using a burn-in period of 80 000 iterations and retaining 50 000 for sampling from
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the joint posterior distribution. We performed inference on the chemical groups using their credible intervals, considering
an association between chemical group and risk for NHL to be significantly positive (negative) if the 95% credible interval
for the chemical index health effect fell above (below) zero. We assessed spatial risk over a 3 km-by-3 km grid over each
study center, predicting the spatial risk at each grid cell using the posterior distribution of the spatial random effects
evaluated at knot locations and the covariance function. We identified areas as being significantly elevated or lowered in
risk as above, using a 90% exceedance probability threshold, which is a common threshold for these quantities in spatial
epidemiology.53 In addition, we mapped the significance and spatial odds ratios for each grid cell for each study center in
order to visually assess trends in spatial risk.

3 RESULTS

3.1 Simulation study

According to the coverage probabilities, the health effect β was captured in at least 90% of the simulated datasets for
10 of the 12 sub-scenarios (Table 1). In the two sub-scenarios having lower coverage probabilities, the magnitude of the
health effect was large (β = 2), and the credible interval for the estimated coefficient fell above the true value. The health
effect was estimated most accurately at the smallest magnitude of 0.5, with average estimated effects close to the true
one, and larger effects were slightly over-estimated with greater over-estimation for larger magnitudes of the effects. For
the autoregressive correlation structure, the health effects were estimated more accurately for the strong correlation set
of scenarios (r = 0.75) than for the moderate correlation set of scenarios (r = 0.50), likely due to the fact that all of the
important chemicals in the index were “proximate” and thus more likely to move strongly in one direction and provide a
stronger signal. For the empirical correlation matrix, the health effect was estimated more accurately at high magnitudes
for the un-dampened matrix, and estimated more accurately at the lowest magnitude for the dampened correlation matrix,
providing evidence that in the presence of smaller effect sizes, lower correlation between chemicals in the index allowed
more precise estimation. At greater magnitudes, such de-correlation was not as necessary for precise estimation. Figure 1
illustrates the true and estimated health effects across scenarios. The sensitivity and specificity of detecting the important
chemicals in the index varied with respect to both the correlation structure and the magnitude of the health effect. For
the autoregressive structure, the strongest correlations led to the greatest sensitivity and specificity, as high correlations
between all important and proximate chemicals allowed them to move more in unison and be detected or not detected
together. For the less structured empirical correlation matrix, dampening the magnitude of the correlation matrix led
to improved sensitivity and specificity by separating the chemical signal from noise and allowing the detection of the

T A B L E 1 Summary of chemical index estimates for model with one chemical group

Chemicals in index Overall mixture componentCorrelation
structure

Correlation
strength

Beta for
chemicals Sensitivity Specificity Mean 𝛃 Coverage

AR (1) Strong 2 0.936 0.902 2.457 0.780

1.25 0.904 0.756 1.346 0.920

0.5 0.644 0.585 0.529 0.900

Moderate 2 0.860 0.839 2.728 0.860

1.25 0.716 0.720 1.375 0.960

0.5 0.536 0.599 0.571 0.960

Like NHL
data

Empirical 2 0.517 0.602 2.252 0.940

1.25 0.473 0.568 1.415 0.960

0.5 0.403 0.552 0.601 0.980

0.65* Empirical 2 0.567 0.641 2.425 0.940

1.25 0.520 0.593 1.499 0.940

0.5 0.423 0.551 0.553 0.920
Note: 0.65* Empirical indicates the dampened correlation matrix.
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F I G U R E 1 Summary of true (black) and estimated (red) betas for the one-group model in the simulation study. Columns indicate
different scenarios and exposure correlation strengths

important chemicals which often had low-to-moderate pairwise correlations. Table 2 displays the performance of the
spatial risk component of the model. The mean spatial sensitivity ranged from 0.820 to 0.899 across all sub-scenarios,
indicating that the model often correctly identified a large proportion of the elevated risk area. The mean spatial specificity
ranged from 0.809 to 0.951, indicating that the much of the study region that was not truly elevated in risk was correctly
identified as having null spatial risk. The spatial power values of 1 in every sub-scenario indicate that, in any simulated
dataset for every sub-scenario, the model correctly identified at least part of the zone of elevated risk.

Extending the chemical risk component to comprise three indices, the model demonstrated an ability to estimate the
effects of several mixtures that have true effects varying in magnitude and direction (Table 3). The estimated health effects
are very close to the true ones for at least two of the three indices in all scenarios. Further, in contrast to Figure 1, which
shows slight but frequent over-estimation of the health effect in the one-index model, Figure 2 illustrates no systematic
bias of over- or under-estimation of the health effects across scenarios. The coverage probabilities remain satisfactorily
high, with 33 of 36 estimated coverage probabilities across health effects and scenarios equal to 0.92 or greater. Notably, the
three-index model remained able to accurately estimate health effects even in the presence of strong collinearity between
chemicals in an index for the autoregressive (r = 0.75) and empirical (undampened) correlation matrices. There is a slight
increase in the MSEs of the estimated chemical weights for the autoregressive structure when decreasing the correlation
between chemicals, which can be explained by a corresponding reduction in the chemical signal of proximate impor-
tant chemicals in separate groups (Table 3). Using the empirical correlation matrix, dampening the correlation matrix
is associated with a decrease in the MSEs of the estimated chemical weights. In general, the third health effect (having
coefficient β3 = 0) had the smallest MSE for chemical weights, which is largely explained by many of the chemicals in
this index having true importance weights that were small and similar to each other.

For the spatial risk component of the model, the mean spatial sensitivity ranged from 0.720 to 0.853 across scenarios,
indicating that the model often correctly identified most of the zone of elevated risk (Table 4). The mean spatial specificity
ranged from 0.871 to 0.978, meaning that the vast majority of the study region that was not truly elevated in risk was
correctly categorized as having null risk. The spatial power values of at least 0.98 in every sub-scenario indicate that, for all
scenarios, the model only failed to detect the zone of elevated risk for at most one simulated dataset. In general, the spatial
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T A B L E 2 Summary of spatial risk estimates for model with one chemical group
Correlation
structure

Correlation
strength

Beta for
chemicals Sensitivity Specificity Power

AR (1) Strong 2 0.833 0.943 1.000

1.25 0.830 0.916 1.000

0.5 0.820 0.813 1.000

Moderate 2 0.836 0.945 1.000

1.25 0.860 0.913 1.000

0.5 0.836 0.850 1.000

Like NHL
data

Empirical 2 0.878 0.941 1.000

1.25 0.899 0.889 1.000

0.5 0.870 0.809 1.000

0.65* Empirical 2 0.841 0.951 1.000

1.25 0.869 0.925 1.000

0.5 0.842 0.854 1.000

Note: Sensitivity and specificity for chemicals in one-group index model. Threshold of importance is determined as 1
J

, where J is the number of chemicals in
the index.
Empirical indicates the dampened correlation matrix.

T A B L E 3 Summary of chemical index estimates for model with three chemical groups

MSE for Chemical weights Overall mixture componentCorrelation
structure

Correlation
strength 𝛃1,𝛃2,𝛃3 Group 1 Group 2 Group 3 Mean 𝛃1 Cov. Mean 𝛃2 Cov. Mean 𝛃3 Cov.

AR (1) Strong 1, −1.5, 0 0.0137 0.0099 0.0020 1.018 0.960 −1.680 0.980 −0.073 0.980

1, 1, 0 0.0130 0.0117 0.0021 1.056 1.000 0.984 0.960 0.061 0.960

2, 0.5, 0 0.0134 0.0128 0.0021 2.095 0.960 0.501 0.960 0.115 0.940

Moderate 1, −1.5, 0 0.0134 0.0105 0.0025 1.059 0.960 −1.622 0.980 −0.081 0.960

1, 1, 0 0.0150 0.0117 0.0023 0.891 0.940 1.050 0.960 −0.116 0.960

2, 0.5, 0 0.0130 0.0134 0.0024 1.896 0.960 0.506 1.000 −0.142 0.960

Like NHL
data

Empirical 1, −1.5, 0 0.0775 0.0331 0.0101 1.047 0.940 −1.664 0.900 0.090 0.980

1, 1, 0 0.0755 0.0326 0.0099 1.032 0.960 0.999 0.840 0.026 0.980

2, 0.5, 0 0.0312 0.0334 0.0103 2.166 0.920 0.453 0.920 −0.014 1.000

0.65* Empirical 1, −1.5, 0 0.0596 0.0263 0.0102 1.081 0.960 −1.620 0.920 0.195 0.980

1, 1, 0 0.0580 0.0288 0.0105 1.182 0.940 1.031 0.920 0.034 0.900

2, 0.5, 0 0.0153 0.0331 0.0103 2.310 0.920 0.498 0.920 0.071 0.920

Note: Cov., coverage, the proportion of datasets with credible intervals containing true value of βi, i = 1, 2, 3; MSE, mean square error.
Empirical indicates the dampened correlation matrix.

sensitivity values were slightly lower, and the spatial specificity values slightly higher, than their corresponding values in
the one-index model. This suggests that the three-index model found fewer areas to have non-null spatial risk, with more
of the excess spatial variation in risk of being a case being attributed to the multiple chemical indices. The maintenance
of near complete spatial power in this class of scenarios, however, demonstrates the Bayesian index LRK-MMM’s ability
to consistently detect elevated spatial risk even in the presence of several other components in the model.

3.2 Application to NCI-SEER study

Assessing the effects of the chemical group indices in the NCI-SEER NHL study at each study center, there was a sig-
nificant and positive association between pesticides index I and risk of NHL in Iowa (odds ratio = 4.48, 95% CI [1.32,
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F I G U R E 2 Summary of true (black) and average estimated (red) betas for the three-group model in the simulation study. Columns
indicate different scenarios and rows indicate different exposure correlation strengths

17.22]), and a significant and inverse association between the second pesticides index and risk of NHL also in Iowa (odds
ratio = 0.20, 95% CI (0.05, 0.53) (Table 5)). Looking at the magnitudes of the estimated health effects, patterns in the
effects of exposure to the different chemicals begin to emerge. For example, both pesticides indices in Iowa have much
greater odds ratio magnitudes than any other study center, suggesting the stronger association of pesticides with risk for
NHL in Iowa. Additionally, Los Angeles has larger albeit insignificant coefficients for PCBs and PAHs, suggesting a larger
association of these chemicals with risk in Los Angeles than in other study centers. In Detroit and Seattle, there was little
evidence of an association with NHL for any of the analyzed chemical groups.

Regarding estimation of the importance weights for the analyzed chemicals, in pesticide index I, propoxur is the most
highly-weighted chemical in Iowa (weight = 0.40), followed by gamma- and alpha-chlordane (0.13 and 0.12) and DDE
(0.12) (Table 6). Interestingly, propoxur is the most highly-weighted chemical in this index in Los Angeles and Seattle
as well, even though the chemical group does not have a significant association with NHL in these study centers. In the
pesticide index II, 2,4-D is the most highly-weighted chemical in Iowa (0.69), where the index demonstrates a inverse and
significant association with NHL. In the PCBs index, PCB 153 has a notably large weight in Los Angeles (0.34) and PCB 180
does in Seattle (0.28), even though the PCB index is not significant at these study centers. Finally, Benzo(k)fluoranthene
and Benzo(b)fluoranthene have larger estimated weights (0.34 and 0.19, respectively) than the equal weight threshold
for PAHs in Los Angeles, suggesting these chemicals’ relatively high importance for an association with NHL risk at this
study center. We emphasize that the estimated health effects for the PCBs and PAHs indices at these centers were not
statistically significant, but we highlight these relatively large estimated weights for consideration in future studies on
these and similar chemicals. In the combined center mixture analysis, we found that none of the indices had a significant
association with risk for NHL (full results in supplementary Tables S1 and S2), but that PCB 180 (0.38) and 2,4-D (0.26)
retained high estimated weights in the PCBs and second pesticides indices, respectively. PCBs had the highest odds ratio
estimate at 1.32.
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T A B L E 4 Summary of spatial risk estimates for model with three chemical groups
Correlation
structure

Correlation
strength 𝛃1,𝛃2,𝛃3 Sensitivity Specificity Power

AR (1) Strong 1, −1.5, 0 0.843 0.871 1.000

1, 1, 0 0.853 0.959 1.000

2, 0.5, 0 0.813 0.972 1.000

Moderate 1, −1.5, 0 0.809 0.877 1.000

1, 1, 0 0.767 0.965 0.980

2, 0.5, 0 0.720 0.978 0.980

Like NHL
data

Empirical 1, −1.5, 0 0.798 0.962 0.980

1, 1, 0 0.800 0.957 0.980

2, 0.5, 0 0.737 0.963 0.980

0.65* Empirical 1, −1.5, 0 0.815 0.948 1.000

1, 1, 0 0.828 0.960 1.000

2, 0.5, 0 0.776 0.972 1.000

Note: Sensitivity and specificity for chemicals in three-group index model. Threshold of importance is determined as 1
Ji
, i = 1, 2, 3, where Ji is the number of

chemicals in the ith chemical index.
Empirical indicates the dampened correlation matrix.

T A B L E 5 Summary of chemical group associations with risk of NHL by NHL-SEER study center

Study center specific odds ratios and 95% confidence intervals

Chemical group Detroit Iowa Los Angeles Seattle

PCBs 1.35 (0.40, 4.36) 1.04 (0.52, 2.10) 1.52 (0.71, 3.87) 1.23 (0.60, 2.81)

PAHs 0.65 (0.25, 1.430) 0.80 (0.40, 1.47) 1.78 (0.79, 4.40) 1.06 (0.59, 1.98)

Pesticides I 0.50 (0.10, 1.82) 4.48 (1.32, 17.22)* 0.84 (0.28, 2.32) 1.21 (0.49, 3.46)

Pesticides II 1.69 (0.58, 7.79) c 0.46 (0.11, 1.46) 0.48 (0.13, 1.35)

Note: Quantities presented in table are posterior mean and posterior 95% credible interval for the odds ratio. Significant health effects, defined as those with
credible interval excluding the null odds ratio value of one are displayed with an asterisk. All models adjusted for age, gender, race, and educational attainment.

The estimates of cumulative spatial risk over time show substantial variation within some of the study centers. In
Los Angeles, spatial risk is highest west of the city center, with local odds ratios ranging from 1.5 to approximately 3.0
(Figure 3). Similar odds ratios are found southeast of this area near Inglewood. Additionally, there is a pocket of elevated
odds ratios of 1.25 to 2.0 in the extreme southern part of the county, near Long Beach, and two other regions of elevated
odds ratios east of the city center. In Detroit, there is a region of elevated odds ratios of approximately 1.3 to 1.6 on the
border of Macomb and Wayne counties and adjacent to the Detroit River (Figure 4). Other elevated odds ratios in this study
center include central and southeast Oakland County, similar to the previous analysis of spatial risk for NHL,54 and in an
industrial area downriver from the city center of Detroit in eastern Wayne County. Notable spatial risk in Iowa includes
slightly elevated odds ratios of approximately 1.1 to 1.3 near Cedar Rapids and in Blackhawk County and adjacent to the
Mississippi River in Dubuque and Jackson counties (Figure 5). Finally, in Seattle, there is a small pocket of elevated odds
ratios in the extreme northwest of King County, north of the city center (Figure 6).

Regarding significance of the spatial risk estimates, the area of cumulative spatial risk in Los Angeles near West
Hollywood and Beverly Hills is significantly elevated according to the exceedance probabilities (Figure 7). This area of sig-
nificantly elevated risk is approximately 20 km2. We calculated the number of case and control residential locations and
the number of cases and controls in this area to help characterize the empirical risk over time. The empirical (observed)
odds ratio was 4.15 based on case and control residential locations (54 and 13 locations, respectively), and 3.40 based on
cases and controls (34 and 10 participants, respectively). There were no statistically significant areas of elevated risk in
Detroit, Iowa, or Seattle.
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T A B L E 6 Summary of estimated chemical importance weights by group and NHL-SEER study center

Study center

Chemical group Detroit Iowa Los Angeles Seattle

PCBs

PCB105 0.18 0.21 0.17 0.17

PCB138 0.17 0.20 0.18 0.19

PCB153 0.14 0.20 0.34 0.19

PCB170 0.24 0.19 0.16 0.17

PCB180 0.26 0.20 0.14 0.28

PAHs

Benz(a)anthracene 0.14 0.19 0.09 0.16

Benzo(a)pyrene 0.12 0.12 0.07 0.14

Benzo(b)fluoranthene 0.15 0.13 0.19 0.14

Benzo(k)fluoranthene 0.14 0.14 0.34 0.14

Chrysene 0.16 0.16 0.11 0.15

Dibenz(ah)anthracene 0.16 0.13 0.11 0.14

Indeno(1,2,3-cd)pyrene 0.13 0.13 0.08 0.14

Pesticides I

Alpha-chlordane 0.08 0.12 0.10 0.11

Gamma-chlordane 0.13 0.13 0.10 0.11

Carbaryl 0.08 0.04 0.11 0.11

DDE 0.11 0.12 0.12 0.15

DDT 0.13 0.05 0.11 0.11

O-phenylphenol 0.21 0.08 0.17 0.12

Pentachlorophenol 0.18 0.06 0.11 0.12

Propoxur 0.08 0.40 0.18 0.17

Pesticides II

Chlorpyrifos 0.13 0.04 0.16 0.13

Cis-permethrin 0.17 0.03 0.07 0.07

Trans-permethrin 0.15 0.04 0.08 0.07

2,4-D 0.12 0.69 0.07 0.17

Diazinon 0.12 0.09 0.29 0.10

Dicamba 0.16 0.07 0.08 0.25

Methoxychlor 0.15 0.04 0.26 0.20

Note: The sum of weights for a given index in a given study center may not exactly be one in the table due to rounding.

4 DISCUSSION

In this article, we proposed the Bayesian index low-rank kriging multiple membership model to simultaneously esti-
mate the effects of groups of correlated exposures and estimate cumulative spatial risk over time within a study area.
We designed the model for use in a case-control study that measures many exposures and collects residential histories.
We evaluated the performance of the model though a simulation study that included a wide variety of plausible scenarios
that represent part of the environmental risk for an adverse health outcome. In particular, we varied the number of groups
of exposures, the magnitude, and direction of health effects associated with each group index, and the correlation structure
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F I G U R E 3 Estimated cumulative spatial odds ratios for non-Hodgkin lymphoma in the Los Angeles study center. Hollywood
(triangle), Inglewood (circle), and Long Beach (square) are marked on the map

F I G U R E 4 Estimated cumulative spatial odds ratios for non-Hodgkin lymphoma in the Detroit study center. The Detroit city center
(circle) is marked on the map
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F I G U R E 5 Estimated cumulative spatial odds ratios for non-Hodgkin lymphoma in the Iowa study center. Cedar Rapids (circle) is
marked on the map

and strength of components in a group index in a study region that contained a persistent zone of elevated spatial risk. In
the simulation study, we found that the model was able to estimate the health effects of one or several groups of exposures
precisely and with adequate coverage, demonstrated by averaging its performance over many simulated datasets. Partic-
ularly, the model was able to accurately estimate the health effects of a group index in the presence of high correlation
among components of the index. Additionally, for almost every dataset in every scenario, the model correctly identified
some portion of a zone of true elevated spatial risk.

We applied our model to the NCI-SEER NHL study at four separate study centers across the United States: Detroit,
Iowa, Los Angeles, and Seattle. We analyzed four groups of chemical exposures (PCBs, PAHs, and two groups of pesti-
cides), used residential histories for study participants, and controlled for a set of demographic covariates in our models.
In Iowa, we identified a significant and positive association between one index of pesticides and risk for NHL, where a
one-unit increase in the index corresponded to 1.5 times greater odds of NHL. The most important chemicals in this index
were propoxur, gamma-chlordane, and alpha-chlordane, which collectively accounted for approximately two-thirds of the
total weight of the index. This finding supports that of a previous analysis of the NCI-SEER NHL study, which used WQS
regression to estimate the effect of one group of 27 chemical exposures for each NHL center.50 In that analysis, the index
was positively and significantly associated with risk of NHL in Iowa. Additionally, propoxur had the highest weight in the
index, and alpha-chlordane and gamma-chlordane were among the five most highly-weighted chemicals. We also found
a significant inverse association between another index of pesticides and risk for NHL in Iowa, where a one-unit increase
in the index corresponded to approximately five times smaller odds of NHL. In this index, the most highly weighted chem-
ical was 2,4-D. In the previous WQS analysis, the weight for 2,4-D was less than 0.005, suggesting negligible contribution
to the single index, which was positively associated with risk for NHL.39 Our model, with multiple group indices, each of
which could vary in magnitude and direction with the outcome, allows for direct inference on the negative association
between 2,4-D and NHL in a group of negative-association chemicals. This result is more informative than finding that
2,4-D has effectively no weight in a positive-association index for NHL. In the PCB index, congener 180 had the highest
estimated weight at two centers (Detroit in Seattle). A previous logistic regression analysis of PCBs and other organochlo-
rines measured in plasma found that PCB 180 had a significant association with NHL risk when comparing the highest
versus lowest quartiles, as did other PCB congeners as well as furan congeners.7 We note that PCBs are considered car-
cinogenic to humans (Group 1), and chlordane and 2,4-D are considered possibly carcinogenic to humans (Group 2B)
according to the most recent classifications from the International Agency for Research on Cancer working group.55

In Los Angeles, Detroit, and Seattle, we did not find any significant association between chemical indices and NHL.
This finding provides more site-specific conclusions regarding the chemical index-NHL relationship than does a previous
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F I G U R E 6 Estimated cumulative spatial odds ratios for non-Hodgkin lymphoma in the Seattle study center. The Seattle city center is
marked (circle) on the map

F I G U R E 7 Areas of significantly elevated cumulative spatial risk for non-Hodgkin lymphoma in the Los Angeles study center
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frequentist analysis of the NHL data that employed grouped WQS regression.51 The previous analysis estimated overall
mixture effects in one model and used the same data in the two steps of model fitting and validation to find significant
positive associations between the PCB and pesticides index I and NHL and a significant negative association between
the pesticides index II and NHL over the four combined study centers.51 The significant findings from the previous study
may have been from using a larger sample size in one model or possibly from overfitting due to not separating the data
used for estimation and validation. In our analysis, we used only the data specific to a given study center in modeling
mixture effects in that center due to the inclusion of the spatial risk component, which is site-specific. Overall, our model
allows more direct inference on the health effects of different chemical groups on NHL risk in different study centers by
allowing group effects to vary in magnitude and direction in each center.

Regarding spatial risk over time, we identified a cluster of elevated spatial risk for NHL in Los Angeles, west of the
city center. The cluster was approximately 20 km2 and generally consisted of local spatial odds ratios of 2.5 for risk of
NHL. A previous spatial analysis using generalized additive models (GAMs) and individual lag times prior to diagnosis
and adjusted for a similar set of covariates (but not for 27 chemical exposures measured inside the home) found a sim-
ilar cluster of elevated spatial risk for NHL in this region at a lag time of 20 years.54 Specifically, the GAM analysis fit
models using residential locations at a set of individual lag times (at diagnosis, as well as 5, 10, 15, and 20 years before
diagnosis), and the cluster in Los Angeles was only identified using residential locations 20 years before diagnosis. In
our analysis, we used all of subjects’ residential locations to estimate cumulative spatial risk in the study region, and
by simultaneously estimating the health effects of groups of chemical exposures, and so in contrast to the GAM anal-
ysis, any resultant cluster of spatial risk from this model can be considered to exist above and beyond such chemical
exposures. Overall, our model provides a more complete estimate of cumulative spatial risk through weighting study par-
ticipants’ residences by duration lived. The construction of our spatial risk component utilizes entire residential histories,
not just locations at certain lag times, in order to use maximal information for estimation of unmeasured exposures for
NHL risk.

Based on our findings, we believe that the Bayesian index LRK-MMM can provide a powerful tool for researchers
interested in a more comprehensive estimate of environmental risk. In reality, measured chemical mixtures and unmea-
sured environmental exposures over time act on individuals simultaneously, and our model is the first to estimate both
components simultaneously in an integrated modeling framework. Additionally, situating the model in the Bayesian
paradigm allows for utilization of the entire sample, incorporation of previous information through the prior distribution,
and simultaneous estimation of the full posterior distribution of all parameters, which provides maximal information
to perform inference on any parameter of interest. This represents an improvement upon traditional WQS approaches
that require data splitting for the estimation and validation model steps. Another strength of the model we propose
is its generality, because an analyst can adapt model components to their data. For example, while the outcome vari-
able we used in our data application was case or control status, the outcome could be any type of variable, such as
smoker/non-smoker, received early screening test/did not screen, number of disease cases in a region, or more. Fur-
ther, the group exposure indices need not be restricted to chemical groups, but could for example be socio-economic
indices, with the groups measured at different time points or different spatial scales. Finally, through low-rank krig-
ing, our model provides a computationally efficient means to estimate cumulative spatial risk using point locations for
subjects.

While our model has several strengths, some limitations may motivate future research. First, while the Bayesian
index LRK-MMM is designed to estimate spatial risk that is cumulative, it does not identify the specific timing of his-
toric elevated risk. For example, an analysis may seek to identify if a particular time period (eg, calendar year) had
relatively more explanatory power in spatial risk than other years in residential histories, potentially due to some
acute event. Second, while our data application controlled for a temporally-fixed set of covariates and used measure-
ments of chemical mixtures that were collected at one time point, it is possible that in other studies the covariates or
chemical exposures could be time-varying, which represents an opportunity to extend the model given the necessary
time-varying data components. Finally, we note that other methods beyond LRK exist that estimate spatial risk in a
computationally efficient manner. For example, fixed rank kriging (FRK) enables efficient spatial prediction for very
large datasets through the use of a flexible class of non-stationary covariance functions that use a fixed number of basis
functions.56

In conclusion, our Bayesian index LRK-MMM is a novel way to estimate risk of two broad components of risk analy-
sis, measured, and unmeasured environmental exposures. The method accommodates groups of measured exposures and
residential histories for study participants and can be adapted to a wide range of outcome variables and exposures, mak-
ing it a flexible and powerful choice for public health practitioners. Conclusions drawn from the model, such as health



BOYLE et al. 5695

effects estimated for a group of exposures, important components within exposure groups, and areas of significantly ele-
vated spatial risk, beget natural public health responses, such as remediation efforts among highly-exposed individuals,
programs to reduce future exposures to important and harmful exposures, and epidemiologic investigations focused on
elucidating causes of persistent elevated spatial risk. For example, a reasonable next step given the findings of our anal-
ysis of the NHL data would be to investigate potential sources of the cluster of significantly elevated risk of NHL in Los
Angeles. As such, the Bayesian index LRK-MMM represents another step in implementing the ideal of the exposome into
environmental risk analyzes.
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