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Abstract

Background: The widely used k top scoring pair (k-TSP) algorithm is a simple yet powerful parameter-free
classifier. It owes its success in many cancer microarray datasets to an effective feature selection algorithm that is
based on relative expression ordering of gene pairs. However, its general robustness does not extend to some
difficult datasets, such as those involving cancer outcome prediction, which may be due to the relatively simple
voting scheme used by the classifier. We believe that the performance can be enhanced by separating its effective
feature selection component and combining it with a powerful classifier such as the support vector machine
(SVM). More generally the top scoring pairs generated by the k-TSP ranking algorithm can be used as a
dimensionally reduced subspace for other machine learning classifiers.

Results: We developed an approach integrating the k-TSP ranking algorithm (TSP) with other machine learning
methods, allowing combination of the computationally efficient, multivariate feature ranking of k-TSP with
multivariate classifiers such as SVM. We evaluated this hybrid scheme (k-TSP+SVM) in a range of simulated datasets
with known data structures. As compared with other feature selection methods, such as a univariate method
similar to Fisher’s discriminant criterion (Fisher), or a recursive feature elimination embedded in SVM (RFE), TSP is
increasingly more effective than the other two methods as the informative genes become progressively more
correlated, which is demonstrated both in terms of the classification performance and the ability to recover true
informative genes. We also applied this hybrid scheme to four cancer prognosis datasets, in which k-TSP+SVM
outperforms k-TSP classifier in all datasets, and achieves either comparable or superior performance to that using
SVM alone. In concurrence with what is observed in simulation, TSP appears to be a better feature selector than
Fisher and RFE in some of the cancer datasets

Conclusions: The k-TSP ranking algorithm can be used as a computationally efficient, multivariate filter method for
feature selection in machine learning. SVM in combination with k-TSP ranking algorithm outperforms k-TSP and
SVM alone in simulated datasets and in some cancer prognosis datasets. Simulation studies suggest that as a
feature selector, it is better tuned to certain data characteristics, i.e. correlations among informative genes, which is
potentially interesting as an alternative feature ranking method in pathway analysis.

Background
Gene expression profiling has been proved to be a valu-
able resource for classification of complex diseases such
as cancer. Many studies have showed it is possible to
extract compelling information from microarray data to
support clinical decisions on cancer diagnosis, prognosis

and response to treatment [1-6]. However, like other
high-throughput studies, microarray data pose great chal-
lenges to accurate prediction in two respects. On one
hand, there is a large amount of inherent noise and varia-
bility in samples, due to biological variations and experi-
mental conditions, both of which can degrade prediction
performance. On the other hand, difficulties also arise
from high dimensionality (on the order of tens of thou-
sands), as compared to a relatively small sample size
(usually on the order of tens), which leads to the risk of
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over-fitting in many machine learning methods. This
occurs especially in cases when the few training samples
are not good representatives of classes, so that the classi-
fier may learn inherent noise from irrelevant features in
training data, leading to poor generalizability. Thus algor-
ithmically speaking, there is a need for feature selection
in order to improve model performance and avoid over-
fitting.
Generally, feature selection methods in the context of

gene expression studies can be divided into three cate-
gories: filter methods, wrapper methods, and embedded
methods [7]. Filter approaches [8,9] involve calculating
feature relevance scores, and selecting a subset of high-
scoring features as input to the classifiers after removing
low-scoring ones. They are computationally efficient and
thus widely used. These approaches are also independent
of classifier algorithms. On the contrary, wrapper and
embedded approaches interact with classifiers by either
wrapping around the classifiers [10-12], or being built
within the classifier construction [13-15]. As a result,
those approaches are usually much more computationally
intensive than filters, and sometimes become so costly as
to be impractical without pre-reduction of the search
space with a filter method. Whereas filter techniques are
frequently univariate in nature, assuming the features are
independent and ignoring feature dependencies, wrapper
and embedded techniques select features in a multivari-
ate fashion by taking feature correlations into account, an
approach which is certainly biologically relevant if we
consider, e.g., how genes are co-regulated in pathways.
As more feature selection techniques are explored,

computational efficiency and the ability to capture fea-
ture interactions remain important considerations. In
2004, Geman et al introduced the top-scoring pair (TSP)
classifier [16], which was then refined and extended to k-
TSP by Tan, et al [17], using k pairs of top ranking genes
to build the classifier. There are several things worth not-
ing in the feature ranking algorithm they employ. First,
they replace actual expression levels with their ranks in
each sample, which reduces inherent noise and is invar-
iant to normalization procedures across platforms. Sec-
ond, the idea of “relative expression reversals”, on which
the pairs are scored, captures a key mechanism of the
disease process, which involves large differential changes
of expression levels in up-regulated and down-regulated
genes. Third, this scoring algorithm is multivariate at dif-
ferent levels, in the sense that bivariate interactions
between features are exploited when genes are evaluated
in pairs, and higher order interactions are addressed
when the final ranking is derived from comparison of
scores of all possible pairs. Last, by choosing reversed
expression pairs, it is guaranteed that features from more
than one cluster are collected, and the top-ranked fea-
tures coming from different clusters can contribute

orthogonal information to the classifier. With all the
above unique qualities in its feature selection, k-TSP
turns out to be a powerful classification method using
simple comparisons, and in some cases, it is able to
extract a single pair of genes for accurate diagnostic pre-
diction. Nonetheless, given all its success in cancer diag-
nostic prediction, it has been noted that the performance
of k-TSP is not always robust for some more difficult
types, such as those involving cancer outcome prediction.
This could be due to the complexity of data on one hand,
and the relatively simple voting scheme of k-TSP classi-
fier after the feature selection step on the other hand.
Compared to other complex machine learning meth-

ods, the support vector machine (SVM) is relatively
insensitive to high dimensionality [18], though its per-
formance can still improve considerably after feature
selection [19]. Guyon et al. proposed the recursive fea-
ture elimination algorithm (RFE) [13], using the SVM
weight vector to rank component features and discard-
ing those with small weights in a recursive manner. This
strategy is a multivariate approach embedded in the
construction of the SVM classifier, and like other
embedded methods, is relatively computationally inten-
sive. Recently, Yoon et al reported their comparison of
feature selection methods in combination with SVM in
a number of cancer diagnostic datasets [20], suggesting
that TSP may be an effective filter method candidate for
other classifiers, if computational cost is not a concern.
In this paper, we describe a hybrid approach that inte-

grates the TSP scoring algorithm into other machine
learning methods such as SVM and k-nearest neighbors
(KNN). A particular focus is placed on assessing this
approach in a controlled environment by using simulated
datasets with known properties, including correlation
structures of informative genes (signal genes), the var-
iance distribution in all genes, signal strength and spar-
sity, and sample size in the training set. We also apply
SVM+TSP to four cancer prognostic datasets, and show
that it achieves superior performance to k-TSP, and
either outperforms or compares to that using SVM alone.
In general, different methods have their respective

strengths and weaknesses in dealing with different
aspects of data complexity, and a hybrid approach com-
bining one algorithm with another can be beneficial
[21,22]. This is also demonstrated in our study, both in
real and simulated data, where sophisticated classifiers
are enhanced by the feature selection scheme carved out
from another learning algorithm.

Results
Simulated datasets
Simulation process
To investigate how feature selection methods respond to
different data structures, we generated two types of data,
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with variations in aspects such as the strength of differ-
entially expressed genes (signal genes), the sparseness of
signal genes, and covariance structure. The basic model
is as follows: each sample contains 1000 genes, of which
100 are signal genes. The signal genes follow the multi-
variate normal distribution N(μ, Σ) for class 1, and N(-μ,
Σ) for class 2, with μ being a vector of 10 distinct values
ranging from -0.25 to 0.25 with an increment of 0.05 or
0.1, each value being the effect size of 10 differentially
expressed genes (denoted as μ3). The rest of the genes
(900 noise genes) follow independent N(0, 1) distribu-
tions for both classes. For each simulation experiment,
150 independent samples were generated (75 for each
class), from which 100 were randomly selected as the
training set, with the remaining 50 used as the test set.
Based on this general model, the first type of data

(Data-I) has all of the signal genes in one block Σ. The
signal genes are sampled under an independent model
or a correlated model. For the correlated model, the
block has a compound symmetry (CS) structure with
fixed variances of 1 and a common correlation coeffi-
cient r, as shown below:
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In the second type of data (Data-II), the signal genes
come in 10 equal blocks, each consisting of 10 genes
with a distinct value of effect size, and a CS correlation
structure Σi = Σ, so each Σi has an equicorrelated struc-
ture. The blocks can be correlated among themselves by
introducing an inter-block correlation coefficient r’,
which is always smaller than the within-block correla-
tion r to ensure the covariance matrix is positive
definite.
To mimic various situations in real datasets, we gener-

ated different variants of Data-I: Data-1b, Data-Ic, and
Data-Id. Data-Ib is constructed based on the randomized
variance model, with the variances drawn from an inverse
gamma distribution, instead of taking on a fixed value of
1. Data-Ic and Data-Id reduce the proportion of signal
genes from 10% to 1%, with Data-Ic containing the same
μ3 vector as that in Data-I, and Data-Id containing a μ
vector with a larger effect size, which has half of the
values in the vector equaling -0.25, and the other half
0.25 (denoted as μ3b).
Comparison of TSP with Fisher and RFE as feature selection
methods
We first compared the performance of SVM on Data-I
and Data-II, using TSP, Fisher and RFE as feature selec-
tion methods. In each experiment, we applied the TSP,
Fisher and RFE feature ranking algorithms to rank the

genes, built SVM models with each level of selected
genes on the training data, and then tested the models
on the test set. Experiments were repeated 50 times to
generate averaged results. Two aspects of performance
are evaluated in the test data: the classification error
rate at each level of gene selection, and the percentage
of true signal genes recovered among the 30 and 60
top-ranked genes.
Table 1 shows the classification error rates in Data-I

at different levels of selected genes, with correlation
coefficients at 0, 0.45 and 0.6. As can be seen, when the
signal genes are independent, the different feature selec-
tion methods seem to perform comparably to one other
(with Fisher slightly outperforming RFE), and the perfor-
mance using all features is barely improved by using fea-
ture selection. However, as the signal genes become
more correlated, TSP turns out to be increasingly
advantageous over Fisher and RFE. We can take maxi-
mum error reduction (MER) as an indicator for the
effectiveness of each method ((error rate at full feature
level - minimum error rate at a selection level)/error
rate at full feature level). When r = 0.45 the MERs are
28.5%, 1.9% and 10.3% for TSP, Fisher and RFE respec-
tively, whereas at r = 0.6 they are 61.2%, -0.9%, and
24.3%, respectively. This trend is further illustrated in
Figure 1A, which shows that in response to the progres-
sively increased correlation among signal genes, the
effectiveness of TSP gradually out-races Fisher and RFE,
achieving increasingly lower error rates than those of
the other two at most selection levels.

Table 1 SVM classification error rates on the test set of
Data-I

r = 0 r = 0.45 r = 0.6

Level TSP Fisher RFE TSP Fisher RFE TSP Fisher RFE

1 40.4 39.0 40.2 35.0 39.5 34.4 31.4 39.9 33.2

2 36.6 33.0 38.0 29.9 34.6 29.4 24.4 38.8 26.2

3 33.6 31.1 35.8 26.4 32.6 26.8 20.6 36.8 25.6

4 32.0 29.4 34.6 23.4 31.3 26.0 18.4 35.7 22.0

5 31.9 28.6 35.0 20.8 30.7 24.8 15.4 36.0 22.5

10 30.2 27.6 31.8 16.5 27.7 24.2 10.4 32.1 18.2

20 27.4 25.9 30.0 15.6 24.4 20.1 8.0 27.2 15.6

30 27.4 26.0 28.3 15.3 23.5 21.0 8.2 24.1 16.8

40 26.8 23.7 26.6 15.4 22.4 20.8 9.8 23.1 17.7

50 25.8 24.0 25.8 16.2 22.6 19.6 11.7 22.7 18.2

60 26.0 25.0 25.2 16.6 22.1 19.2 12.4 21.7 17.7

70 25.0 24.2 24.3 16.8 21.5 19.7 13.7 22.0 16.7

80 24.9 24.6 24.8 16.3 21.1 20.2 14.3 21.3 17.4

90 25.6 24.3 24.2 17.4 21.0 20.2 15.0 21.7 16.8

100 25.1 24.9 24.1 18.5 21.4 20.2 15.9 20.8 17.3

All features 24.1 24.1 24.1 21.4 21.4 21.4 20.6 20.6 20.6

The error rates (%, mean) are shown at various selection levels as correlation
varies among signal genes, using TSP, Fisher and RFE as feature selection
methods.
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A 

= 0 = 0.3

= 0.45 = 0.6

B 

= 0.6 = 0 = 0.6 = 0.5

Figure 1 Comparison of TSP, Fisher and RFE as feature selection methods for SVM as correlation varies among signal genes. A) shows
the error rates of SVM (mean ± SE) on the test set of Data-I (the single block structure) at various gene selection levels, as within-block
correlation (r) varies. B) shows the error rates of SVM on the test set of Data-II (the multi-block structure), as inter-block correlation (r’) varies.
The horizontal lines are the error rates of SVM using all features. The two vertical lines in A) show the number of pairs of genes in which
recovery of signal genes are examined as shown in Figure 3.
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When the signal genes are in the multi-block structure
of Data-II, we do not observe the differential responses
of the three feature selection methods as the signal
genes within each block (within-block correlation r)
become more correlated. However, if an inter-block cor-
relation r’ is introduced among all the blocks, we
observe similar pattern of differentiated responses
among the three methods. In Figure 1B, TSP, Fisher and
RFE have comparable performance when the blocks are
uncorrelated (r = 0.6, r’ = 0). Nevertheless, when the
blocks become correlated with one another, the effec-
tiveness of these three methods diverges. The differen-
tiation is more pronounced in the presence of a strong
inter-block correlation (r = 0.6, r’ = 0.5), where TSP is
significantly better than Fisher and RFE at most selec-
tion levels.
TSP, Fisher and RFE are also applied as feature selec-

tors for another benchmark classifier k-nearest neigh-
bors (KNN), with k = 3 as the number of nearest
neighbors. As seen in Figure 2, again TSP, Fisher and
RFE perform comparably when the signal genes in Data-
I are independent, and all three improve on the perfor-
mance of KNN using the entire set of features. As the
correlation among signal genes become increasingly
stronger, the performance of TSP starts to set apart
from Fisher and RFE at r = 0.3, and is superior to the
other two at most selection levels at r = 0.45, with the
gap further widened at r = 0.6. In parallel, RFE also
increases its performance in response to correlation, but
is out-raced by TSP.
In parallel with classification performance, the recovery

of signal genes among the top-ranked genes by TSP,
Fisher and RFE displays a similar trend in response to the
increased correlation among the signal genes. We exam-
ine the percentage of signal genes in 30 and 60 top-
ranked genes, based on the observation that most signal
genes are recovered within top100 genes, and the recov-
ery is well differentiated among the three methods in the
top 30 and 60 genes. Figure 3 shows the percentage of
the signal genes in the 30 and 60 top-ranked genes
selected by the three ranking algorithms in Data-I and
Data-II. In single block structure (Figure 3A), it can be
seen that when the signal genes are uncorrelated, Fisher
recovers slightly more signal genes than TSP and RFE
(65% vs 53% and 46% respectively in the top 30 genes).
As the correlation of signal genes progresses from 0.3 to
0.6, TSP gradually out-races Fisher to be the one that
recovers most signal genes (from 53% to 91%), while the
recovery rate for Fisher remains unchanged, and that of
RFE increases to a smaller extent (from 45% to 61%). A
similar trend is observed for multi-block data structures
(Figure 3B), where the presence of inter-block correlation
turns TSP into the leading feature selector for recovering
signal genes.

Comparison of k-TSP+SVM with k-TSP and SVM
We compared the classification performance of TSP
family classifiers, with our hybrid scheme using k-TSP as
feature selection for SVM (k-TSP+SVM) in Data-I and
Data-II, as well as some variants constructed based on
Data-I (Table 2). In each experiment, the TSP ranking
algorithm was used to rank the genes and build the
model on training data at each level of selected genes
through a standard leave one out cross-validation
(LOOCV) procedure. The level that achieved the mini-
mum LOOCV error rate was chosen as the size of gene
subset, with which the classifier is built on the entire
training set and then applied to the test data. Experi-
ments were repeated 50 times to generate averaged test
error rates, which were used to evaluate the performance
of a classifier.
Table 2A summarizes the classification performance of

TSP, k-TSP, SVM, k-TSP+SVM, Fisher+SVM and RFE
+SVM in Data-I and Data-Ib, the latter being a variant of
Data-I whose variances follow an inverse gamma distri-
bution with parameters a = 2 and b = 1. In Data-I, both
k-TSP and k-TSP+SVM improve with increased correla-
tion, with k-TSP+SVM (27.0%, 15.8%, and 10.0%) signifi-
cantly outperforming k-TSP (32.4%, 21.7% and 13.9%) in
all conditions. In contrast, SVM alone does not seem to
pick up its performance as the correlation increases, and
is thus increasingly outperformed by k-TSP+SVM when
the correlation becomes stronger (21.4% and 20.6% vs
15.8% and 10.0%). Data-Ib, the dataset with a random
variance structure, displays a similar trend, except that
both k-TSP and k-TSP+SVM outperform SVM alone to a
greater extent. It is noticeable that between the two TSP
family classifiers, k-TSP is invariably superior to TSP.
Meanwhile, RFE+SVM also improves with increased cor-
relation in all cases, though much less robustly than
k-TSP+SVM, whereas Fisher+SVM remains mostly
unchanged in Data-I.
To investigate the impact of sparsity of the signal genes

on classification, we created Data-Ic and Data-Id, which
only contain one tenth as many signal genes as in Data-I.
Interestingly, it is shown in Table 2B that as the percen-
tage of signal genes is reduced from 10% to 1% in Data-
Ic, the datasets become difficult for all the classifiers and
none appears to be effective regardless of the presence of
correlation. However, when the signal strength of the sig-
nal genes is increased from μ3 to μ3b in Data-Id, k-TSP
+SVM steps over the others again, showing more robust-
ness in rapidly improving its performance with increased
correlation, and outperforming k-TSP and SVM at r =
0.45 (30.4% vs 36.8% and 42.6%), and r = 0.6 (23.0% vs
33.8% and 40.8%).
When signal genes are organized in multiple block

structures, in which signal genes are correlated within
each block (r = 0.6 for Data-IIb), a disparate picture

Shi et al. BMC Bioinformatics 2011, 12:375
http://www.biomedcentral.com/1471-2105/12/375

Page 5 of 15



emerges (Table 2C). When the blocks are uncorrelated
with one another (r = 0.6, r’ = 0), the performance of
all the classifiers degrade drastically, and k-TSP+SVM
does not show any advantage. In contrast, when the
blocks are correlated (r = 0.6, r’ = 0.5), each classifier
significantly improves its performance, with k-TSP, and
k-TSP +SVM achieving comparable best performances
(22.9%, and 24.2%).
The effect of sample size in training data
In many microarray studies, sample sizes in training sets
are usually limited. It has been suggested that the TSP
ranking algorithm is sensitive to the perturbation of
training samples [17]. To assess this effect by simulation,
we generated datasets of Data-I with sample sizes of 25,
50, 75 and 100 in the training sets, with signal genes

moderately correlated (r = 0.45). Experiments were
repeated 50 times to generate averaged results. As
shown in Figure 4, all the classifiers improve their per-
formance as the sample size increases. When the train-
ing size is only 25, the performances of all classifiers
deteriorate, indicating it almost becomes impossible to
train a classifier with such a small training size. As the
training set becomes larger, TSP and Fisher+SVM
appear to be significantly less effective than the rest, in
which k-TSP+SVM is relatively comparable to others.
As the sample size reaches 100, k-TSP+SVM (15.8%)
rises above all others, significantly outperforming TSP
(34.0%), k-TSP (21.7%), SVM (21.4%), Fisher+SVM
(21.8%), and RFE+SVM (21.0%) (Figure 4 and additional
file 1).

= 0 = 0.3

= 0.45 = 0.6

Figure 2 Comparison of TSP, Fisher and RFE as feature selection methods for KNN as correlation varies among signal genes. The error
rates of KNN (mean ± SE) on the test set of Data-I, as within-block correlation (r) varies. The x-axis is the number of top ranked gene pairs for
TSP, or half the number of top ranked genes for Fisher and RFE. The horizontal lines are the error rates of KNN using all features.
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Real datasets
Cancer prognostic datasets
We applied the above hybrid scheme k-TSP+SVM to
four cancer prognostic datasets, all of which are available
on our project website, and the information of these
datasets is summarized in Table 3. The first dataset is
van’t Veer’s breast cancer dataset [3], obtained from
Rosetta Inpharmatics, which is already partitioned into
training and test data. The training data consists of 78
patients, 34 of whom developed distant metastases or
died within 5 years (poor prognosis), with the rest con-
sisting of those remained healthy for an interval of more
than 5 years (good prognosis). The test data consists of
19 patients, 12 with poor prognosis and 7 with good
prognosis. Since this dataset contains many missing
values, certain pre-processing was performed. First, two
samples (one from each prognosis) with more than 50%
of missing gene values in the training data were removed.

Next, any genes whose value was missing in at least one
sample was discarded, amounting to a total of 3.5% of all
genes. The log-transformed ratio of the two channels was
used for analysis.
Another breast cancer dataset is derived from Wang

et al [6], and contains a subset of ER-positive, lymph-
node-negative patients who had not received adjuvant
treatment. We used the raw intensity Affymetrix CEL
files and normalized the data by RMA procedures using
Bioconductor packages http://www.bioconductor.org,
obtaining a final expression matrix comprising 22283
features and 209 samples. Again patients who developed
distant metastases or died within 5 years are classified
as poor prognosis subjects, and those who remained
healthy for more than 5 years as good prognosis ones.
The dataset consists of 71 patients with poor prognosis,
and 138 with good prognosis
The other two cancer prognostic datasets are obtained

from the cancer dataset depository of the Broad Institute.
One is a dataset of 86 patients with primary lung adeno-
carcinoma, which consists of 62 patients who were alive,
and 24 patients who had died [4]. The other is a dataset
of 60 patients with medulloblastomas, which consists of
39 survivors and 21 treatment failures after radiation and
chemotherapy [5]. Both datasets are pre-processed and
contain 7129 genes.
Application to cancer prognostic datasets
The classification performance of k-TSP+SVM is com-
pared with k-TSP and SVM in the three cancer prognos-
tic datasets. We used the independent test set when it
was available from the original dataset (van’t Veer data-
set); otherwise we performed 5-fold cross-validation and
averaged the results from two 5-fold experiments.
Table 4 summarizes the results using different methods

on the above prognostic datasets. It is noteworthy that k-
TSP is invariably less robust on this type of data, consis-
tent with previous observations (unpublished data),
although it does seem that its performance improves as
sample size increases. In the van’t Veer breast cancer
dataset, k-TSP+SVM significantly improves the perfor-
mance, which only makes two errors on the 19-case test
set, achieving an error rate of 10.5%, as compared to
47.3% with k-TSP and 31.6% with SVM alone. In the
other datasets, nonetheless, the extent of improvement of
k-TSP+SVM over k-TSP appears to be related to sample
size. In cases where sample size is small or moderate
(adenocarcinoma and medulloblastoma), k-TSP+SVM
improves considerably over k-TSP (27.8% versus 40.7%,
35.7% versus 49.6%, respectively); while in the case where
sample size is large (Wang dataset), the improvement is
moderate (32.9% versus 37.3%). In comparison to SVM,
on the other hand, k-TSP+SVM achieves similar perfor-
mances in all three cases, while using a small number of
genes as opposed to the entire set of genes. In the two 5-

A 
= 0 = 0.3

= 0.45 = 0.6

B 
= 0.6 = 0 = 0.6 = 0.5

Figure 3 Comparison of the recovery of signal genes by TSP,
Fisher and RFE as correlation varies among signal genes. The
percentage (mean ± SE) of signal genes recovered in the 30 or 60
top-ranked genes by feature selectors TSP, Fisher and RFE, in A) as
within-block correlation (r) varies in Data-I, and in B) as inter-block
(r’) varies in Data-II.
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Table 2 Comparison of various classifiers in structural variants of Data-I and Data-II

A. Data-I of fixed variance vs. random variance with abundant signal genes

Data Data structure Classification error rate on the test set (%)

Signal genes Variance Correlation r Signal vector TSP k-TSP SVM k-TSP + SVM Fisher + SVM RFE +
SVM

Data -I 10% Fixed unit 0 μ3 39.2 ± 1.1 32.4 ± 0.9 24.1 ± 1.0 27.0 ± 1.1 26.5 ± 1.0 25.8 ± 1.1

Data -I 10% Fixed unit 0.45 μ3 34.0 ± 1.0 21.7 ± 0.8 21.4 ± 0.9 15.8 ± 0.9 21.8 ± 1.0 21.0 ± 1.0

Data -I 10% Fixed unit 0.6 μ3 31.0 ± 1.1 13.9 ± 1.0 20.6 ± 0.9 10.0 ± 0.8 21.9 ± 1.4 17.3 ± 1.1

Data -Ib 10% Inverse gamma 0 μ3 26.1 ± 1.2 19.1 ± 1.1 26.6 ± 1.1 12.1 ± 0.6 12.4 ± 0.6 22.5 ± 0.8

Data -Ib 10% Inverse gamma 0.45 μ3 18.0 ± 1.0 7.0 ± 0.5 23.7 ± 1.0 3.4 ± 0.5 5.4 ± 0.5 9.6 ± 1.0

Data -Ib 10% Inverse gamma 0.6 μ3 15.8 ± 0.9 5.3 ± 0.5 23.8 ± 1.0 1.6 ± 0.4 4.2 ± 0.6 5.4 ± 0.7

B. Data-I of stronger signal vs. weak signal with sparse signal genes

Data Data structure Classification error rate on the test set (%)

Signal genes Variance Correlation r Signal vector TSP k-TSP SVM k-TSP + SVM Fisher + SVM RFE +
SVM

Data -Ic 1% Fixed unit 0 μ3 46.5 ± 1.1 49.4 ± 0.9 48.3 ± 1.0 47.8 ± 1.2 47.0 ± 1.1 46.8 ± 1.2

Data -Ic 1% Fixed unit 0.45 μ3 44.1 ± 1.2 44.7 ± 0.9 45.8 ± 1.0 43.1 ± 1.0 45.6 ± 1.2 45.0 ± 1.2

Data -Ic 1% Fixed unit 0.6 μ3 38.1 ± 1.5 43.2 ± 1.2 48.0 ± 1.1 40.3 ± 1.2 46.9 ± 1.2 41.7 ± 1.5

Data -Id 1% Fixed unit 0 μ3b 43.5 ± 1.4 44.9 ± 1.1 43.7 ± 1.0 42.2 ± 1.3 39.9 ± 1.1 41.0 ± 1.0

Data -Id 1% Fixed unit 0.45 μ3b 34.8 ± 1.2 36.8 ± 1.2 42.6 ± 0.9 30.4 ± 1.3 40.0 ± 1.2 35.0 ± 1.2

Data -Id 1% Fixed unit 0.6 μ3b 30.4 ± 1.2 33.8 ± 1.4 40.8 ± 1.1 23.0 ± 1.3 38.1 ± 1.2 30.1 ± 1.3

C. Data-II with independent blocks of signal genes vs. correlated blocks of signal genes

Data Data structure Classification error rate on the test set (%)

Signal genes Variance Within-corr r Inter-corr r’ TSP k-TSP SVM k-TSP + SVM Fisher + SVM RFE +
SVM

Data-IIb 10% Fixed unit 0.6 0 42.5 ± 1.1 34.7 ± 1.1 34.6 ± 1.1 37.9 ± 1.2 38.9 ± 1.0 37.6 ± 1.3

Data-IIb 10% Fixed unit 0.6 0.5 33.4 ± 0.9 22.9 ± 0.9 26.2 ± 0.8 24.2 ± 0.9 30.6 ± 1.3 28.5 ± 0.9

The classification error rates (mean ± SE) of various classifiers as correlation varies among signal genes in A) Data-I of fixed variance vs. random variance when signal genes are abundant (10%); B) Data-I of strong
signal vs. weaker signal when signal genes are sparse (1%); and C) Data-II of independent blocks vs. correlated blocks. The lowest error rates for each dataset are indicated in bolded.
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fold experiments, k-TSP+SVM utilizes an average of 61
pairs of genes in Wang breast cancer dataset, 57 pairs in
the lung adenocarcinoma dataset, and 76 pairs in the
medulloblastoma dataset.
Meanwhile, we compared TSP for feature selection with

Fisher and RFE, using both SVM and KNN as classifiers in
some datasets. For the breast cancer dataset where a sepa-
rate test set is available, the error rate was obtained
directly on the test set at selected levels (pairs) of genes.
For the lung adenocarcinoma and medulablastoma data-
sets, on the other hand, standard LOOCV error rate was
estimated at selected level of genes. Interestingly, different
patterns of response are observed in different datasets
when feature selectors are combined with a classifier. In
the breast cancer dataset (Figure 5A), TSP has significantly
lower error rates than Fisher and RFE at most levels of
selected genes, using either SVM or KNN as the classifier.
As compared to 31.6% achieved by SVM without gene
selection, the lowest error rate of 5.3% is achieved for k-
TSP+SVM on the top 140 pairs. In parallel, as compared
to 52.6% achieved by KNN without gene selection, an
error rate of 10.5% is achieved for k-TSP+KNN using the
top 50 pairs. On the other hand, in the lung adenocarci-
noma dataset (Figure 5B), the performance of TSP as a

feature selector is set apart from that of Fisher and RFE
mainly within the top 60 pairs. k-TSP+SVM achieves its
minimum error rate of 12.8% using the top 18 pairs,
which is a sizable improvement upon the 24.4% error rate
by SVM without gene selection. Finally, the medulablas-
toma dataset presents yet another scenario (Figure 5B).
None of the feature selection methods appears to be effec-
tive, and no improvement is observed at any level of
selected genes as compared to the performance by SVM
without gene selection.

Discussion
Results from simulated and real datasets show that the
k-TSP feature ranking algorithm can be integrated use-
fully into machine learning classifiers for feature selec-
tion. The hybrid algorithm outperforms k-TSP, and in
some cases the corresponding classifier using all features
in cancer prognostic datasets. Simulation studies sug-
gests that with certain data characteristics, this ranking
algorithm appears to be a superior feature selector to
the univariate Fisher method, as well as the multivariate
recursive RFE procedures embedded in SVM.
In assessing the effectiveness of a new method, simu-

lated and real datasets play complementary roles. Simu-
lated datasets with known properties can be used for
exploring the robustness and parameter space of a given
method, and for studying the influence of data character-
istics on its performance. It can also provide insights
regarding its strengths and weaknesses in real situations.
Yet, due to the largely unknowable properties of gene
expression data, e.g. the true distribution of expression
values across genes in different biological states or the
exact correlation structures within and among all the
gene networks, simulation is usually an over-simplified
representation of real scenarios, and unavoidable biases
can be introduced by specified distributions and model
assumptions. For that reason, the effectiveness of a
method suggested by simulation needs to be validated on
real data. On the other hand, the sample size limitation
in real datasets may impede the detection of the true data
structure, and thereby the demonstration of the advan-
tage of a method in tune with that structure, whereas
simulation allows generation of a large number of sam-
ples for the full manifestation of data characteristics.
By constructing simulated datasets with various struc-

tures, we were able to observe how different feature

Figure 4 Comparison of various classifiers in Data-I with
different sample sizes in the training set. The classification error
rates (mean) on Data-I (r = 0.45), with the training sets containing
different sample sizes (n = 25, 50, 75, 100).

Table 3 Information of cancer prognosis datasets

Dataset Number of genes Number of samples (training/test) Poor prognosis Good prognosis References

van’t Veer Breast cancer 23624 76/19 33/12 43/7 van’t Veer et al. (2002)

Wang Breast cancer 22283 209 71 138 Wang et al (2005)

Lung adenocarcinoma 7129 86 24 62 Beer et al. (2002)

Medulloblastoma 7129 60 21 39 Pomeroy et al. (2002)
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selection methods interact with different data properties,
including the correlation structure in signal genes, signal
strength and sparsity, as well as sample size in the train-
ing set. Indeed, our simulated data sets D fall into a
parameter space A whose dimensions consist of (1) the
total sample size n, (2) the proportion q of signal genes,
(3) the signal strength s of such genes, (4) the number
N of blocks, (5) inter-gene correlation r within blocks,
and (6) inter-block correlation r’. Within the space A
this study can be viewed as a Monte-Carlo procedure
determining which data sets D within A are best tuned
to a feature selection method in combination with a
classifier. In theory, extension of this procedure to a
fuller exploration of the space A may lead to the possi-
bility of taking a biological dataset D’ and determining
(from within the training set) a point D in A which D’
falls closest to, if the above parameters from D’ can be
empirically measured, and thus estimating which combi-
nation of feature selection and classifier is the best
match to D’. However, there remain many challenges in
mapping a real dataset in the parameter space, one of
them being the attempt to extract the true correlation
structures within and among all gene networks, espe-
cially in cases of small sample sizes.
Among the correlation structures considered here, the

simplest version is the single-block design with all signal
genes in one covariance matrix with uniform inter-gene
correlation. In this case we found that TSP, Fisher and
RFE perform comparably when the signal genes are inde-
pendent (r = 0). However, as the signal genes become
increasingly correlated, TSP appears to improve increas-
ingly over Fisher and RFE, both in terms of classification
accuracy and the recovery of signal genes (Figure 1A,
Figure 3A). It is notable that the univariate Fisher method
seems to be steady regardless of correlation, so that its
performance becomes inferior to the other two as the cor-
relation progresses. This indicates that correlated data are
more in tune with multivariate methods such as TSP and
RFE, which select features based on the joint information
from multiple signal genes, rather than the differential
expression of individual signal genes. Interestingly,
between the two multivariate approaches, it is the simple
TSP algorithm, which is less computationally costly, that

responds to the correlation more robustly and achieves a
better performance. A similar trend was also observed in a
more complex version involving multi-block design, with
signal genes divided into 10 covariance blocks. As these
blocks become increasingly correlated with one another,
TSP seems to become an increasingly superior feature
selector to Fisher and RFE (Figure 1B). It is worth men-
tioning that in an extensive study comparing univariate
and multivariate feature selection methods on seven biolo-
gical datasets, Lai et al. found that most of the multivariate
ones do not result in improvement over the univariate
ones [23]. The above simulation result in fact does reveal
an advantage of a multivariate approach in the presence of
data correlations, and it is worth investigating why this has
not been observed correspondingly in real datasets, where
many differentially expressed genes are co-regulated in
pathways. One possible reason could be, as the authors
stated, the limited sample sizes in real datasets, which
makes a correlation structure difficult to extract.
Therefore, correlation among signal genes influences

the performance of various classifiers using TSP algo-
rithm for feature selection. As shown in Table 2A, k-TSP
+SVM outperforms k-TSP when the signal genes are
independent. As the correlation among signal genes rises,
the performances of both classifiers are increasingly
improved, mainly due to the increasing effectiveness of
their shared ranking algorithm. Thus the difference
between k-TSP+SVM and k-TSP tends to taper off as sig-
nal genes become more correlated. SVM alone, on the
other hand, appears to remain constant in response to
the increased correlation. As a result, the difference
between k-TSP+SVM and SVM is enlarged as signal
genes become more correlated.
An interesting notion was introduced by Jin et al. [24],

showing that in the parameter space of real data, there
exists a region in which successful classification is virtually
impossible, this region being jointly determined by the
fraction q of discriminating features (signal genes), the
strength s of those features, and the ratio of sample size n
to feature number p. This is significant because it estab-
lishes a limit on separability for datasets that are difficult
to classify. In our simulation experiments, we manipulated
the parameter space by varying the fraction and strength

Table 4 Comparison of various classifiers in cancer prognosis datasets

Dataset Error rate on 2X 5-fold CV (%) Error rate on the test set (%)

TSP k-TSP SVM k-TSP+SVM TSP k-TSP SVM k-TSP+SVM

van’t Veer Breast cancer 68.4 47.3 31.6 10.5

Wang Breast cancer 41.4 ± 2.5 37.3 ± 2.8 30.1 ± 1.8 32.9 ± 3.0

Lung adenocarcinoma 41.2 ± 2.5 40.7 ± 2.5 29.7 ± 3.5 27.8 ± 2.9

Medulloblastoma 48.3 ± 4.3 49.6 ± 7.4 37.5 ± 5.9 35.8 ± 4.8

In the van’t Veer breast cancer dataset where there is an independent test set, the error rate on the test set was obtained at the gene selection level at which
the training set achieves its minimum LOOCV error rate. In the other datasets where there is no separate test set, the error rates (mean ± SE) were obtained from
two experiments of five-fold cross validation.
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of signal genes, the training set sample size, and correla-
tion among signal genes, so as to observe how classifiers
respond to the changes in the parameter space. For exam-
ple, in Data-I, where the signal strength is relatively high
and signal genes relatively abundant (10%), k-TSP+SVM
seems to perform significantly better than k-TSP, SVM,
and other classifiers in most cases, especially when signal

genes are correlated (Table 2A). However, when signal
genes become very sparse (1%) in Data-Ic, k-TSP+ SVM
loses its advantage over the other classifiers in either
uncorrelated or correlated data, and its performance dete-
riorates severely like all of the others. Nevertheless, when
the sparse signals increase their signal strength in Data-Id,
k-TSP+SVM regain it robustness and superiority to other

A 

Breast cancer (SVM) Breast cancer (KNN)

B 

           Lung adenocarcinoma (SVM) Medulloblastoma (SVM)

Figure 5 Comparison of TSP, Fisher and RFE as feature selection methods in the cancer prognostic datasets. A) shows the SVM and
KNN classification error rates on the test set of van’t Veer Breast cancer dataset at various gene selection levels, using TSP, Fisher and RFE as
feature selection methods. B) shows LOOCV error rates by SVM in Lung adenocarcinoma and Medulloblastoma datasets at various gene
selection levels, using TSP, Fisher and RFE as feature selection methods. The x-axis is the number of top ranked gene pairs for TSP, or half the
number of top ranked genes for Fisher and RFE. The horizontal lines are the error rates of SVM or KNN using all features.
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classifiers in correlated data (Table 2B). Finally, the sample
size in the training sets proves to be crucial. In Data-I with
signal genes moderately correlated, k-TSP+SVM signifi-
cantly outperforms all the other classifiers when sample
size is relatively large (n = 100), but only slightly outper-
forms k-TSP and SVM when the sample size becomes
smaller (n = 75), and totally losses its advantage when
sample size is very small (n = 25), at which point the per-
formances of all classifiers deteriorate (Figure 4).
The above results suggest that as datasets fall closer to

the region of inseparability, in which features are rare
and weak, or the sample size is small, k-TSP+SVM
losses its superiority with respect to other classifiers,
and in fact no classifier built from the data themselves
is likely to separate the two classes well.
In actual cancer microarray datasets, the data charac-

teristics, and as a result the difficulty of classification,
largely depend on the types of data. In general, diagnos-
tic datasets usually contain a set of salient pathophysio-
logical entities that can be easily used to distinguish
between cancer and normal tissues with a number of
algorithms. Prognostic datasets, on the other hand, are
more challenging, since the samples with poor and good
prognoses often share the same pathophysiological char-
acteristics, and the features that differentiate between
the two classes are relatively sparse and not well
defined. Our observations as well as those of others
show that compared to its robustness in cancer diagnos-
tic datasets, k-TSP seems to be less successful in data-
sets involving cancer outcome prediction. This may
partly be due to the relatively simple voting scheme that
does the decision-making of the classifier, given that the
feature selection algorithm is very effective. Thus we
believe that in such cases performance can be improved
with a hybrid scheme, in which the k-TSP ranking algo-
rithm is combined with a powerful and multivariate
machine learning classifier such as SVM. This is con-
firmed in the breast cancer dataset (Table 4), where the
test error is reduced from 47.3% with k-TSP to 10.5%
with k-TSP+SVM. Notably SVM benefits from the fea-
ture reduction as well, since with the entire set of fea-
tures its error rate is 31.6%. The performance of k-TSP
is also significantly improved with k-TSP+SVM in the
lung adenocarcinoma and medullablastoma datasets
(Table 4), although in both cases SVM alone achieves
comparable performances. On the other hand, consis-
tent with what is observed in simulated data with corre-
lated signal genes, TSP is a superior feature selector to
Fisher and RFE in both the breast cancer and lung ade-
nocarcinoma datasets (Figure 5).

Conclusion
An effective feature selection method is crucial in classi-
fication and prediction of complex diseases through

gene expression analysis. We integrated the feature
ranking algorithm of k-TSP with multivariate machine
learning classifiers, and evaluated this hybrid scheme in
both simulated and real cancer prognostic datasets.
We compared the TSP ranking algorithm with a uni-

variate feature selection method Fisher, and a multivari-
ate method RFE in simulated data. In the model where
the signal genes are uncorrelated, the three feature
selectors perform comparably in terms of classification
accuracy, with Fisher recovering more signal genes. In
the models where signal genes are increasingly corre-
lated, however, TSP increasingly outperforms Fisher and
RFE, both in terms of the classification accuracy and
recovery of signal genes. We also observed that as classi-
fiers, k-TSP+SVM outperforms k-TSP in most cases,
and significantly improves the performance of SVM
alone when signal genes are correlated.
This hybrid scheme was applied to four cancer prog-

nostic datasets. k-TSP+SVM outperforms k-TSP in all
datasets, and achieves either comparable or superior
performance to that using SVM with all features. As
observed in simulated data, TSP appears to be a super-
ior feature selector to Fisher and RFE in two datasets.
We conclude that the TSP ranking algorithm can be

used as a computationally efficient, multivariate filter
method for feature selection in machine learning. Simula-
tion studies suggest that this algorithm is better tuned to
correlated signal genes, the implication of which should
be further explored in real datasets, where differentially
expressed genes act in concert due to pathway dependen-
cies. Moreover, as Sexena et al. showed [25], many path-
ways include both up- and down-regulated components.
As a ranking algorithm that is very effective in capturing
up-regulated and down-regulated genes simultaneously,
TSP ranking can possibly be used as an alternative
method to generate the rank list in gene set enrichment
analysis, which may reveal a unique profile of enriched
sets of genes.
Our preliminary work in single enrichment analysis

suggests that, among the subsets of top-ranked genes
selected by the three feature selectors from lung adeno-
carcinoma dataset, those by TSP are most relevant to
cancer related pathways. We plan to explore this further
to see if TSP ranking algorithm has a distinct advantage
in revealing important signatures genes in some real
datasets.

Methods
Feature Selection Methods
Fisher criterion (Fisher)
Univariate approaches of feature selection evaluate how
well an individual feature discriminates between two
classes according to a criterion such as the t-statistic,
weighted-voting [26], or a measure similar to Fisher’s

Shi et al. BMC Bioinformatics 2011, 12:375
http://www.biomedcentral.com/1471-2105/12/375

Page 12 of 15



discriminant criterion [27]. For univariate ranking we
adopt the Fisher criterion, based on the correlation score
defined as

(
μi(+) − μi(−)

)2

σi(+)2 + σi(−)2

with the numerator representing the square of differ-
ence in means of two classes(+ and -), and the denomi-
nator representing the sum of the square of their
variances. The genes are ranked according to their
Fisher scores, from the most to the least informative.
This ranking determines the ordering of gene subsets to
be evaluated, e.g. the first five genes, the first 10 genes,
etc. In combination with a machine learning classifier,
the informativeness of each gene set is evaluated by a
leave-one-out cross-validation (LOOCV) procedure in
the training set, so that the most informative subset will
be found based on the classification performance within
the set. To validate the performance on a test set, the
classifier is built with the selected gene sets from train-
ing and then applied to the test set.
We used an object-oriented machine learning package

(Spider, [28]) to perform Fisher ranking in combination
with machine learning classifiers.
Recursive feature elimination (RFE)
RFE is an iterative backward elimination procedure
embedded into a SVM classifier [13]. The decision func-
tion of SVM for an input feature vector x = (x1, ..., xp) is:

D(x) = sgn {w · x + b} (1)

where (w1, . . . , wp) = w =
n∑

i=1
αiyixi , is the vector of

feature weights, xi is the feature vector and yi the class
(± 1) of the of the ith subject in the training set, and ai

is obtained from a quadratic programming optimization
algorithm with inputs {xi, yi} from the training set. The
magnitude, wi

2 of the ith component is employed to
rank the corresponding features in the input x. At each
iteration, the classifier (1) is built on the training set,
assigning a weight wi to gene i. Then one gene (or some
fixed proportion of genes) with the smallest weight is
removed, and the weights wi are re-calculated on the
smaller set of remaining genes. The final gene ranking is
constructed by placing initially eliminated genes at the
bottom of the list, and subsequently adding genes elimi-
nated later. Since the weight assigned to a gene depends
on all other genes in a given iteration, a gene is not
evaluated individually, but in relation to a group of
genes. Therefore, RFE is a multivariate backward search,
which is also a computationally intensive process as it
involves training a new classifier at each subsequent
subset of features.

We used the Spider package to perform RFE ranking
in combination with SVM. The parameters are set in so
that features are removed 10% at a time until there are
500 features left, after which a single feature is removed
at each iteration.
Top-scoring pairs (TSP)
The scoring algorithm for the k-TSP classifier is based
on relative gene expression ordering, as well as an
exhaustive pairwise search [16]. Let Rin denote the rank
of the ith gene in the nth sample, and consider the rank
matrix R = (Rij). Genes are evaluated in pairs, scored by
their differences in the probabilities P(Ri <Rj) between
class C1 and class C2, formally defined as the difference
of the following conditional probabilities:

�ij = |P(Ri < Rj|C1) − P(Ri < Rj|C2)|
Then Δij is used as a criterion to produce a ranking of

gene pairs, and a series of gene pairs is established,
determining the order in which they are to be subse-
quently evaluated.
As mentioned, the TSP feature ranking is a multivari-

ate approach, since genes are not evaluated individually,
but in pairs. Meanwhile, the selection of each pair
results from comparing it with all other possible pairs
involving neither of the given pair of genes. An obvious
advantage of this algorithm is that it is rank-based, so
that it is invariant to pre-processing such as scaling and
normalization. Notably, compared to some more com-
plex multivariate searches, TSP ranking is relatively sim-
ple and hence more computationally efficient.
We adopted the scoring algorithm of the Matlab version

of TSP and integrated it with the classification evaluation
framework implemented in a Matlab environment.

The machine learning and k-TSP classifiers
Support vector machine (SVM)
SVMs are powerful and elegant linear classifiers [18]
which have been highly successful in many applications.
Essentially, a SVM maps training data points {xi}n

i=1in an

input space ℝp to vectors j(xi) Î F, where F is a higher
dimensional feature space. Such a mapping is compactly
specified using a kernel matrix Kij = 〈φ(xi), φ(xj)〉 whose
entries are dot products of the images in F. The resulting
linear structure in F allows construction of a discrimina-
tion surface H: w · x +b = 0 (which is a hyperplane in the
variable j(x) in F) best separating the images of the two
classes in F, using a maximum margin criterion. Here w
is a vector perpendicular to H, and b determines the dis-
placement of H. This criterion determining w and b
involves choosing H in a way which minimizes the
weighted sum of misclassified points within a fixed mar-
gin (distance) d from H, done by solving a convex optimi-
zation problem. The result is a discriminant function D
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(x) = w · x + b, whose sign determines assignment of a
classification of x to class C1 or class C2.
Although SVM can be extended effectively to non-lin-

ear cases using nonlinear feature maps j and resulting
kernel matrices, we only consider linear version of SVM
in this study (so that j(x) = x).
Thus we used the linear kernel of SVM in the Spider

package, with trade-off parameter C = 1 for all analyses
K nearest neighbors (KNN)
KNN is a simple and fundamental nonparametric
method for classification [29], often a first choice when
there is little prior knowledge about the data. Our KNN
classifier is based on the Euclidean distance between a
test point x to be classified, and a set of training sam-
ples {xi}n

i=1 with known classification. The predicted
class of the test sample is assigned as the most frequent
true class among the k nearest training samples. As a
result, performance is more sensitive to noise in high
dimensional data, which can greatly influence the rela-
tive positions of sample points in space.
We used a linear kernel with KNN (which maintains the

linear geometry of the feature space F) in the Spider pack-
age in combination with various feature selection algo-
rithms. For this study the number of nearest neighbors is
set to k = 3.
K-TSP
The TSP classifier uses the one gene pair that achieves
the highest Δij score (see above), and makes a prediction
based on a simple rule for classes C1 and C2: given P(Ri

<Rj | C1) >P(Ri <Rj | C2), for a new sample x, if Ri, new

<Rj, new choose C1; and otherwise C2.
To make the classifier more stable and robust, Tan, et al.

introduced the k-TSP algorithm [17], which builds a classi-
fier using the k disjoint top-scoring pairs that yield the
best Δij scores. Each pair votes according to the rule
above, and the prediction is made according to an
unweighted majority voting procedure (hence k must be
an odd number). As for the parameter k, it is determined
by cross-validation as described by Tan [17]. Briefly, in the
case of LOOCV where there is only a training set available,
a double loop is used, with an outer loop for estimating
the generalization error, and an inner loop for estimating
k. When there is an independent test set, however, only a
single loop is used, and k is determined by the size of the
subset of pairs that achieves the lowest error rate in the
training set. We use the Perl version of k-TSP for compari-
son of its performance with other classifiers.

Evaluation of classification performance
To avoid the introduction of any bias, the training of the
classifier as well as the choice of the number of features
(genes) and selection of features is strictly done in the
training set, using either a dedicated training set when

there is an independent test set available, or a number
of training subsets separate from test sets in the case of
5-fold cross validation. During the training phase, stan-
dard leave-one-out cross validation (LOOCV) is used.
Specifically, each of the n samples is predicted by the
classifier trained on the remaining n-1 observations and
the classification error rate is estimated as the fraction
of the samples that are incorrectly classified. Thus as
the first step in the training stage, we classify each left
out sample at progressive levels of the ordered gene list
(e.g. first 5, first 10, etc.), generated by a feature ranking
algorithm from the remaining n-1 samples (note that for
each iteration the selection level, i.e., number of genes,
is fixed, though the features themselves vary as the left
out sample changes). We then compute the LOOCV
estimate at each gene selection level, and select the one
achieving the minimum LOOCV error rate as defining
the optimal size of a gene subset. Subsequently, the per-
formance of the classifier, built on the entire training set
using the optimized gene selection level, is evaluated on
a separate test set (either a dedicated set or a left-out
data subset) whose information has not been used in
training the classifier, yielding a test error rate.
In simulations, we generated independent training and

test sets in each experiment, and the performance esti-
mate was averaged over the test error rates of all of the
experiments. In real datasets, we made use of an inde-
pendent test set when it was available from the original
data, using a single test error rate as the estimate of per-
formance; otherwise we performed 5-fold cross-valida-
tion and averaged the results of test error rates from
two 5-fold experiments.
In all cases we used LOOCV for the training part, done

so that the one left-out sample was not included in the
feature selection procedure. Another often-used choice
would have been 10-fold cross-validation, as suggested by
a number of studies [19,23], due to less computational
cost and possibly lower variance than LOOCV.

Availability and requirements
Project name: k-TSP+SVM
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software/prediction/
Operating system(s): Window XP, Window 7
Programming language: Matlab
Other requirements: Spider MachineLearning Package
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License: free for academic use
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Additional file 1: Table for Figure 4. A table containing the simulation
results for Figure 4.

Shi et al. BMC Bioinformatics 2011, 12:375
http://www.biomedcentral.com/1471-2105/12/375

Page 14 of 15

http://math.bu.edu/people/sray/software/prediction/
http://math.bu.edu/people/sray/software/prediction/
http://www.biomedcentral.com/content/supplementary/1471-2105-12-375-S1.DOC


Acknowledgements
The authors thank Dr. AC Tan for advice and helpful discussions on the k-
TSP algorithm, as well as providing the Matlab version of k-TSP. This project
was partially supported by NIH grants 1R21CA13582-01 and 1R01GM080625-
01A1, and funding for the publication charge for this article was provided
by NIH grant 1R21CA13582-01 (M. Kon) and NSF grant ATM-0934739 (S. Ray).

Author details
1Harvard Medical School and Harvard Pilgrim Healthcare Institute, 133
Brookline Ave. Boston, MA 02215, USA. 2Department of Mathematics and
Statistics and Bioinformatics Program, Boston University, 111 Cummington
St., Boston, MA 02215, USA. 3Trilion Quality Systems, 500 Davis Drive, Suite
200, Plymouth meeting, PA 19462, USA.

Authors’ contributions
PS initiated the project, designed the study, carried out the analyses and
drafted the manuscript. MK and SR contributed to the experimental design.
SR developed the simulation code. QZ wrote the Matlab code and
implemented the integrated scheme with PS. MK contributed to the
interpretation of results and participated in drafting the manuscript. All
authors read and approved the final manuscript.

Received: 31 December 2010 Accepted: 23 September 2011
Published: 23 September 2011

References
1. Hanshall S: Tissue microarray. J Mammary Gland Biol Neoplasia 2003,

8(3):347-58.
2. Asyali MH, Colak D, Demirkaya O, Inan MS: Gene expression profile

classification: A Review. Current Bioinformatics 2006, I:55-73.
3. van ‘t Veer LJ, Dai H, van de Vijver MJ, He YD, Hart AA, Mao M, Peterse HL,

van der Kooy K, Marton MJ, Witteveen AT, Schreiber GJ, Kerkhoven RM,
Roberts C, Linsley PS, Bernards R, Friend SH: Gene expression profiling
predicts clinical outcome of breast cancer. Nature 2002, 415:530-536.

4. Beer DG, Kardia SLR, Huang CC, Giordano TJ, Levin AM, Misek DE, Lin L,
Chen G, Gharib TG, Thomas DG: Gene expression profile predicts survival
of patients with lung adenocarcinoma. Nature Medicine 2002, 8:816-824.

5. Pomeroy SL, Tamayo P, Gaasenbeek M, Sturla LM, Angelo M,
McLaughlin ME, Kim JY, Goumnerovak LC, Blackk PM, Lau C, Allen JC,
ZagzagI D, Olson JM, Curran T, Wetmore C, Biegel JA, Poggio T,
Mukherjee S, Rifkin R, Califanokk A, Stolovitzkykk G, Louis DN, Mesirov JP,
Lander ES, Golub TR: Prediction of central nervous system embryonal
tumour outcome base on gene expression. Nature 2002, 415:436-442.

6. Wang Y, Klijn JGM, Zhang Y, Sieuwerts AM, Look MP, Yang F, Talantov D,
Timmermans M, Meijer-van Gelder ME, Yu J, Jatkoe T, Berns EM, Atkins D,
Foekens JA: Gene-expression profiles to predict distant metastasis of
lymph-node-negative primary breast cancer. Lancet 2005, 365:671-79.

7. Saeys Y, Inza I, Larranaga P: A review of feature selection techniques in
bioinformatics. Bioinformatics 2007, 23(19):2507-2517.

8. Furey TS, Cristianini N, Duffy N, Bednarski DW, Schummer M, Haussler D:
Support vector machine classification and validation of cancer tissue
samples using microarray expression data. Bioinformatics 2000, 16:906-14.

9. Baldi P, Long A: A Bayesian framework for the analysis of microarray
expression data: regularized t-test and statistical inferences of gene
changes. Bioinformatics 2001, 17:509-516.

10. Kohavi R, John G: Wrappers for feature subset selection. Artificial
Intelligence 1997, 97:273-324, 12.

11. Blanco R, Larranaga P, Inza I, Sierra B: Gene selection for cancer
classification using wrapper approaches. Int J Pattern Recognit Artif Intell
2004, 18:1373-1390.

12. Inza I, Larrañaga P, Blanco R, Cerrolaza AJ: Filter versus wrapper gene
selection approaches in DNA microarray domains. Artif Intell Med 2004,
31:91-103.

13. Guyon I, Weston J, Barnhill S, Vapnik V: Gene selection for cancer
classification using support vector machines. Mach Learn 2002,
46:389-422.

14. Ma S, Huang J: Regularized ROC method for disease classification and
biomarker selection with microarray data. Bioinformatics 2005,
21:4356-4362.

15. Zhang X, Liu X, Shi Q, Xu XQ, Leung HE, Harris LN, Iglehart JD, Miron A,
Liu JS, Wong WH: Recursive SVM feature selection and sample

classification for mass-spectrometry and microarray data. BMC
Bioinformatics 2006, 7:197.

16. Geman D, d’Avignon C, Naiman DQ, Winslow RL: Classifying gene
expression profiles from pairwise mRNA comparisons. Stat Appl Geneti
Mol Biol 2004, 3:Article 19.

17. Tan AC, Naiman DQ, Xu L, Winslow RL, Geman D: Simple decision rules for
classifying human cancers from gene expression profiles. Bioinformatics
2005, 21(20):3896-3904.

18. Vapnik VN: Statistical Learning Theory Wiley, New York; 1998.
19. Statnikov A, Dosbayev Y, Aliferis CF, Tsamardinos I, Hardin D, Levy S: A

comprehensive evaluation of multicategorical classification methods in
microarray analysis. Bioinformatics 2005, 21(5):631-643.

20. Yoon S, Kim S: k-Top Scoring Pair Algorithm for feature selection in SVM
with applications to microarray data classification. Soft Comput 2010,
14:151-159.

21. Wang Y, Makedon FS, Ford JC, Pearlman J: HykGene: a hybrid approach
for selecting marker genes for phenotype classification using microarray
gene expression data. Bioinformatics 2005, 21(8):1530-1537.

22. Vinaya V, Bulsara N, Gadgil CJ, Gadgil M: Comparison of feature selection
and classification combinations for cancer classification using microarray
data. Int J Bioinform Res Appl 2009, 5(4):417-31.

23. Lai C, Reinders MJ, van’t Veer LJ, Wessels LFA: A comparison of univariate
and multivariate gene selection techniques for classification of cancer
datasets. BMC Bioinformatics 2006, 7:235.

24. Jin J: Impossibility of successful classification when useful features are
rare and weak. PNAS 2009, 106(22):8859-8864.

25. Saxena V, Orgill D, Kohane I: Absolute enrichment: gene set enrichment
analysis for homeostatic systems. Nucleic Acids Research 2006, 34(22).

26. Golub TR, Slonim DK, Tamayo P, Huard C, Gassenbeek M, Mesirov JP,
Coller H, Loh ML, Downing JR, Caligiuri MA, Bloomfield CD, Lander ES:
Molecular classification of cancer: class discovery and class prediction by
gene expression monitoring. Science 1999, 286:531-537.

27. Bishop C: Neural networks for pattern recognition Oxford University Press
New York; 1995.

28. Weston J, Elisseeff A, BakIr G, Sinz F: Spider-MachineLearning Package 2006
[http://www.kyb.tuebingen.mpg.de/bs/people/spider/index.html].

29. Cover TM, Hart PE: Nearest neighbor pattern classification. IEEE
Transactions on Information Theory 1967, 13(1):21-27.

doi:10.1186/1471-2105-12-375
Cite this article as: Shi et al.: Top scoring pairs for feature selection in
machine learning and applications to cancer outcome prediction. BMC
Bioinformatics 2011 12:375.

Submit your next manuscript to BioMed Central
and take full advantage of: 

• Convenient online submission

• Thorough peer review

• No space constraints or color figure charges

• Immediate publication on acceptance

• Inclusion in PubMed, CAS, Scopus and Google Scholar

• Research which is freely available for redistribution

Submit your manuscript at 
www.biomedcentral.com/submit

Shi et al. BMC Bioinformatics 2011, 12:375
http://www.biomedcentral.com/1471-2105/12/375

Page 15 of 15

http://www.ncbi.nlm.nih.gov/pubmed/14973378?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11823860?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11823860?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/12118244?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/12118244?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11807556?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11807556?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15721472?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15721472?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/17720704?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/17720704?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11120680?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11120680?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11395427?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11395427?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/11395427?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15219288?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15219288?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16234316?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16234316?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16606446?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16606446?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16105897?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16105897?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15374862?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15374862?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15374862?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15585531?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15585531?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/15585531?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/19640829?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/19640829?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/19640829?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16670007?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16670007?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/16670007?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/19447927?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/19447927?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/10521349?dopt=Abstract
http://www.ncbi.nlm.nih.gov/pubmed/10521349?dopt=Abstract
http://www.kyb.tuebingen.mpg.de/bs/people/spider/index.html

	Abstract
	Background
	Results
	Conclusions

	Background
	Results
	Simulated datasets
	Simulation process
	Comparison of TSP with Fisher and RFE as feature selection methods
	Comparison of k-TSP+SVM with k-TSP and SVM
	The effect of sample size in training data

	Real datasets
	Cancer prognostic datasets
	Application to cancer prognostic datasets


	Discussion
	Conclusion
	Methods
	Feature Selection Methods
	Fisher criterion (Fisher)
	Recursive feature elimination (RFE)
	Top-scoring pairs (TSP)

	The machine learning and k-TSP classifiers
	Support vector machine (SVM)
	K nearest neighbors (KNN)
	K-TSP

	Evaluation of classification performance
	Availability and requirements

	Acknowledgements
	Author details
	Authors' contributions
	References


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles true
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Gray Gamma 2.2)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Off
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails true
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams false
  /MaxSubsetPct 100
  /Optimize true
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage true
  /PreserveDICMYKValues true
  /PreserveEPSInfo true
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Apply
  /UCRandBGInfo /Preserve
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 300
  /ColorImageMinResolutionPolicy /Warning
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 500
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 300
  /GrayImageMinResolutionPolicy /Warning
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 500
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.76
    /HSamples [2 1 1 2] /VSamples [2 1 1 2]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 15
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 1200
  /MonoImageMinResolutionPolicy /Warning
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e55464e1a65876863768467e5770b548c62535370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc666e901a554652d965874ef6768467e5770b548c52175370300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA (Utilizzare queste impostazioni per creare documenti Adobe PDF adatti per visualizzare e stampare documenti aziendali in modo affidabile. I documenti PDF creati possono essere aperti con Acrobat e Adobe Reader 5.0 e versioni successive.)
    /JPN <>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020be44c988b2c8c2a40020bb38c11cb97c0020c548c815c801c73cb85c0020bcf4ace00020c778c1c4d558b2940020b3700020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken waarmee zakelijke documenten betrouwbaar kunnen worden weergegeven en afgedrukt. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents suitable for reliable viewing and printing of business documents.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


