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ABSTRACT
Understanding unidirectional and topological wave phenomena requires the unveiling of intrinsic geometry
and symmetry for wave dynamics.This is essential yet challenging for the flexible control of near-field
evanescent waves, highly desirable in broad practical scenarios ranging from information communication to
energy radiation. However, exploitations of near-field waves are limited by a lack of fundamental
understanding about inherent near-field symmetry and directional coupling at sub-wavelengths, especially
for longitudinal waves. Here, based on the acoustic wave platform, we show the efficient selective couplings
enabled by near-field symmetry properties. Based on the inherent symmetry properties of three
geometrically orthogonal vectors in near-field acoustics, we successfully realize acoustic Janus, Huygens,
spin sources and quadrupole hybrid sources, respectively. Moreover, we experimentally demonstrate fertile
symmetry selective directionality of those evanescent modes, supported by two opposite meta-surfaces.The
symmetry properties of the near-field acoustic spin angular momenta are revealed by directly measuring
local vectorial fields. Our findings advance the understanding of symmetries in near-field physics, supply
feasible approaches for directional couplings, and pave the way for promising acoustic devices in the future.
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INTRODUCTION
The near-field waves are confined in the close re-
gion around objects, that is scatters, sources and
waveguides, which usually decay exponentially with
distance from objects [1]. Owing to their highly
spatial confinement and intensive energy density,
the near-field waves have been widely exploited in
efficient communication [2,3] and wireless energy
transfer [4–6]. Among these practical applications,
one of themain goals is to achieve the selective direc-
tional coupling [7]. However, the near-field based
selective coupling is often difficult to realize because
it does not have directional properties like the far-
field propagating wave. For example, one can eas-
ily select the far-field wave receiver by pointing the
source to it directly or exploiting the meta-surface
to introduce extra phase gradients to the propaga-
tion phase [8–11]. In contrast, the selective direc-
tional couplings of near fields have so far been highly
based on the chiral incident waves [12] and the res-
onant anisotropic structures [13–17], which are re-
stricted to optical wave systems of divergence-free

transverse nature. Several selective-coupling pro-
posals about unidirectional particle scatterings on
planar interfaces have been also discussed [1,18,19],
which just reflect the functions of spin-orbit cou-
pling [20,21] and quantum spin Hall effect [22] for
optical surface evanescent modes. Near-field geo-
metrical relations are also drawing much attention
recently [23] and some transverse electromagnetic
excitation sources of selective directionality are pro-
posed in optics [24], which are highly dependent on
the electric and magnetic component matching.

Along with the transverse wave, the curl-free lon-
gitudinal wave as the other fundamental compo-
nent in wave families also plays an indispensable
role in many engineering applications or practical
scenarios, i.e. acoustic wave, compression elastic
wave and P-type seismic wave. Yet, the exploitations
of near-field longitudinal waves are severely lim-
ited by a lack of fundamental understanding about
symmetry essences. And some geometrical and dy-
namic properties about longitudinal waves are usu-
ally overlooked, for example the acoustic spin an-
gular momentum, which was not considered until
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recently [25–27]. Therefore, despite many optical
near-field research works [23,24,28], mapping the
near-field research from electromagnetics to acous-
tics is not a transparent and trivial task.

It is worth emphasizing the many fundamen-
tal differences between acoustics and optics:
(1) A longitudinal acoustic wave has different
physical origin, dynamic equation and geometrical
properties from a transverse optical wave. The
acoustic wave originates from the regular collec-
tive motions of molecules, satisfies the dynamic
equation based on Newtonian mechanics, and
has a geometrical curl-free nature. In contrast, the
optical wave is described by relativistic Maxwell
equations, composed of the synchronized oscil-
lated electric and magnetic fields, of a geometrical
divergence-free nature. (2) Basic properties of
source elements are totally different. There is a
monopole for acoustics, but, generally, this does not
hold for optics. Besides, unlike acoustics, there are
two dual types of multipoles in optics: the electric
and magnetic multipoles. (3) There is NO optical
magnetic vector field counterpart in acoustics.
As such, some necessary requirements of electric
and magnetic fields in optical sources [24,28]
cannot be simply mapped into acoustics. Thus,
the acoustical near-field sources must be achieved
without the help of magnetic fields. (4) The idea
for near-field acoustic sources will reversely provide
more insights on pure electric (magnetic-free)
near-field optical sources, to surmount the difficulty
of manipulating magnetic fields because of the
usually weak magnetic responses of optical media.
All of these differences reflect the fact that the
near-field research in longitudinal acoustic waves is
a meaningful research field to explore, not a simple
extension of related optical works, and will even
provide new insight for other near-field waves.

In this paper, based on the acoustic wave
platform, we unveil the inherent symmetry and geo-
metric properties of near-fieldwaves experimentally.
Based on symmetry analysis, it is possible to achieve
selective near-field longitudinal wave coupling.
The near-field acoustics can be universally associ-
ated with three geometrically orthogonal physical
vectors: time-average energy flow (Poynting vec-
tor), reactive power and spin angular momentum
(SAM) [25–27], even for longitudinal waves of a
curl-free nature. Based on their symmetry properties
and geometrical orthogonal conditions, we realize
highly selective near-field couplings for the acoustic
‘plasmonics’: Janus source, Huygens source, and
spin source. By exploiting two opposite comb-like
meta-surfaces that support four different evanescent
modes, we experimentally demonstrate the rich
near-field symmetries by selectively exciting differ-

entmodebranchpairs.Moreover, theSAMdensities
of the near-field acoustics have been fully discussed
and verified experimentally in terms of odd/even
symmetry properties. Based on verified symmetry
discussions, a quadrupole hybrid source is pro-
posed, which can achieve one-side uni-directional
excitations out of four branches. Our work provides
a new opportunity to achieve symmetry selective
directionality of near-field modes, regardless of the
transverse or longitudinal wave systems.

RESULTS
Considering the common harmonic near-field
acoustic wave form, v ∝ e i kx−τ y e−iωt and its
longitudinal nature ∇ × v = 0, one can obtain
the polarized velocity state of near-field acoustics
as v = v0(1, i τ

k , 0)e
i kx−τ y , where v0 is the am-

plitude of acoustic velocity field, τ is the decay
rate of the evanescent wave in y direction, and ω

is the frequency. To describe the dynamic fea-
tures of near-fields, we can exploit three vectorial
quantities [23,24]: time-averaged energy flow
(Poynting vector) J = 1

2Re[p
∗v], reactive power

R = 1
2 Im[p∗v] and acoustic SAMdensity [25–27]

s = ρ0
2ω Im[v∗ × v] (see Supplementary data),

shown in Fig. 1(a), where ρ0 is the mass density
and p is the pressure field. Considering their parity
( P̂ : r → −r ), time-reversal (T̂ : t → −t) and
parity-time ( P̂ T̂ : r → −r , t → −t) transforma-
tions, respectively, one can obtain that:

P̂J P̂ −1 = −J , P̂R P̂ −1 = −R, P̂ s P̂ −1 = s

T̂J T̂−1 = −J , T̂RT̂−1 = R, T̂ s T̂−1 = −s

P̂ T̂J ( P̂ T̂)−1 = J , P̂ T̂R( P̂ T̂)−1 = −R
P̂ T̂ s( P̂ T̂)−1 = −s . (1)

We can see that these quantities have different
symmetry properties from their inherent geometri-
cal properties, as shown in Fig. 1(b). Clearly, the
Poynting vector J , the reactive power R, and the
SAM s , are individually invariant under parity-time
( P̂ T̂), time-reversal (T̂) and parity ( P̂ ) transfor-
mations, respectively. Owing to the inherent ge-
ometry and symmetry of these vectorial quanti-
ties, the near-field acoustic modes carry their sym-
metry properties as well, as shown in Fig. 1(c),
where the waveguide evanescent waves are taken
as examples. Based on the same symmetry analy-
sis, we can obtain that P̂ v4 P̂ −1 = v1, T̂v4T̂−1 =
v3, P̂ T̂v4( P̂ T̂)−1 = v2 where vi is the acous-
tic field profile for the i-th branch. From these
symmetries, we can see that the mode pair v4 +
v1 has the P̂ -symmetry with invariant SAM s ,
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Figure 1. Geometry and symmetry properties of near-field waves. (a) The evanescent wave can be supported on the interface
between conducting (air in the acoustic case) and insulating media (gray block). The pressure field of surface wave is plotted
as the rainbow color wave and its velocity field is represented as the red arrow. There are three vector physical quantities
describing the near-field properties: time-average energy flow J , reactive power R and acoustic SAM density s . (b) The
three orthogonal vector quantities : J (yellow), R (blue), and s (green) have different symmetries under the P̂ T̂ , T̂ , P̂
transformation. J is P̂ -antisymmetric, T̂ -antisymmetric, yet P̂ T̂ -symmetric; R is P̂ -antisymmetric, yet T̂ -symmetric; s is
P̂ -symmetric, yet T̂ -antisymmetric. The space mirror operation r → −r and −r → r will correspond to P̂ operation, the
time mirror operation t→ −t and −t→ t will correspond to T̂ operation. (c) Four evanescent wave modes on the interface
have been exploited to demonstrate the symmetry properties in the near fields. The selective couplings between the acoustic
source and these near field modes reflect the intrinsic symmetric characteristics and geometrical orthogonality. We can see
that P̂ v4P̂ −1 = v1, T̂ v4T̂ −1 = v3, P̂ T̂ v4(P̂ T̂ )−1 = v2 where vi is the acoustic field profile for the i-th branch. Clearly, the
mode pair v4 + v1 has the P̂ -symmetry with invariant SAM s , the mode pair v4 + v3 has the T̂ -symmetry with invariant
reactive power R, and the mode pair v4 + v2 has the P̂ T̂ -symmetry with invariant Poynting vector J . It is worth noting
that although exemplified in acoustics of longitudinal nature, the geometry and symmetry discussed here are universal for
general waves.

P̂ (v1 + v4) P̂ −1 = v1 + v4; the mode pair v4 +
v3 has the T̂ -symmetry with invariant reactive
power R, T̂(v3 + v4)T̂−1 = v3 + v4; the mode
pair v4 + v2 has the P̂ T̂ -symmetry with invari-
ant Poynting vector J , P̂ T̂(v2 + v4)( P̂ T̂)−1 =
v2 + v4. One of the key points of our work is to
achieve selective directional couplings of the evanes-
centmodes basedon their vector geometry and sym-
metry relations.

According to the acoustic radiation theory [29],
acoustic sources may be regarded as the superposi-
tion of acoustic monopole, dipole and quadrupole,
represented in a general form as:

Q s = αM + β · D + γ : T, (2)

where Q s represents the wave vector of acous-
tic source; M, D and T denote the acoustic
monopole, dipole and quadrupole; α, β and γ are
the corresponding constant, vector and matrix co-
efficients, respectively. Acoustic monopole, dipole
andquadrupole arewell-known sources that are usu-
ally exploited to excite fertile acoustic far-field wave
modes [29]. For example, monopole excites far-
fields equally for all directions, dipolewill not radiate
equally andmake sound cancel in some regions, and
quadrupole has a clover-leaf like radiation pattern.
These complex far-field radiation behaviours can be
understood well by their inner geometry and sym-

metry properties, yet the near-field interference be-
haviors of their super-positions have little been dis-
cussed.

Concretely,we introduce threenear-field sources
based on the geometry and symmetry properties of
the near-field acoustics: (i) Acoustic Janus source:

Q Janus = M ± Dy , (3)

which can be constructed by in-phase combination
of acoustic monopole and dipole. This composite
source can radiate symmetric far-fieldwaves, butwill
selectively couple with only single-side near-field
modes leaving the opposite side uncoupled. This
near-field Janus source is associatedwith the reactive
powerR, whose P̂ -antisymmetry and T̂ -symmetry
properties are the physical reasons for ‘two face’
properties of acoustic Janus source similar to the op-
tical version [24]. (ii) Acoustic Huygens source:

QHuygens = M ± i Dx , (4)

which is theπ/2 out of phase combination of acous-
tic monopole and dipole. It can be associated with
the time-averaged Poynting energy flow J of P̂ T̂ -
symmetry and induce the far-field wave in a given di-
rection (more details in Supplementary data), which
is still valid for near-field directional couplings. (iii)
Acoustic spin source:

Q spin = Dx ± i Dy , (5)
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Figure 2. Symmetry properties by Janus, Huygens and spin sources. (a) The source is placed on the center between two effective media: ρeff =
−1.5 kg/m2, ceff = 500 m/s. The gap between two media is 10 cm. (b) The dispersion of surface evanescent waves. The excitation frequency is f =
2 kHz. (c) The symmetry properties of these three acoustic sources. P̂ M P̂ −1 = M , T̂ MT̂ −1 = M , P̂ DP̂ −1 = −D , T̂ DT̂ −1 = D , T̂ iT̂ −1 = −i .
T̂ Q JanusT̂ −1 = Q Janus, P̂ T̂ QHuygens(P̂ T̂ )−1 = QHuygens, P̂ QSpinP̂ −1 = eiπ QSpin. It should bementioned that the extra phase θ ∈ [0, 2π ] for the sources
will not change their excitation behaviours, namely ei θ Q s will be the same as Q s . The physical quantities Jx ,Ry and sz have been plotted for these
sources: Janus source (d), Huygens source (e), spin source (f). We plot these value distributions in the air region.

which can be associated with non-zero SAMdensity
s �= 0 that is of T̂ -antisymmetry and P̂ -symmetry
properties. The transverse SAM of the near field
acoustics is induced by their circularly polarized ve-
locity fields, only recently revealed for longitudinal
waves [25–27].

Based on the near-field modes depicted in Fig. 1,
we calculate the pressure field of excited acoustic
evanescentwaves to show the symmetry-selected di-
rectionality in Fig. 2. We place above three sources
into the central air sandwiched between two media,
as shown in Fig. 2(a).Themedium here is an acous-
tic meta-material with effective negative mass den-
sity and effective phase velocity, which can support
surface evanescentwavemodes on the interfacewith
air [30] [see Fig. 2(b)]. The symmetry properties
of the three sources are summarized in Fig. 2(c).
We have calculated the J ,R and s for these three
sources, as shown in Fig. 2(d-f). From the results,
we can see that Janus, Huygens and spin sources
will excite the modes with the same R, J and s ,
respectively.

Besides the symmetry-based analysis, the direc-
tional properties can also be described by calculating
the coupling coefficient C for surface wave modes,
following the similar spirit of Fermi golden rule. We
introduce thedescription vector of the acousticwave
fieldF = (vx , vy , vz,− i

ρ0v0
p) and the source vec-

tor E = (βx , βy , βz, α). According to the Fermi

golden rule, the coupling coefficient C can be de-
scribed as: C ∼ F∗ · E . For the Janus source, its
coupling strength is |C|2 ∼ (k0 ∓ τ)2 with k0 =
ω/c0, which is strongly associated with the decay
rate τ of the evanescent wave from the T̂ -symmetry
of R. For the Huygens source, |C|2 ∼ (k0 ±
k)2, which reflects the relation between the cou-
pling and energy flow from the P̂ T̂ -symmetry ofJ .
For the spin source, |C |2 ∼ (1 ± τ

k )
2 ∝ (1 ± 1

k2 s ·
e z)2 is associated with the acoustic SAM density s ,
which reflects the spin-momentum locking and the
P̂ -symmetry of s (see Method ‘The coupling the-
ory of acoustic sources’, and ‘Acoustic spin angular
momentum’).

To realize these sources in experiments, we ex-
ploit five speakers placed in a cross bending shape
and excite them with specific amplitude and phase
settings {φ i}, as shown in Fig. 3(a), which will
be functional to achieve arbitrary combinations of
acoustic monopole and dipole at sub-wavelength
scale (see Method ‘Experimental proposal for ar-
bitrary acoustic sources’). The amplitude of effec-
tive monopole and dipoles are related to the con-
crete geometrical settings of the speaker array. The
excitation schemes for these monopoles to induce
the target sources are shown in the inset of fig-
ures in Fig. 3. For example, i means the normal-
ized amplitude withπ/2 phase delay,−1means the
normalized amplitude with π phase delay and the



1028 Natl Sci Rev, 2020, Vol. 7, No. 6 RESEARCH ARTICLE

≫

e f gJanus source Huygens source Spin source

0

1
-1

1

-1
1
1 1 i-i

-ii 1
1

-1

i-i

-ii
1

-1

Media

Air

Media

Media

Air

Media

Media

Air

Media

Media

Air

Media

Media

Air

Media

Media

Air

Media

b c dJanus source Huygens source Spin source

−

1
-1

1

-1
1
1 1 i-i

-ii 1
1

-1

i-i

-ii
1

-1

a

+

− −

+

−

+

−

+

−

+

−

+

Figure 3. Experimental proposal of Janus, Huygens and spin sources. (a) Five acoustic speakers (monopole) can be exploited
to achieve these acoustic sources. The insets in plots (b-g) describe the corresponding strength and phase of these speakers.
The radiative far-field behaviours: (b) Janus source, (c) Huygens source, (d) spin source. The pressure fields have been plotted.
The near-field excitation behaviours (same materials in Fig. 2): (e) Janus source, (f) Huygens source, (g) spin source. The
pressure field amplitudes have been plotted. Here, d= 1 cm, and the frequency f= 2 kHz.

speakers that are not used can be regarded as the
zero amplitude (not shown in the insets). The far-
field radiation modes of these sources are shown in
Fig. 3(b-d). In Fig. 3(e), we can see that the Janus
source is achieved to selectively couple to a sin-
gle side surface mode. The phenomenon originates
from side-dependent topologically protected cou-
pling of Janus source [24].This selective coupling as-
sociated with the reactive power R is based on its
T̂ -symmetry and P̂ -antisymmetry, which can dis-
tinguish the branch pairs {v1, v2} and {v3, v4}.
Different from ‘two face’ properties of Janus source,
the acoustic Huygens source, as shown in Fig. 3(f),
can excite uni-directional surface modes because of
the directional transport character of energy flowJ .
Huygens source can achieve the non-symmetric ex-
citation along a single propagation direction, which
reflects the P̂ T̂ symmetry that can distinguish the
branch pairs {v1, v3} and {v2, v4}.The acoustic spin

source, as shown in Fig. 3(g), will couple to the
near-field modes in diagonal-paired directions. The
selected couplings of the spin source result from
‘spin-momentum locking’ in longitudinal waves (see
Method ‘Acoustic spin angular momentum’), which
are universal for evanescent modes and reminiscent
of the quantum spinHall effect (QSHE) [22,23,26],
independent of the transverse or longitudinal na-
ture. This spin-momentum locking relationship re-
flects the P̂ -symmetry and T̂ -antisymmetry of the
near-field acoustic SAM, which can distinguish the
branch pairs {v1, v4} and {v2, v3}.

Now, we implement the experiments to ver-
ify the symmetry-selected directional near-field
excitations, as shown in Fig. 4. The detection
areas for the pressure field (blue dashed rect-
angle) are shown in Fig. 4(b). To support the
near-field waveguide evanescent wave, comb-like
structures (fabricated by metal aluminum) as
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Figure 4. Experimental observations of the selective couplings of acoustic Janus, Huygens and spin sources. (a) Snapshot of
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supports fertile surface near-field acoustic wave modes. The numerical simulations and experimental results are shown,
respectively: (d) Janus source, (e) Huygens source and (f) spin source. The experimental frequency is f = 2660 Hz. (More
experimental details in Supplementary data.)

shown in Fig. 4(c), were used because of their
acoustic resonant structures [11,26,31–37].
For the Janus source Q Janus = M − Dy
formed by the field {φ0 = 1, φ1 = φ3 = 0,
φ4 = −φ2 = 1} shown in Fig. 4(d), it will
excite two branches of near-field acoustics sat-
isfying T̂ -symmetry. For the Huygens source
QHuygens = M − i Dx formed by the field {φ0 = 1,
φ1 = −φ3 = −i, φ4 = φ2 = 0} shown in Fig. 4(e),
it will excite two branches satisfying P̂ T̂ -symmetry.
For the spin source Q spin = Dx − i Dy formed by
the field {φ0 = 0, φ1 = −φ3 = −i, φ2 = −φ4 = 1}
shown in Fig. 4(f), it will excite two paired branches
satisfying P̂ -symmetry.The experimental results are
in good agreement with the theoretical analysis and
numerical simulations. Because of the intrinsic ther-
moacoustic damping in actual experiments [38–40],
observed surface waves will suffer from attenuations
and have complex wave vectors. The amplitude of
attenuations is related to the resonant strength of
meta-structures [38–40]. Nevertheless, these selec-
tive excitation phenomena of our designed sources
are still clearly observed, despite these loss effects.

In addition to the observation of these direc-
tional phenomena, we measure the SAM density

in the near-field acoustics and verify the sym-
metry properties experimentally. We couple the
different sources of specific symmetries to the
near-field modes with selected directionality. By
exploiting the acoustic velocity sensor, we directly
measure the amplitude and phase of the acoustic
velocity field vx/vy of the area shown in Fig. 5(a)
and observe the circularly polarized velocity
fields. Based on the definition of the SAM density
s = ρ0

2ω Im[v∗ × v], one can obtain the SAM
density distribution. According to the results in
Fig. 5(b–d), we can conclude that: the opposite
SAM densities s for Janus source in different areas
L\R reflect that acoustic SAM is T̂ -antisymmetric;
the opposite s profiles for Huygens source exci-
tations mean that the SAM is P̂ T̂ -antisymmetric;
and the same s profiles for spin source excitations
represent that the SAM is P̂ -symmetric. Moreover,
we can see that the SAM is strongly associated with
its momentum for the two T̂ -symmetric branches:
the case of the Janus source in Fig. 5(b), which
is also the experimental evidence for acoustic
spin-momentum locking.

One more directional coupling case is to selec-
tively couple the uni-directional one-side surface
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wave out of four branches. Symmetry breaking of
all of them P̂ , T̂, P̂ T̂ could result in this effect
and to achieve this goal, we need to take the acous-
tic quadrupole into account. Because the linear
combinations of acoustic monopole and dipole for
a point source can be rewritten as linear combina-
tions of Janus, Huygens and spin sources, namely

Q s = c 1 Q Janus + c 2 QHuygens + c 3 QSpin, where
ci is the arbitary constant, and there is not such
a combination {ci} that will result in excitations
of uni-directional one-side surface wave out of
four branches. The quadruple-related geometrical
symmetry and topological characteristics have
been explored and discussed in recent research
works [41,42]. One can therefore realize one-side
uni-directional excitation mainly based on spin-
momentum locking and near-field interference
between the spin source and quadruple one. This
quadruple hybrid source will correspond to more
complex geometrical conditions and the four
different evanescent wave profiles in Fig. 1(b)
will become distinguishable so as to be coupled
independently (see Supplementary data).

Similar selective-directionality phenomena can
be found in related optical works [24,28] and these
similarities in near-fields are a consequence of the
fundamental wave symmetry. We note that mag-
netic dipoles are still core components in these op-
tical source realizations [24,28]. However, it should
be mentioned that one can achieve alternative opti-
cal near-field sources without introducing magnetic
dipoles. These near-field phenomena can be excited
using only all electric dipoles or other flexible elec-
tric approaches with symmetry features, just follow-
ing the design scheme we proposed in Fig. 3.

CONCLUSION
To summarize, we have unveiled the inherent sym-
metry and geometric properties in near-field waves
based on the acoustic wave platform. We have ex-
perimentally achieved efficient selective near-field
wave coupling via acoustic Janus, Huygens and spin
sources. The general physics behind these direc-
tional near-field couplings is based on their inher-
ent geometry and symmetry-related mechanisms,
not restricted to the special transverse wave sys-
tem [23,24]. Our work could guide the direc-
tional design of promising applications of general
near-field waves, especially for efficient coupling
of wave energy transport, selective functions of
acoustic/phononics devices, and new kinds of novel
near-field sources. The symmetry-based source de-
sign approach could be generalized into other wave
research fields, for example quantumoptics [43] and
elastic waves [25].

METHODS
The coupling theory of acoustic sources
In this section,wewill showhowtocalculate the cou-
pling strength C. The acoustic wave equation can be
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described as using the following equations:

∇ p + ρ0
∂

∂t
v = 0

∇ · v + 1
ρ0c 2

∂

∂t
p = 0, (6)

where p is the pressure, ρ0 is mass density, c is the
acoustic speed, and v is the velocity. To unveil the
far-field radiations and near-field couplings of acous-
tic sources, the acoustic wave equation can be writ-
ten in the following form:

∇2v − 1
c 2

∂2

∂t2
v = −Qv

∇2 p − 1
c 2

∂2

∂t2
p = −Q p , (7)

where the pressure p and velocity v satisfy the
relation ∇ · v + 1

ρ0c 2
∂
∂t p = 0, which has a similar

form to the Lorentz gauge for electromagnetic wave.
Eq. (7) has the same forms as D’Alembert’s equa-
tions, which describe the radiation and excitation of
electromagnetic waves.The terms {Qv, Q p} are the
acoustic sources.

Introducing the source vector E = (Qvx ,

Qvy , Qvz, Q p) and thewavedescriptor vectorF =
(vx , vy , vz,− i

ρ0c
p), we can thus calculate the cou-

pling coefficientC based on the Fermi golden rule:

C ∼ F∗ · E = v∗
x Qvx + v∗

y Qvy

+ v∗
z Qvz + i

ρ0c
p∗Q p . (8)

The |C|2 will unveil the strength of coupling and
predict the radiation patterns and couplings of
sources. The source Q s = αM + β · D will result
in the source vector:

E = (βx , βy , βz, α). (9)

For the cases in Fig. 1, their pressure fields and
velocity fields have evanescent forms as:

p = p0e i (kx−ωt)−τ y

v = p0
ρ0ω

⎛
⎝ k
i τ
0

⎞
⎠ e i (kx−ωt)−τ y . (10)

And thus, their corresponding wave descriptor
vector can be written as:

F = p0
(

k
ρ0ω

,
i τ

ρ0ω
, 0,− i

ρ0c

)

= p0
ρ0ω

(k, i τ, 0,−i k0)

∼ (k, i τ, 0,−i k0), (11)

where k0 = ω
c .

Janus source has the form M ± Dy, so its near-
field coupling coefficient can be calculated as:

C ∼ F∗ · E
= (k, i τ, 0,−i k0)∗ · (0,±1, 0, 1)

= i (k0 ∓ τ), (12)

where |C|2 ∼ |i(k0 ∓ τ)|2 = (k0 ∓ τ)2.
Huygens source has the form M ± iDx, so its

near-field coupling coefficient can be calculated as:

C ∼ F∗ · E
= (k, i τ, 0,−i k0)∗ · (±i, 0, 0, 1)

= i (k0 ± k), (13)

where |C|2 ∼ |i(k0 ± k)|2 = (k0 ± k)2.
Spin source has the form Dx ± iDy, so its near-

field coupling coefficient can be calculated as:

C ∼ F∗ · E
= (k, i τ, 0, i k0)∗ · (1,±i, 0, 0)

= k ± τ, (14)

where |C|2 ∼ |k± τ |2 = (k± τ)2.
Thus the near-field couplings of these sources can

be written as:

|C Janus|2 ∼ (k0 ∓ τ)2

|CHuygens|2 ∼ (k0 ± k)2

|CSpin|2 ∼ (k ± τ)2 = k2
(
1 ± τ

k

)2
.

(15)

From the result, we can see that the Janus source ex-
cites the evanescent wave based on the decay rate
τ , which reflects the reactive power ∝ Im[pv∗].
The Huygens source excites the evanescent wave
based on the wave vector k, which is associated with
the time-averaged energy flow∝ Re[pv∗].The spin
source excites the evanescent wave based on the ra-
tio τ/k, which can be described by acoustic SAM
density s ∝ Im[v∗ × v]. Moreover from these cal-
culated results, we can see that the near-field cou-
plings of sources could be totally different from their
far-field patterns (see Supplementary data).

Acoustic spin angular momentum
In this section, we provide details on the spin angu-
larmomentumof near-field acoustics. For the acous-
tic wave, the acoustic momentum can be described
by the time average Poynting momentum vector
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P = 1
2c 2 Re[p

∗v], which can be called the momen-
tum density of acoustic wave. It is well known that
the momentum density P can be expressed as the
expectation value of momentum density operator
p̂ in quantum mechanics. For harmonic acoustic
wave v(r , t) = v(r )e−iωt , the momentum density
P can be written as:

P = 1
2c 2

Re
[
iρ0c 2

ω
(∇ · v∗)v

]

= ρ0

2ω
Im [(∇ · v)v∗] , (16)

with the relation p = − iρ0c 2
ω

∇ · v, ρ0 is the mass
density. With mathematical expansion Im[(∇ ·
v)v∗] = Im[v∗ · (∇)v] + 1

2 Im[∇ × (v∗ × v)],
the momentum density P can be regarded as the
combination of two parts with different physical
meanings P = Po + P s , where Po and P s

are orbital and spin momentum density, respec-
tively [22,25,26,44]. For acoustic waves, these two
terms will have the following forms:

Po = ρ0

2ω
Im[v∗ · (∇)v]

P s = ρ0

4ω
∇ × Im[v∗ × v]. (17)

The spin momentum density of acoustic waves can
be regarded as the curl of spin angular momentum
density, P s = 1

2∇ × s [45]. The spin angular mo-
mentum density s for acoustics will be [25–27]:

s = ρ0

2ω
Im[v∗ × v]. (18)

Alternatively, the time-averaged acoustic angular
momentum AM can be separated as:

AM =
∫

〈r × ρv〉t dr 3

= ρ0

2ω

∫
r × Im[(∇ · v)v∗]dr 3

= ρ0

2ω

∫
r ×

(
Im[v∗ · (∇)v]

+ 1
2
∇ × Im[v∗ × v]

)
dr 3

= ρ0

2ω

∫
r × Re[v∗ · (−i∇)v]dr 3

+ ρ0

2ω

∫
Im[v∗ × v]dr 3

= L + S , (19)

where r is the position vector, 〈·〉t is the time-
averaged operation, and the mass continuum con-
dition ∂tρ + ρ0(∇ · v) = 0 has been used. S =∫
sdr 3 is the SAM, with density s = ρ0

2ω Im[v∗ × v].
L = ∫

ldr 3 is theOAMwith density l = ρ0
2ωRe[v

∗ ·
(−ir × ∇)v] = r × Po .

Introducing the state vector about acoustic field,
|v〉 =

√
ρ0
2ω (vx , vy , vz)T , one can represent the

spin angular momentum density in concrete and
clear quantum form:

s = 〈v|Ŝ |v〉, (20)

where v∗ · (Ŝ)v = Im[v∗ × v] is the spin angular
momentum density operator. The spin angular mo-
mentum density of acoustic wave can be described
by taking the following spin-1 operator on state vec-
tor |v〉:

Ŝx =
⎛
⎝ 0 0 0
0 0 −i
0 i 0

⎞
⎠, Ŝy =

⎛
⎝ 0 0 i

0 0 0
−i 0 0

⎞
⎠,

Ŝz =
⎛
⎝ 0 −i 0
i 0 0
0 0 0

⎞
⎠, (21)

where 〈v|Ŝ |v〉 ∝ Im[v∗ × v]. The spin operator Ŝ
satisfies the fundamental commutation relations of
angular momentum: [Si, Sj]= iε ijkSk.

For Fig. 2, the surface mode can be described as
(set y = 0 as the interface between air and effective
media):

v1 = p0
ρ1ω

⎛
⎝ k
i τ1
0

⎞
⎠e i (kx−ωt)−τ1 y

v2 = p0
ρ2ω

⎛
⎝ k

−i τ2
0

⎞
⎠e i (kx−ωt)+τ2 y , (22)

where v1 and v2 are the velocity field for air andme-
dia, respectively, c1 and c2 are the acoustic speeds,
ρ1 and ρ2 are the mass densities, specially ρ2 < 0,
k2 − τ 2

1 = ω2

c 21
and k2 − τ 2

2 = ω2

c 22
, k is wave vector.

The acoustic wave satisfies the dispersion relation-
ship : k2 = c 22ρ

2
2−c 21ρ

2
1

c 21c 22(ρ2
2−ρ2

1 )
ω2, which could be obtained

by considering boundary conditions on the inter-
face. According to the acoustic spin, the spin density
of the corresponding acoustic surface mode can be



RESEARCH ARTICLE Long et al. 1033

Simulation Experiment

Collection point

Computer

Mini-speaker

Signal Signal

Figure 6. Feasible experimental scheme to realize the general near-field acoustic
source. The designed speaker array can be regarded as an acoustic meta-source be-
cause of its subwavelength scale.

represented as:

s 1 = 〈v1|Ŝ |v1〉 = c 21 p
2
0

2ρ1ω3 2τ1ke
−2τ1 y e z

s 2 = 〈v2|Ŝ |v2〉 = − c 22 p
2
0

2ρ2ω3 2τ2ke
2τ2 y e z. (23)

FromEq. (23),we find that s ∝ kτ e z , which reflects
spin-momentum locking of surface wave. From the
calculated s , the sign of total spin density S = ∫

sdy
will become opposite for different wave vector k:
Sz > 0 for k > 0, Sz < 0 for k < 0, as shown in
Fig.S5 of the Supplementary data, which has sim-
ilar properties to that in quantum spin Hall effect
(QSHE) [46] and3D topological insulators for elec-
trons [47]. Thus this spin momentum locking phe-
nomena can be seen as the QSHE of the acoustic
wave [26,27]. Similar to the QSHE of light [22],
these modes cannot be immune with backscatter-
ing induced by impurity and disorder without time-
reversal broken.

Based on the acoustic SAM, τ
k = τk

k2 ∝ 1
k2 s · e z ,

the near-field excitation of the spin source in Eq.
(15) can be written as:

|C spin|2 ∝
(
1 ± 1

k2
s · e z

)2

. (24)

The near-field coupling strength of the spin source
can be associatedwith the acoustic SAMdensity car-
ried in the evanescentwave.Obviously, this coupling
is strongly locked with the sign of acoustic SAM.

Experimental proposal for arbitrary
acoustic sources
In this section, we will supply one feasible experi-
mental scheme to achieve a general near-field acous-
tic source, and give a practical example to realize
Janus, Huygens and spin sources.

A scheme to achieve a general near-field acous-
tic source is shown in Fig. 6. Firstly, in numerical
simulations, we can set several collection points sur-
rounding the theoretic general acoustic source com-
pactly, in smaller-than-wavelength scale (<17 cm
for 2 kHz), to record the strength and phase of
the acoustic near-field. Secondly, we can place the
acoustic speakers at the corresponding positions of
these collection points.Thirdly, we play these speak-
ers (can be regarded asmonopole) with the strength
and phase recorded by the corresponding collec-
tion points. This scheme is based on Huygens prin-
ciple in optics. The number and spatial distribu-
tion of collection points or speakers depends on
the practical engineering requirements and work-
ing frequency. Because the scale of the designed
speaker array is smaller than the wavelength in air,
this speaker array can be regarded as an acous-
tic meta-source. This meta-source can be functional
to achieve any combination of acoustic monopole,
dipoles and quadrupoles.

To exemplify one experimental scheme, we will
exploit speaker array to realize the Janus, Huygens
and spin sources in the main text. The physical
mechanism of these sources can be understood as a
linear combination of different kinds of basic acous-
tic sources vs = αM + βx Dx + βy Dy and the co-
efficient set α, βx, βy will be responsible for achiev-
ing these sources.Thus, we can design such a source
device shown in Fig. 3, in which the five speakers are
placed in a cross bending shape and excitedwith spe-
cific strength and phase settings. The center speaker
φ0 plays the role of acoustic monopoleM.The other
four speakers φ1, φ2, φ3, φ4 will behave as effective
acoustic dipolesDx,Dy when they are set as:

φ1 = −φ3 → Dx

φ2 = −φ4 → Dy . (25)

Thus, it’s easy to construct Janus, Huygens and spin
sources as:

Janus source:

(φ0, φ1, φ2, φ3, φ4) = (1, 0,±1, 0,∓1)

Huygens source:

(φ0, φ1, φ2, φ3, φ4) = (1,±i, 0,∓i, 0)

Spin source:

(φ0, φ1, φ2, φ3, φ4) = (0, 1,±i,−1,∓i ).

(26)

SUPPLEMENTARY DATA
Supplementary data are available atNSR online.

https://academic.oup.com/nsr/article-lookup/doi/10.1093/nsr/nwaa040#supplementary-data
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